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h Efperaca erat fuperiorts xvi Geome- 
1, tris , quse per coc faecula irrito labo- 
j re quxlita fuerat,Circuli& Hyper- 
! boke Quadratura : ciim candem, fe- 
licibus aufis, recentiores Mathema- 
j tici , novis methodis hujus Sciencix 
I pomxria in immensum ampliart-» 
:s , repagulum hoc progreffibus fuis oppoli- 
tum removcre conaci , ab ipiomer Infinito fuppctiaS' 
implorarunt . Vix adejus erhcacilFimx potentix fami- 
liarem confuetudinem admifli erant, cum fe ad defi- 
deratam votorum metam perduclos randem agnove- 
runc: flatim enim patuit, fruitra inter finitorum ccr- 
rainorumangultiashactenus inveftigatumfuiffe,quod 
2 uni- 
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(iv.) 

unicc in ipfiufmet Infiniti vafto , & prorundo finuk- 
tebar. Scilicet , quemadmodum alia Problemata , fu- 
apte natura.planafunc, alia folida ,qua:dam etiamfu- 
perions , fi d tamen tiniti, gradus , ut propterea , qua; 
primi generis funt.per Iblas limplicesJineas,re£tam, 
& drcularsm , in plano ortum habcntcs , expediri 
cjueant, qua: ad fecundam claflem pertinent per co- 
nicas fecliones, e folidorum ifuperficie progentras , re- 
so!vi dcbeant , quar dcnique in tertia funt dirTerentia, 
lineas magis compofiras, five alnoris gradus , ad fui 
enodationem requirant ; ita ea eft Circuli , & Hyper- 
bolx indoles, ut diraenfio utriufque nonnill per infi- 
nitam fenem quadrabiiium tcrminorum traclari pof- 
fir , nullaque geometrica linea, quantumvis elevati 
ordinis , & per sequarionem quodib-t dimenlionumj 
exprimenda , fe dcfiniri patiatur . Hoc admirabilo 
Qijadraturae genus, ciim psr fefe elegantilTimum fit, 
& ad praxim eriam.aprorimationequamlibueritexa- 
cta, fatis accomodatum, per arobagestamen, cV my- 
fteria dumtaxat anaiy ticarum exprefTionutn, a fummis 
Viris propofirum fuerat, unde pleniorem , clariorem- 
que geometricsm demontirarionem adhuc defiderare 
videbatur. Quod citm cgo ante : fcptennium prxftite- 
rim, tuoque Augulto Nomini, SerenilTime Princeps, 
libellum de hoc argumento editum coniccraverim , 
placuit nutic eundero in ampliorem , & commodio- 
rern forniam reda&um, tuis iterum oculis fiftere , ac 
potentilTirno Fatrodnio tuo fecundam hanc editio- 
uem paritej communire. Hanc tum figura? fuis locis 



(„. ) 

Yeftituta: , tum plurima de novo addita , vel uberius 
illuilraca commendant: inter qax , tum a CL V.Kc- 
nato des Cartes propolita Circuli quadratura , per 
jnfinitamrefhngulorumferiem procedens,in pofthu- 
mis ejus operibus , polt pnmatn mei Hbelli edicionem, 
publicata , u me demonflratur, aliarque tum Circuli , 
tum Hyperboia: quadraturae noflra:, per infinira? ra- 
tiones componentes determinata: , aditfta: iunt, ac 
denique Appendix altera acceffit de Transformatione 
curvatum lmearum, & fuperficierum in alias a:qua- 
les infinitis modis petficienda , quam XX Theorema- 
tibus maximc generalibus comprehendi . Prxcipuum 
tamen torius operis decus , & ornamentum ex am- 
pliflima; Proteclionis tu; honore, Pnnceps Scremlii- 
me, dimanat , qui pro tua benignitatc, & fapientia, 
meos. ad promovendam Geometriam conatus exci- 
pere , fovere , probare non dedignaris , ut, dum hujus 
iublimilnma: Scientiae Uudia dbi ln pretio , fk dcliciis 
effe demonilras , eadem a calumniis , & detraftionibus 
male fenatomm hominum tua vindices auflontate , 
corumque cultum , univerfoe Reipublica: adeo profu- 
turum, tuoet cxemplo commendes, & pra.fidiocon- 
firmes. Vale. , . ' '. 




AD 
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AD EUNDEM 

SERENISSIMUM 

PRINCIPEM 

PRIORrS EDITIONIS NONCUPATIO. 

*2* * * * 

Libtt , Etrufci qtio te Spes Alttra , 
Et MEDICUM StirpisGloria GASTO rvoatt. 
Scvt Hlum imeniat, Natura arcaita moycntcm, 

Compltffi tieterts mentc , na-vofque Sophos , 
Sive Syratufii , Tergaiue arte Mttgijiri 

Cosica regali dueert figna maiiu , 
Seu DfTiwia Sacra •verfantcm Hogmata Lcgi: , 

Et Fidei fasto<. , ac momimenta Tatrum , 
Magni Ammi Gemum pro me 'vene rare , meique 

Obfequii per te Tignus habert y.ibe . 
Hinc memora , ut difcant quadrato limite datidt 
Cychs , & excejfus Setlio mmen bahens , " 
Implictt nmumeias quamnis menfura Jiguras , 

Non dtjimtii jignificanda notis . 
Idem Mfius judtx , Mtecenas Optimus idem 

Le&o operi iaudem , Trttfidiumque dabit 
Ejus Ey Aufpkiis tibi mox fpevare licebit , 

Et Fairntm , $5" quidquid non ttais Autfor hahet . 

Ibis 
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Hbisab itwidt* fallem difcrimine pvrtts, 

Nec,Tanto illuslris Nomine , nilis eris, 
Nam lieit hnc traSici , qud nulgo incognita rijum , 

Contcmptumue rudi ct piebe referre folent , 
Attftc aliqtiis te i\betoricai auadrare Figurai , 

In primo frontii limine , crediderh , 
Tanta fctcndartm tenet ignorantta rerum 

ggw apin£ , C? 1 trice pafcert ftpe filent ! 
Cum tamen a Magno te quii GASTONE probari 

Audiet , aut tanturtt promervijfc lcj-i, 
Humtbtl abicBo fub earitce inefe putabit, 

Et Tretium Tantt ?mcipii addet Amor . 




. . .... 



AD LECTOREM 

r r je f a t i o. 

lX omnibus Conicis SeSiombii» cutu» aU* 
I qiia circumreptis folam Pirabolen j MaEflJ 
ArchimcdiS inriuitria, ad, quadi»ro9, fiu- 
ictflilmeos iines redaftam accepunus , td- 
que duplici via, quaruoi poltremai» j«r« 
l ... . criberca QtMdnDmri V ^rtki^i 

l /« ftrlnfimia HrmnguU, et> fiquirteie rca 
I dcducic Divinus il!« Georaetra, BE Para* 

| bolicumfp.niiim iniiniti fcriei Triangaio- 

lum in quarirupla rarionc deciefccnt.uBt, 
iqnale demonfrret , adedquc maxlmi infcripti epiiiltum rentir*T 
ciet. Iirdem ego veltigiis infiiten» anitogiam hanc promeverc,ii( 
ad fcflioncs alias eipomgere olitn decrcvelam, HjptrlitU <pa- 
iim per tnfimiai ParaboUt, Circnli otrd per mfimtas HyptrbtlM 
Quadratumm brevi libello compleius , cui jam defervientcs ta» 
bulie prirrue figntas,ad priorem cditionem , *re incifes habebaro, 
omniaque pralo paiaia , ac peni commilfa relitjueram . Cunv. 

d Celeberrimi viri.Nic. Mciealeris 
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Logarithmotechniam orFendo, mcamqnc de Hyperbola a 
tas parabolas traducendaicogirationem , quam mihi prinici illuxif- 
fc crcdideram , jamque apud amicos invulgaveiam , & in quaj 
prarcipuuro libelli illiirs nervnrn conltiiueram , ab ilio jam pnto*. 

bclli tllius edltione feri defpeveTam; Amicis nihilomimw aJiud 
fuadentibus, & methodi, qua tcec dcmoftraveram , abolitionem 
penitusnon feientibus, cedendHBi d,«xi, aflum tamen ageie nt» 
viderer, quod tum raihi palmaiium fueiar , & principtm libelli 
locumobtinebat, velut nious pnreipuum habtrc, & tarr.quant. 




vulga tum, c fua fede ln calceni libri detrudere coaflas fui (ouS rton 
fatva ti in prima cditionc liicifirum jam figurarum ordinis caufam ha- 
bcs ) &pr*rerqulmquod preoccupatn jam Hyperbolicc Quadratu- 
rar per infiiiitas Parabolas loca aljam mmlpnipria , & in Hugenianis 



ip^.mo^ IndicatainvenJ ; novaruifiis acceflione utramq. Circuii, 
6iHyperbolcQuaHraturacumiiIavi,illam etiam ad infinitas Pau- 
boias,hancpariter adinfinitss Hypcrbolas traduccns,ut jam utroq. 
moJo utraque Sectiodimenfiontm quaiemcunque Tubiret, larglori 
eti.im dcinceps manu in digreliioncs profufus, brcvemquedeCur- 
vamm longitudinibus dimenriendis Appendiccm adiicicns ,cui in 
ttac editione aiiam adhuc beni longam De Tiansformatione cur- 
Varum llnearum, &z fuperficierum adjunxi , 20.Theorcmatibus ma- 
xirai generalibus comprehen&m , pneter alia rnulta ad utriufoue 
Spatii Citcularis , & Hyperbolicl mcnfuiam , infinitis quibuf- 
dain progreflionibus concludendam , aitineniia , qui fuo loco paf- 
fim inferoi , ut in tam varia rcnini regete certior elfe poltem , ali- 
quid faltem antea non anlmadvet/um a mepropom. Quamquam 
poil Cot hnius evi acutiflimos Geometras in arsumenro pEtfctEim 
tandid , Sc pcr tot nicihodos eiculto, diiiidtliniiim lit non ilL* 
eafdem penitus cogluriones incidere, prrcccllbribils noiiris cont- 
munes, ncc ullius tiitas velligiis fcmitas rccalcarc. Monuit olhn 
Philofophus i. MeiW. tix, ti. Hwfcmiil , nec bn ,nequt rJri e.i/- 
dtm ofmiimet rtvtrti faft .n ia i mimbai , fid infuiiiet. Deliiium 
hoc ad fuam di mundi icicmitnic fentcntiam facili confequens, 
dcmpta illa infiiiiratis exaggerarione , Oraculum erit, cnjus verita- 
tem,il in dies experimur, 3c fera politrius c.uuubtiiiiiHK evert:- 
plls aptiiis conlirmabit, quandoquidem tnt Veterum l'hilofopho- 
rum fententias hac itate denu6 in lucctn allertas vidcmus, & 
pro novis propolitas, quarum non tudia diimta*at fpcdmina , fed 
expreifa lineamenta.intcr antiqua dogmata i Phirarcho .Sencca, 
ArHiorele, aliifpuc r^lnt.i freqncnrer occurrunr, atque inregra, 
Htrufpicor, fyllcmata fcrcliiiln.'!^-,-.^ , i:i!i ilinrum phirofophl- 
ca coramcntaria nobls Aniiquitas inviriitfer. Licit antem nutlum 
Hptl movcant lapidem Critici, ut Plagiarii notam propterei in_. 
ejufmodi Neophilolrjphos transferant, quafi inventionis gloriam_. 
affccW-tint ■ non' vidco tamen quid obflt, qudminus cV abfquc 
pr.evji VctcVam idem fcntientium notitii . vcl animadverlionej 




upeiiinpiicl' Ti.ifdiriefaciilimecnequenda, 
;r5 manerc tunc arbitrabar fed in Aflis Lypfle 



(£.) 

in eas cogitationes Viri Ciarilhmi per (e venire potuerint , Iicc 
facile adducar, ut credam, r\ax omnium ocalis proftant , nec ulto 
ipforum artificio aboieri poterant, fnanis, & paucorum hominum. 
refpcelu ad non ita rnultos dies vicVurs gloriole fpe , data ope- 
rajPrudentes Viros diiiiinularc IrudnhTe. Utcnnque tamen ea rcs 
fit , qui me nullatenus tangit , certum eft , res philofophicas 
divetlis hominuin fententiis obnoxias efle, atque ut eft hominum 
sarium ingenium, diverfas plcrumquc de iifdem Natura cffecti- 
bus opinlones variorum mentibus jnnafri, corumquc gcniis arri- 
dere , quari & dimciliorero eife in his confenfum , nifi alius afa 
alio acceperit , & formam , quam imitaretut , attenderit , undej 
Hlud vulgatiirimiun : Faeihiu, 9 uA«t laitr Vhd.,f, :! k,<; li'..,-o 
hgia coavcmct . At in Georaetricis non faciie id modo, fcd pror- 
fus necellarium eli, & li inrcgrse Mathematicorum diverDliimis 
terrarum locis agentium myrjadl ( nec enim fimul id hominuirL. 
genus habitare folet , fed hac illac fpargi ) idem Problema fo!- 
venduro^rropofuens, eadem crlt, qudad rcm ipfam, omnium fo- 
lutio, nec fieri poterit , quin multi in mechodo, & via folutio- 
nis ultrd convenianr; neque alia fortafTc caula eii, cur plurima 
in hoc generc a m.ilt^ ['rachriiTimis Viris, velut nova cjuandc- 
que cdita fint , qux dudum ab aliis pneoccupata ;am fueranti 
Nam,ul pncrercamlir.es innumeras , quce de Cycloidis invenlic- 
ne & menfura, Italos inter & Gailos, cxorte funt, iilis Calileo, 
& Torricellio, his autein Merfcnno, & Robcrv.iiiio hanc gkiriam 
tribuentibus : ut omittam cclebrem quoque controverliam, deAl- 
gcbrce perfeclione,quam Galli Cartelio , Angli Hariorto,& Oug- 
tliredo vindicare conantur; annon intcr Gallos Ci. Mathemati- 
cus Petrusde Fermat Curva Gcoincrricam a fc uno anrc allos reflifi- 
catam, DiHertationc peculiari anno 1660. cdita,& inter cjus Opera 
pofihuma anno i67o.iteruni impreffa profcilus tli , ciim tamen jain 
anno rtSjl.GugllelmusNeillius In Anglia, atqueanno 1659. HeU- 
ratius luter Batavos,cditade hocargumento Epillola Cartefiani 
Geometra:fubncxa,idem piarflitifTcnt, & quidem in catlein fpe- 
cie Curva: , hoc ell in Parabola cubie» fecundi ordinis ? 

Obftupuit lnfignrs Geometra Vinccntius Vivlani , Cum llli 
apud Pappum Alexandrinum Maihem. Colletl, Iib.e^ frof. 30. 
otlendi, pottionem fphericse fupcrficiei , quadam fpirall inter- 
ceptam , mfti quadraturs capacem , quippe dati trianguli 
octuplam demondratam extaie : nam In libello Dt Ftruicuat-. 

** . *- 



(i) 

A'mr<t/W VtttL b fcpitmcan jnrtjancs niw* fnprrfirici fpbrri- 
C5E veri qtndwibiiles aS^jmas ftiflctcedidciat. In fluporcm pa- 
riter adduritns eflet GukiinLis celebiis Mathcjnaticus Soc. jcfn, 
fiquls iuii 'Regulam fnanv, de via cenrri gravitatis , qua duSa in- 
magnkwJinem genitritcm , piodit qrrantitas figura gcnicr, apud. 
cundem Pappum in fint Prgf.lib. 7-non obfcnre indicHtaro often- 
diltet . Par adrauatio Gregorum a S- Vinceniio ejnfdera ittihmi 
Socmm, atque egieginm Geoinetram fubiie poterat , ll pmrjpuas 
doflTinaf fuas dc irmhitii gEomeiTicat.pioEiciiioQis ttrmiriii , ■& 
de dudru plani in plaaum, armo 1647. editas, jam a Torricelia 
anuo 1544. 8c a Cavalletio anno Ittjfi pccnflenfas nDtaiTef 

Nonnulli vis adducunrur,ut credant, pneclaru illum Poetam,nO- 
flriqucTifani Lycei Mailieinaticutn , in Thcorematc dc niomcnto- 
tum rationc ex pondcrum,iGfe diftanriaium rationihns Doropolita , 
cnjui invenlionit^[oiianinMBdfcrq^EiBt,Omi GaJifceo, Cavalle- 
rO, Antonio.1t.occa, Tbnkellio [ a quibns.id antc traditum ,'8c 
ufuipatum oikndir Viviaaus £n Scif «. Vnvaerf^ iPnjwM. j Ttltrii 
CDnienfiiFe } cum tamen id, citra_iiltam piagii ftj^icionem, ckti- 
fj facillimum fuadcit obwa icuilibet , CK priinri, vuigarjfque JHe- 
ciianic* principiis, difli propoiitionis deduiftiD. QuSfi intellige- 
unt, totum ciufdcm Au&orls. arguuientum De Rcfiftentia SpdWt» 
rum, quod auno i66.y. publici juris fecit,. iam ante ctfto annosa 
D. Blondello praoccupatum. fuiHi , qui idcm Cnlilai Jpiuthna de 
Solido parabolico iquoiis. ubiquc icliihantiT , Etaai oo.ro ntrinquc 
fulcitur, priot iictcitit,i& fiftcogato.Solido cnTptiuo emendavit/ 
Editui is IHiri cit in quarto aprrd Francilcura Ckjrnier in Aula pa- 
iatii iu«aa?des Senatus Principis MDGLXI. fab Jnc tirulo.F.B. 
EfifloTt ad F. VV. Tn qaafamaf* GaU*i froft/khjtifiBtitio- ydt*, 
ca naiyram Imcx, qua trabet fetart dcbcm, ta fita jujuithi .nbiqnc 
rcfiflintts : 6- tn cfuz hncaat ilLtm, «00 qtwisn .puiiaiicam , ut tffe 
GafiUut arbitratur tfi , fed d&pttcjmtfli itmnafirjtxr -.Ticqac. di- 
verfo medlo [ quod magisunbrri5]iBxadiDodtnn uaiik diagrjm- 
matum formis utriufquedeiuDDrticatro pioocdit .Sctl 6t in rrbto, 
Regii; Typis anno 1676. PaiiijH cdrto, cui trtulus Recucil dtj 
fhTftcuri Trjifttz dc Marbmatvpic , idem Blondelli Tratratus 
fag. 60. tacudltui, & fciiptos farnt ytnmam&nrupi fri&te tdui 
ftxtllet anxi 1651. indicitirr; tum pirjf. 69. a!da ejufdem Epiicola 
'in idem arfoipnoitum dara PariJiis iK. Juiii 1661. atfcrtur, ubifc 
/atetur ante duodccun annos [ adeoque anao 1649. idcit 10. an- 
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nit anwMwheiimicinoftrilibiuniJ-eliijaiajG: «olumcndelteGJien- 
tia folidomm, ciquc tinduin adaiflilfe GabUui Pnmttii ( quod 
uuriiis cotncidit rjm titnla , qucui nolter MathematjGiB iiLm luo 
olkn jiBengendum ftilTe in monet, GahUn iwpiiatai ) «u_. 
iiifiinu-t cjm verb.i , qiix reltiibcre non piget,nb inlignc, auodic- 
fcrunt, GaiTendi de Gahlec Elogium: Ay#n four at fuftt aw~ 
fofe U lr»f, ?«e woh< iira «fii i rjfet rfoioK aii fubhc i/jji 
douze oni , que j'appe!le GalileuEJftonotui de Rdiftcntia-- 
Solidorum, 6- qm fouoiant quelqae jar efire mis at lumore^ jfera 
afies, conuoijlrr «J rtamuoi^ajict rtfpeS, qat jt prrtttt /a- 
maoireiece gnodhsomt, ipie atfinban Airj H. Gajjettdi *f~ 
pelloit trJtnairtmiB lf PlaamJi xofire Eietle » >' :< 

An referara^IcletoninumTfctymhao&imijj jat&r Ijij/i ifiSfi. 

pro iioi» Ctuvtt a rce quui rabiik i pi * ■ : '' - 

eft, ^uimUi^ulj cjiiBiitjca cipai 
& btcphuno de Angriil canSAetmt. 

partos Lunufe Hynocraticie ejuadiabHe» , velut ccm Cce 
nonduin «Tiimad.vcrfatu., lifignaife , & quidcm eadem mxihodot 
& coniTrru&ionc, qiu D. Artulros De Lioniie jam inde at> anao 
1654. in faa amamiCurvilineornni . contempluione idem cxpcdie- 
mf An obferven) , i* 11/iei» jfffw ojum 1700. Uerum ut no- 
vamadttuci candcm parLium Lumike Hypocratics -quadraturara 
a-D. Ferts propofrtam in EpiftoU D. VVaililii ad D. Sioin, cum 
notis David Gtegoril , & Caliielll: eundemqne.Vailifiuni i«u uju- 
no 1670. inMtchamca part, l.frop. ji. fibi' triburffecoDftiuello- 
neroCwlindroidiiiiyperholica; pct Tornuai faci(:ndam,-qu»qipra- 
cedentianno \66g. tu •TraWiihoutbuc PbiioHpbiiir mim. 48. edi. 
derat Cbiiuopliotus VVren Kegue Socieiatis Coitei-.a > 

A» eommeinorein Mattiematicomm nolhi ijcciili Princtpemj, 
Letbninium 1u Aflis LijyS* 1085. Uenii Htvtmbrn vclut novum, 
Lemma vulgaiTe , qvod centrum gravitatis duomm pondcruni, 
latetibus trianpuli, per qua, medio fune ,uttumque trau)tui,.hoJ 
mologi proportionaUum, fempct In eadem hotitontall baGnpe- 
ritur, quod jam De Cfaates, alhque Meckanici notaverant' T in- 
ptimis veto Tortioeiljns M. 1. de Moiu grautnm prof. i.ulquc ab- 
anno 1^44. deinonftratum dedeiatf An notare Sibeat, quod a*- 
BO enruiideai Aliorum menfijuaio propofuit idem Lflibniiins, 

ptincipium natHur per vias brevillimas operantis, ad legem refra- 
flionum appiicatum, jam i D. Fermat animattveifum fuitle, ut 



(«iv.) 

ex ejus Opertbvt Tojhbumis anno 1679. editb jtg. 156. videteli- 
c:t? An addam mirabikm Leibnitzii Aigorithtiium infiniti pat- 
votum , live differentiaiem Calculuni , ab eodcm citca annum 1684. 
tai ACtlt Ljp/i* propoiitum , qui vocabulo, & charaflerc dum- 
WxatdinertaMethodo fluxionum, quam Phenix ingeniorum Ifaac ■ 
Neuuron jam ab anno 1676, in Anglia propofuerar , reipfa vcr6 
penlrus eidem congruir, iifdemquc regulit fubditur, cundemque 
in omnibus prillat effeftum? 

An adiiciam Claiiflimum Geometram Hofpitalium , tum multa 
fuis Opetibus, ex IvJagni Bernoullii , & aliorum penu, inferuiue, 
tum ver6 integrum Inltrumentum ad multifectionem anguli, per 
modum Circini , quibufdam mobilibus a-qualibus regulis infertis,i 
Doftifs. P.Tlioma Ceva Soc.Jefii dudum cxcogitacum, atque ai 



no peculiari iibcllo exjiolirum , & anno 1699. intct ejus 
Opufcula Mathematica tecufum,im6 & AiltsVjffin 169}. Men- 
fe Jultt indilum, cadem forma & conftruftione, aique ufu , nulla 



m T Mc7. AualjltcoStic. Con. ai 
1704. Itb. 10. frobl. 6. propoiirum rcliquiifc, prout anno (707.. 
Pariliis editum vidcre licetjiiij. 452. quo eriam In Operc lib. j. 
frop. IJ. o> 14. idem modus dcmonftrandl generaiim rationenu 
fyatii parabolici,aut iiyperbolicl cujufvis gr.ulus cA clrcumfcrip-. 
lum, vei infcriprum paraliclogrammum, ex harum curvarumfub- 
tangentibus deduftus vilitur, quo ego in Hugenianis anno 1701. 
imprefsis caf. 8. n. \<i.4r\\. ufus eramf 
■ Quidaddam de Cl. Parenrio,qui anno 1705. inDifguif.Pbyf. 
& Muthcm. f. ;. fitg. 479. gcncralcm complanationcm conicx 
fuperSciei teStx, per compararionem ad fuam ichnographiam iiL. 
pioporrione Uceris coni ad radium bafis delignavit: id quod ego 
jamanno itSoS. inveneram,& idpp.inlcr Vivianea noftra m Af- 
fendtcc de Fornicibxi Cmicis ediocram , ac demonllravcranu., 
ncfcuis idem,fub aliis teriuinis, m A(ln Lipfix \6g6. a D. Jojn- 
ne Sernouliio, line demonftraiiune, indicatum fuiife? Quid do 
Cuivis ex fubrangentium ad ordinatas applicatione ortis [ quas 
ego in Hugenianis Correlatas appello ] primO u Jacobo GiLgurio 
tn GemiKirue. Partt uumcrfdi publice piopo/itis, Cum inCer Ro- 
bervallii vetufliora ftripta reperiis, qm de te ingens inrcrDavid 
Gregoriuin , & Abbaccm Callois controverlia de plagii criroine 
cxciiaw eil , m Moitutn. Acatlcmi* Regi* Scienr. Purtf. ttimt 1703. 
enunala, 1 Qjjld de Egregio Geometra Bartholomro Intierl, qui 
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anno 1704. in fuo Afollehm Fminaio, Parabo!as,'Hypertiolas, 6> 
EllipfeS' «ujufvis giadus cx toridem Conls novarum fpedetumfe-. 
earc docet, cum idem Ci. D. De b Hircanno 1685. m Apfendi- 
te fm Ofiru de SeSmnibm Comcn prelririfler, Ut Eruditi Lypfien- 
fes /oc. c«. notarunt f Quid de innumerfs' id genus aUis ixem- 

fiibterlugiunt , vcl confulto diffrmnlariiur ? 

Cumaute,ut VVallifiusEpiy/u/s CjcWe rtrfHs^cii.animadTertiti 
nihllmTentionitgloruEprxjudicet, qubd quisfe ab alhs prjoccupa- 
tum deprehendat, quia femper mtMjte Acuminn ej} , frinum^ 
invcnifie Fortumt , non erit, opinot, qui harca mc fuperius nota- 
ta fuifle fiifpicetur, ut Clariflimorum Viroram inventis quidpiam 
propterei detcaherern, fed unici,ut facUem hunc in tebus geo- 
metricis Confenfum pluribus exemplis confirmarem ; quibus certi 
liquis attenderit, mitari definet,qu6d &ipfc in Hugenianis Lo- 
guucx proprietatibus demorrtlrandis, aut cum D. Carri ( ut Ly- 
piienfes notaiit anno 1706. ) aut cum P. Nicolas[ut indieantPa- 
rifielifes Collectoics anno 1707. ] convenerlm : cui St illud con- 
fequcns efl, ut In eodem argumento tam D. Catrc, quam P. Ni- 
colas coinciderint .■ quamquam in methodo demon(trandi,tom illi 
intcr fe, tum ipfe ab uttoque plutimum diltemus, ut nihil, prx- 
tet argumenti partem, nobis commune videatur. 

Sed quidhis immoror? Inmimcra funt,.qua;, rerum geomctri- 
carum conremplationl incumbens, permeipfum inveneram , atquc 
inrer Adverfaria mea tetuleram, qine poftmodum i Clariflimis 
Mathematicis dudum animadverf» , Bc publico jam confignata fu- 
jflc deprchendi, Jtque hcc,aut prorfurfupprefli, aut fiqua occa- 
Gone-in luccm ailerui, non diflimiilavt primorum Auflorum No- 
mina , iis Inventlonis Gloriam deferens, quos par erat fua foite 
gaudere,'necimpollcrum diflimulabo, fitnlequid ante meaiunt* 
rpeculatlonum cditionem animadTeriere contigerit qui autenv. 
mc, & nica noiunt, non ade6 curtam naihi (uppetcre fciuntn^- 
nim ejufmodi fupelleftilem , ut e* alieno cenfu quidpiam corra- 
dere indijeam ; orium , & facultates defirnr ad propria cdenda r 
tantum abell, utab exteronim laboribus mihi vindicatis gloiiam 
expeilcm . V.-unt alia fortaflc, tum in hoc, tuminediris antchac 
Opufculis noltris ,vel in poitmodum edendis , qua,vclalii Gec— 
metrx prsindicaverint, vel plenius fort> iUuftravcrinr, neque liu 
hls ego patmam ulli aut prairipere, aut contenderc aufim; quid- 



^uld adfepeninere qus puut, ultro refumm , nuni r)uam auis 
voiucm parKin iciinquat , maximo mihi tionori entvel cum Ula- 
li.iimis Virit.confen!ilie, ifc qua* Ipii fpeculatlotiej i feeretionbBS 
Amlyticx tiiefaues eruepnt, e cuiumuniLus jiropcauxi um , atque 
in omnium ufum patcntibuj Gecmeteiic promptuatiis [ ncn taucn 
ci foh Civaileriana lmiiviub;i.um. jnetnc-ilo, m Parificnfes £x. 
cti. pronunciare ami funr, c.v foij quoruwiam.diajrammatuiri(pecic 
idfufpicanres,W ci vu;i 'i..-..Luuis,quse paflninliuctfeinli«gitlis 
propcnoJum capitibus occkiriunt» ad lcgcnlram utilkateBiBiai*- 
mi accranoiiat.s, ut plunuin NUtiieinaticotuin oon&ttfu pte&ace 
pQifcm ] ntiui derivaiie, ieruinqitc a&ibratiflunaruni fncjMiinanie- 
montraiioniS aii omnium captum , (Stguihim accoruodatle, 

Ail oiUDium ca^ttUui, inqiiim, ad umnium guihln ; eccn» rs- 
roen latee, noltia a paucis legi, a plerifquc autem Vel nimsE ©b- 
fcniitatij. imunulari , quod potioti )utc ui hnjui inellt confpejflui 
eidimabom, Ji -lcl anrtlytiti itgnii , vei feiks illrt "mfiiiiti irtocit- 
kii incncrent , quibus liai paginas uon latd impleie coegit AtgU- 
nicirti,quod ii c tiifSamus,njrula . Scd fpcftra funt liactrepidan- 
tiufn.tiinoreiibi nnllus eft timar. Qpid faeiLus ert, quim pet fr- 
gmim f addieonem quantitat.s feqiicniismtedigeie,peifignum — 
(ubtraflionem , pei notani zs xqualitatem,per inteipunftkmeiiL. 
analogifmum, pet conjunflionem littcrariun ipliuum mulriplica- 
tionem, pct fcparationem verb,auc mterpoutlonem lineoli, di- 
vilkmein i H«c rel vulgaribus AlgebiHtis fatis funt familiaria: St 
iiqua:a:ia , pixferrim ad calccm libri, nova iigna ufutpavi,eo- 
■um fignificationeni in Moniro fig. %1. oiiponuni a-perui, &ne- 
tciHtatcm,ac convenientiam mnlandc notationis alugnavi, cujus 
kdimei cnmparatio ema notationibus eorundem. tecminorum iix^ 
praticdltione^adliocfeiiptieinisgenus intelligendQ, piurimum con- 
ieiat. Ae drifcreiitnus. ctiam Calculi charaAeiifticam ix y df , 
ijnfiumNjiic difftrrenliaiuli, Sr fummandi modum quandpquc in- 
fcmi ; ita eft: utinam in pricedentibm etiam opufcuiis meis infe- 
rcre pocoilTem ! at tnut cjus inctuodi arcana milu eiant impeivia, 
>qnc ejus ufu , ftuSuque perfporJo, quidnl inter alias mihi fami- 
tiate* tactuodcn St huic locum faceiem i Deindc apcrtiilima cft 
nntjiumciufmiKti lignuicaiio, ciim nlhii nifi iptius x vcl y diife- 
rentiam infiniti paivam ligniflcent , Calculi autem leges ipfas, 
u attenti introfpjceiii , atquc hunc Traclatum erolveris, d»ta_. 
oiipurtunitate cxpofitas facile inyetiies, niQ a Clarils. Hofpiialit> : 



t«vii. ) 

inTraclatuDt Tnfinitl £jcitj«/ il las plenHis explicante repctere vo- 
hieris, vel cx Libcllo nollro nuper edito De Infimus Ufimtntil'-, t 
hifiniliqur Famvriim griiibus , ubi ejus methodi fundamenla, 
qux ab aliis fun-ponnntur, a nobis dcmonitrata invenics . Getc- 
riini pauca. occurrent, quc alia , quam plana: Geometriae Elc- 
mentorum,& nonnulla Conicorum cognicioue Indigeant ; liqua: 
veri obfcurlora inanfcrint, hsc Ipfa per faltus tranfmiHa sequen- 
tiuin leciionem, & inwlligeniiam non morabunlur. Frequentes, 
quibus indulgeo, digrelfiones prima vlcc omittas omnino licebit, 
ur propolitionom ad Cmadraturas directi pcriinentinm filum ncn 
abrumpas, fecunda aiuem vicc & hifce inrelligcnri:; ■■■.-:v. 
inutilcm coilocabis , cnm rcs fcitu dignilfimas , & Geomctrij- 

tineant, ut aliqUando fonaHe «perdus demonfaabt) f ' > nifT Leflo- 
res mei perfefe merhodum anlmadverrerint . Qncd autcm ubiquc 
palTim preccdentia opufcula mea fuppofuerim , & doftrinarum in 
■ L!;s cxpotitarum vc: (;■;;:« inllircrim , Ui mini iniJn, m arbii-cr 
vitio verti polerit , jure fiquidem Auftori cuilibct permiflo ufus 
fiim, quo &infequentibus opufculis uti pergam, ad . Imnc etiam 
libeilum Leaores mcos deincepf amandaturus. 

Jamminc,anrequ.im manhm i labula rctraham , iltud accurati 
in ipfo opufcull limine animadvcrtendum dli; tlceerno , quas hic 
propofui , & demonltravi , Circuli & Hyperbobc Quaiira turas noti 
' vcluti praicifum illum ,& abfniutum , ilefinitiiuiquc liorum fbatio- 
rum Tetragonifinnm me riivendcre, qtialcm tanto liaclcnus fturi'o 
incaflum Gcometrx quiliverunt, quemvc trrito ,& ridendo coua- 
['.iCiifnn', tiovil i, Oroniii, Scjlip^ri', 1'ort; , Berli, ceterique id ec- 
nus Scriploiesfa Mathemaiici v<„:;i(-iilo Srienti-.e i.-fius lioni-r h\c 
abllincrc nos iubct } in fe fufcepcnint , ncc illo urall-rtnn frcnlo 
Mtpcdtandus facrat, cum Gcometric to; -i;i„ira ,| t jfent , onct 
poltmodumafummis Viris ad hujus Scientkc ampliiicationem cx- 
cog:rata fiint,' quibus adhuc, eifi maxiinj ab.irufc vcriiatcs An-' 
tecdlbribus nollris inacelfc in aperto jam pofitx fiierint complu- 
ra tamenaddenria ruperf unt , ad hocut Quadraturarum negotittm 
numeris cmnibus abfolutum fperarc pofHmoS. id autem difcrinr- 
nk intereft intcr has, & Paiabolat Qiiadraturam ab Archimcilc 
per jnfiruta trtangula , ut fub tmtium mrmci-amus, exh bitam , ouod 
lic;t tum noltre , tum ilb Arcliiuclis , inlinitam fcriem qua- 
drabilium fpanorum procedanr, illa tamcn , quum terminis con- 
4" + 4* tinui - 
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tinn.- iiwiwiiinalibus cOnliaret , in uflam fummam coram»di,& 
ccpcditl- tcdigi poEBir * qnspraciratii l^raboUQuadiatujtamdo- 
finltet , uaitoe vet6 ncm iwm, fed valorcs tantuminodd quantum- 
yis aecutatos, fira in quilitam Hyperbole , & Ofcull Quantita- 
tem ita^pnvctijontcs, ut dilferentia infia cjuamlibet datam con- 
tinnc exwnuerut , picbeie polfunt, fua gujdetn facilitate, St ge- 
ncralitaij commodos, in fua fpecie pe.ricflos , puicheittmamque 
horum fiiuioruni pioprietateni apciientes, atque eo nomine mi- 
nl-.n 1 coiitomiicndos, ultciioti tamen citca cjulitjqdi fpatiommdi- 
monflivicFn ^iiquilklwii aditum non pt-c\Hdertes , cuiut incumbant 
Gcomctr?, novis fcilicet adhuc iiicojape.rt:s methodiE Figuramift 
quadraturas perfictcndo , etiatn atque erjam liortaiHiir, eiim is dc- 
iiium i)r;'cijiii:i5 Cconictiie fcopus, hic roeta fit, 

Intcrea, dum ocm meliot^ fe.tt »tas , hec damus, Cjf tHifi/i 
abejjhi Militai.,f'"l¥<: iffa JewaJ(iiVir««tB( <kg*tt fitH; »t rec- 
pimtar, m/tlti eiwn iii •ii.ui'-'H.iiicis ,li'\ t plimr <jd iet if&mt. 
f> ian nh. diquid uliud tecifcru <.<iitfu»viattiC: % «t inqwt ApoUo- 
nius Pci^tus epiil. aii -Utalmn lib. 4- Oweoruilipieiiisa : ut wi» 
deas a vctenim Sapicntuoi dcctrina quam lonaWw* Ulos CQMr 
dcre, qiii nunc temtioris jieometiicaiiim rpciciiluivniw iuuliiita- 
t.',n d:i.iifi:irifi)ii-.t,at l i.Ln!; ludij "mt :r lirssv.it.flXeiniiljto-jjro- 
cer.-s ^Kirciuscoiiiiuia U:.L.icri;cnnai!t'.i[, co ;iri:rexii| , qHiWin*H!K. : fi 
mo.ncnti , qiiantiini :,i:is vidutur , [ii..l-:::h.ui,-. v non Cjerauct-tis.-uiC 
Analyltte, fcd niL-vk i>rafi:ds, fcu- r.i.-.- :.i::t>,- tkbjnntuc. /•■»«[*» 
grtes, jjjb.it i1!l-,/;\'Vi'< rl? tffis. ■ii'<wwtrt*SfHK! At.pleriqnc- 
(jvc ad has j / iv.fi.:m , .-rv;c,i)iit™);i!!'.iiiin^ obUMw». mgenlum ii.ii*- 
tura fortiti, I<"l Herrerundi, :iJ :pf:ifiii-.: wwtijtioncm , hbc-ris: 
pertcli, ciitn t:!ni..':i (■; aliquos ■;li"c , in iiiii.ni di:ciplin.f rum patte, 
Htdeti veiinr, ne cjnid maorp.nii es litterarin fn pclluiltk; llai de;'- 
fc, ob rtuins fcieirthe dcFceniin , tccognofc.nw , intet-ininus ptori- 
cjus, aut i^roifuB inutiles, imti-( liqua iis lides ) quandoque nox.as 
Cpgnitinntjs , oiiinem punE Geometrie, efc Algehni- Mc-thodum tc-r 
cenfent: faciique li-i:i "d:iiii Ljvi;isii!:tr™ ReLuul-iii:; Dtcbtores, dc 
outimo Scienrianiir, i v !~b 1 1 , ci : , .!.'"ii-i;i;i :ii.v;i :«.!■: .;ii« , fenciendum cf« 
fe decetmitil , at lcgn . in aiidMo^itii? .i '". vlinis , c* ipfotimt. 
pr-fcripto tL-iieti,Ja!.,. aadafter pmnunciant. Hoium eirerem di- 
«am, ag. infaniam, riSesarti pititcr , ac folida. parenhefi.confuta-- 
vit I). T'ofit:iiit-l':; in l'rxi\ hiji. ,'hjil. F.: ;. i cuius votba:huc 
lifeejlMfl t-VW» lifiitorii , nili.iam longiiis. ptoarclliis , Icflorum Bedin 
... I P»r- 
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paiccndnin jjiqu^nlo iudiCKiem.ConipeiuiKi i\e*JD:Hckatiumt 
nQftwrum utiUtai m Difcjplinis Arttbufq,ite pcrScicndis fe prodit , 
uwi fen/ibi^i rnaBniwUiii™ atTeftionis, qu*s *rirb.ylica,vel AHro- 
nomia, vcl Optfca , vel Geograpbia , vd Nautica , vel Architeflo- 
nfca, vet Meehanica refptcit , e6 faciliiis, & wrtius dereguntur, 
qu<i perfcfiiot eft Methodus, quasbbet inabfkaiitoquantjiatuni ia- 
Uanesiflvicwn conferewii, aiRifroodi ell puca. Geometria , vel Aoa- 
lytica,qupgewt»Iis caiMfiiiajninTEraisenti loco Intclkflum promo- 
VCt *d Veritatis inquilirkiiicni : unde Platciiu iVji/jta icriiiime 
*it: Sifuif *i i>w»ii«f Ariiboi ftgngwel numrrandi ', Himnitmdi- 
jna, frpenJmlmlt ffriium, vilsipnddjm tjlet ipad minfhtiafqia 
mfittra. Quodfimanertt intexini inulte Mathematicatum fpecula- 
tionesomnieitcrnofrufluvacuie,ob dcfeitumappIrcationisadaUas 
Scienrot, quibus iufcrvirc potcraiit, nihil propterca ipfarumprc- 
tio decedit , tum quia nudus ipfe , &fimpliis Veriratisfrufhis.rncn- 
tem noftram iinccri fiii obieSi pabulo fatls rccrear, cujus deliciis 
fionis ifueverit , non frullra fe iii iis vciiajidis Iiborafle arbittabi- 
tur: tiuu quia non (ernpci foMalfe irsrtiiis nuinfurj eft qunlibct e* 
his conteoipiationibus , quas oiiotc Ingrniorura cutplitari dum- 
Casal pafcendie Hifervire putamtts. ApoTlanji , & Archimedis tem» 
poreConicarum Sefiionum proprietatcs inmeta Geometrarum fpe- 
colatiorre-re continebant, nec ipfarum tangentes, umbilfci, pro- 
potrtooes , a<k uUtun Aitium profeauro refeiebantur : mox tamen 
Bobulcam , 0;>ricam , Philofcyhiatn , eatnm mtewentu , ad tduri- 
ma vtes civiiiscoiBiTioda preniotas habcmus . Cum prlm6de Cy» 
cloidii rertura , disienliane, Sr refliffcjtionc ciuscutvot , inter Ma- 
thEtAalicof.ducerratiun elt, iUos ad eiercenduin , Scrili quadam.. 
ConternpJ.iit:oiic , iiibjciirjm lalmrarc ilixiffes, &lnutileni opcramtB 
dificillimorini!.l l roh[eriiatuinfouirione»entanda collocatantab iplii 
prontinciiflcv ; hittc tanien ofciUationeshoroIogiorumad perfeiium 
i/oc!iroui!mum redaftas, cnm inijenti Aftronomue,l'hv(iae , Nau- 
ti™, fV Gctir;raplr:it incrsmanto , nbtinaimus ; Cut ergo quasUbet 
Geiirnotricas , aut Analyticai Speeuhtionesfiiirim , velut omnifru- 
fln i-ac-i.n, y>™e;;j':t! imficio daJnnabimus f Cur Mathematkls In- 
vcnt:on> ^lorammvidentes, eam "ui Attificcs.Tignariam, Eabri- 
Lem , Kulomm excrcente; , qui ad praiim, & cxecntioncm fub- 
tilHTima ilMtiim invcnta deriuierunt , transferemw? Uttargiamur, 
non ctfc fii^^cribcridiun laiuiati llaTonis fcntentiz , qui acerbe irr 
EmiDXUEI Cn-dium., Sc A.cciiitam Xajentinuni invehitar, quafi Pbl- 
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>I>ria vetifatj< co 
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Pappi Alciandtml doftiinaro, Cf&prlf. tn l)b. S. Mjtbem.Colleft. 
potqulm d Himttit , ci Hetonis fmtentia, aitcntD Mctlunicz 
pattem tat onaiem, altetam manuum opcta indigeie, Sc ■■■ ".au. 
qwdem c* Ceometca, & Arithniei.ca pcjiilTimCiin conrtaie , con- 
cluiiH Fstm f-praJ'it'1 SueaWt afrima *utc verfjtut fit, 

*■ Anti cjlluertt , gr/.girf atnjtt txgtxte, tptimit* ftrt. 

er Artbttttluw,arhivcntartai mccbamcorum aptrum ; adeimt,qu&d 
imiietfcilas adnuc roOtas Attes confpidarnus, cx neglefto ab At- 
tificibus profundioris Geomettite Itudio potlflimflm pendeat. Sed 
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POft ArchiiriEde» »n poflremi Parabolr quaJratnrn icfc 
fpecialite» de ratione quadruph Qft<md«ttrn , l?n- 
mus, quod kiam , id generaliter notavit , as dnroonftra,, 
vit Torticellius iimnj. Farab. lemm. 17. mox Cavallc- 
lius iajibol. t}ujd. leKfvi. hinc Gregouus i Sanflo Vincen- 
tio, Guaririus, De Chaks , aliiaue variis methodis id 



«Wprobantw, nuod.Si ao3. ahas feciotiis « JUgtmtvit 
t«t, ick. j. u fupetfluasa vitkri po&t. huc qmdtfuamj 






2 Pars Prior 

addere, nili gritam noimtlllis faturiiu fperarcm dcanu 
hanc phyficani rationem,idipiuin coniirmandi, qnam , ob 
tnethodi varietatem adjungere non gravabor . 

Es A , & B eodem temporis moracnto versus I movc- 
antur doa mobilia li, L, illud quidem velockate AB, 
hoc verd velocitate BCi itaque, ob fpatia vclocitatibus 
□ronottionalia , ubi K pervencrit ad li , utiquc L. rcperie» 




6 i fi^tfet 



tur in C , erirque nrobilium diftahtia, noir jam AR, fed 
BZ feciindus terminus pcogreffionis; fimilirer ubi K pro^ 
fcrelTum fuerit fd C , L pcrvenerit ad-D,'abi illbd ad D, 
boc ad E^atque iw deinceBS^ ka- uc femper aliquis-« 
terminis propofita: progreflionis intetcipiatur interutrum- 
que mobtle,quoufque, dccrcfcente infra quamlibct magni- 
Midinem , fimul cum ipiis termtnis, mobilium diilantia, 
in fine tandem prtjgreffioniSjUtpiiifciuc mobilis centrurru 
concurrat. Sit punttum talis concutfus I; ergo magnitu- 
tfo A*l erit aggpeganim Omnmm mignitudimim A'W, B'CJ 
CD&c. S; quta eodcm tenipore mobtlo K relocitate AB 
pcrcumt AI-, & mobile L vclocitate BC percutrit Bl , 
erit A I ad I B, ut A B.ati BC, 8t per convetfionem rw 
tionis, ut kl fumma omnium tcrminorum ad primunu 
tcrmictutn AiB, ira ipfe primus terminus A B ad fui excef- 
fum fupra fccundum B C;Quarc fi ratio magnitudirmm &c 
Q,4iod«at&c 

3 C H 0'£ / O N. 

EX qub inttr tttnmqne Mobilc t tmte conctirftim ^istmifiatHT 
fcmftr tliqmt ex-tirmutit di&* ^ngreffiiait , qat- mvUit». 

• dins 
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DeCircuIo. 3 

3htc hfinitifanl ,Jciacebat otim Zino contra ArlJIotelem , aull 
fi qnsltbct COntrmta quantitat in fartei minorel^ac niinorti^ it.r ■ 
fa qnamlibct froporttenim, ia ictfinitam fe&ilit efiit ,Kamquom 
Aqnila Tcfiudintm, unite tictt pMme-fratnnttm ^afiequi fejftr; 
bas pbihfapbicas tritas ftlici fulttr frxtergrtditxr Ceometrh J 
imb ex boc Zenoxis pMraitgsfmv Tbtoremarit bajnt ionge jxcsts.'. 
dsjjimi demenftratiettim iirinaisit , qxa & Pbilofofboi docerz_, 
queat iffammit Scmperis , & loci /mnilamj in- quo Aqxita ai 
Tefludinem ftrutniet ,fi nempe fiat , at difftrcittta uehcitatum 
Aqxila ,& Tefiudiuir ^i majnrim Aqtttt* Vthettartm, 'itafrL 
mam utriufqne interoaUam AB ai fpatium Al,& ita ttmpts 
quo Aqaila conficiet frimnm ikteiflialUlm A B,ai atcui ttmpus ,- 
qtro Aqxila ftrcurrtt totam Al,&fic TeSxJintm ajftqttttnr ; 
Zenonii tnim rathcsnto nvn teuficitar, qxbi alifetxtt iiumqattm 
Aqxila ai TeftaJincm fit fermtntara; ftJ qeii ii '-canttxgtreL. 
tttqnear infra temforit , at toci ffaltifm nxptr dtttrminatxm ; 



Quodcnim infiniti fint ttrmint ,qtiirefert? infinits ttiam tem- 
Hatticxia , nen qnidem aqaaiet , fei pennic minores ,ae 
:l in snfiuitnm tis percurrendst nsfnmentxr , cx qutlixt tam 



tion efi timenda iufititi temparrs nggregalio, qastm ab- i rj 

infinilii tcrminis fercxrrttsitt non cft ixfimta ffatit httgitxie 
ffcrania. Viie diBa a nobti ia Hogenianis e«p. 4. & n. 7; 

Obfervo nibthmtnuc ,c*neipi ftffc altum tafum,iu qao Aqxi. 
la, quautunmtii •velecter Tefladinc , bane revcra namqxam nfiei 
qteremr: fi ntmfe fxffonatxr , ant mtdtxm in qxo fit tnotxs ■ 
axl flannm , fxptr qao mobite atrumqxt reptat , rtfiflere motnt 
in ratione itlocitalii ; tta fcilicct , nt momeitanea iecremehia- 
ccleriiatxm fint frofortionatia ■vclocitatibm ± quiiui aBn meiie.' . 
tar xtramqnc , axt ( qnei in ijtm reJit jfrnporttonalia memtn^ 
r<j fpatii Jeearfi , at ofl endnal Ncwton , Ltihnil 



ttristi, & Vartgnoniai.Vil ttixm,fi mtbttis atrixfqnt Vclocitai 
infittt cnjatlihel ttrmini frtgrcffienii A B,BC ,C D,DE&e. 
mntarttar ia aliam , eaJtm frefertiene cam iittii fpatiii itcrt. 
Jctntcm j ffatia qnifft mehcitatibut freftrlhnatia tqnxti tem- 
A 1 fore 



4 ,5tei©iofi 

fore traafyp dilcrcal r mimc .iafimitf fmrttt xqitalti ttmftrir rt- 
qnirtrtatar ad infinitos illoi termtxar dccurrendoi , & fic nec 
Aqaila, titt Te/ludo,a£ ttrm r mt m l ptnmire raamam poffint , 
& bae. UUm-. [emftr frtttJertt ,. ttrr atiquando fraivifiet , tlU* 
baac twmqaam. taegere , ntdum frtmtrt: fojfet , ah aliqncm diHe 
frogrtjfiorus. termimam famftr. utriqaf imaraftam . 

?RQf6&ITI& II. 

& taitm primm magnilndinc A A*s infinits frtgreffiosei 

ttraiturum tontinni. fivfortiomalitrm imcifiant , frinr A , £,C, 
t>, B &t. pofitrtor A, M y H, f &*.-.. - . 

Dw.igg^*t*mtx.-i*?^*i{\ommimu fmmmmmta ^^m m» 

cronmiius. termims pofier/oris prtftejfionis cffc , mtrettfraci fri. 
*>* d.fftrcntia f&rivit.^fttmmmjig^an, frioru fttm i 

jtt . B - ,C~ -£$: : F-r.^:- , 

Jtf- N- J-~, fi£u. Jli-Afi 

■■•■„.'. ' ' . . *? , ' ..v,'-'»- -..>•/. 

ESt enim ,*x frtf. u&njeSiA r B.,.C, D.&e. atl .primsai 
mjguitudiuem. A,.ut ipifi- tsogflitutlo A ad dtifeien- 
tjam duitrum A,.B;.ipia quoque roagniiudo A cft ad fe- 
riera omnium A , M ,. N, P &C fw -sWew- frcftfitimtm , & 
toaruertcudo , ut diffcrcntia duarum A , M , ad magmtudi. 
nem A; igitut eit. atquospsnaibate, tota feries. magnitu- 
dinura A > &, C,Dfe v «lfeieofc A^Al, N ,.,Etc.#ft., ut 
differemia duazum A , M, ad u>JiWi©ti.iEn duitum A , B . 
Qyod erat&c. .- ; >.vVt. ■ ; ;i-i > 

COROLL. Oranes itaque lcrics fiaAionum atr unitate^. 
donceps pfoportipr»ri«rn iint.«cjtttoi:e, ut earuudenu 
pninc difVircntic , ocropc fenes (iiprjilcripta A , B &C. ftd 
ieiwwi A , -M.ftft «ft, w Am-.awntes id feraifcrn Jws*' 
: A ad 
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De Circulo. 5 

ad duos quadrantes, nempe ut 4 ad i; & reipfa prima^ 
Kquatur i, fccunda zquatur 1 cucn ferailTe , pcr trai.t*. 
csp. 4, H»gcnia«ornm num. 8. & fic Hl reliquis . 

Es« femitircuiut IFK cirea iiamttrum t K ,tnjtti tth sltc. 
ry txtrcmo in mlttrtHt extremi tangenlem KG [ fro rmtte di*. 
tnctro maprcm \inciinata IG ftctt ftripberiam ia H, unit_. 




wilaHarpmi H£,fiatqtte t iit^eai,ttiititGK <*t qnaSrtUnm 



GKaiqtiair. 

K iu iffa- iiamttcr ai TN, & bae ai t H ,eaiemra. 
tri iauntoi Jcrmatt: i H , t tC, 4 N &r. Wtfagata. 

Bito, f****me* om ,b, J,«-*m t,rmimr»«, i,ffcremiit «L 
tcrnlfumftir? 1 , 15, e, T .&e. *qu«U»i ,f, fiwi wtrfo l£- 

intrrrmrt nriitf t f-{ _ . 1 :... L " 



OUoniam proporlionalium drfTcrentiK omnes contl- 
nue fuMptse Y r,. 1 1 , a 3 , j4&c. funcin eadem,ra~ 
tiutie proportibnales r exdfemque interpolatim acceptv 
Y i , i j, 4f &c. iterum continufe ptopotribmles in dupli- 
cara priorum rationc ,. habebimus duplicetn fcriem pro- 
ponionalium ab eodenr prirtio tcrmino Y t inctpientiura , 
quare, fcr pref r frtced. aggregatun» CS omnibus- terraiuis. 

prio- 



6 Pars Prior 

prioris feriei Y i , 1 1 , i 3 , 34 &c ( nempe- ipfa Y N his 
omnibus xqualis J ad aggtegatum es terminis omnibus 
poilerioris fcriei Y r , 2^,45 erir,ut duTerentia dua. 
ium Y i, 2; ad diffvrentiam duarum Y 1 , il{ cft autem 
differentia duatum Yi , 23 a-quahs duabus limul ditfticn- 
tiis Y 1 ab 11 , & 11313, igitui ut aggregatum ex dua- 
bus diffeicntiis trium continue prosiniorum tertninoium 
ad majotcm ejufmodi diflerentiarum , Cve, ob analogiam. 




terrninorum proportionalium cum fuis differentiis, utag- 
gregatuin ex.duobu* termims continue acceptis ad majo- 
teai ipforutn , ncmpe cx conftiufiione ut duo Cmul qua- 
drata CK, KI, vcl ut unicum quadratum Gl ad qua- 
dratmn G K , , hoc eft utlGad GH, proptec aneulum_> 
IHK in femicirculo reflum , ita Y N ad diitam Teriemj 
cftque diameterlKad eandem YN ex hypothefi ,urqua- 
diatum GK ad KI, ideft ut GH ad HI; igitur cn a-quo 
pcrtuibate etit diameter IK ad pofteriorem feriem dific- 
rentiarum altcrni; fumptarum Y 1 , 13 , 4; &c. ut IG ad 
HI , nempe ut eadetn IK ad ILizqualis eft crgo ejufmo- 
di leriei Cnui vetfo 1L. Quod erat &c. 

COROLL. Quoniam tota GN xquatur toti KI, partes 
auEem Y 1 , 13,4;, alizque deinceps alternatim firmptz, 
zquantur 1L, manifeltumeftreliquas GY , 12 , 34, & his 
fuc- 
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De Circuto . 7 

Ajccedentes in- infinitum eodem ordine acceptas atquari 
refiduat LK; 

PKOPOSITIQ IV. 

I IfJem pofitii , OriinctOT G D diamctro I K farailtla , tequalit 
aatem iffi ' IL,atqae boc ftmfer fiaC , quoufqus ftr paiiia D,<J 
fit iirventn in quairbtt g d orHnata ad tangcnlcm K G , traa. 
feat curva DdSQl; 

Dicv, ffatium B d SQJK G ai parttr G infiaiti txttnfum 
dmf hm effe qaadtaatit IKB,radio IK dcferifti , &fiag*Iat 
portioaet GDdg dmplat fcQoru correfpoadtatii Mlm iifdem. 
fttaatibatji leatro ad fuaHa G-^deduBii^iiiterettiti. 

COncipianturemm duc iecanres iG, Tg fieri infinitt 
proxim* , utl & duxordinatz GD, gd, quomodo 
fpatiolum GDdg(^rdetaoa&rit»iaTra8.ds Infia. lafinir.. 
fref. %.torolI. j.&a.Jpro reftangulo ex G D ingG haberi 
poterit, nec arculus per has fecantes i femirirculo intet- 
ceptus H'/i i reeta ejus tangente , vel fiibtcnfa fcnGbihter 
differeti clW vero rcftangula G I H , g I i-eidem quadraw 
diametri IK, ade&que & iater fe fint zqualia, erit Glad 
lg > "t I#ad IH, & triangula Glg,blH , communenL» 
angutum I habentia , ilmilia erunt , undc Gg ad' H b eiit , 
ut GI ad"IA ,vel ad'(minimc- comparabiliter difFetentem J 
FH, ideft ut-KTad^IL, vet fvfrad GD"per confhuaio- 
nem -, effi autent H b zqualis arcui Mm . citm fint differen- 
cii arcuum zqualium M K, H K ,& mK,6K-j igitureft Gg 
ad'M », orMI id GD 1 , & reftangulum DG?, ideft 
fpatiotum DdgG, zquabitur re&angulo IMm, lea du- 
plo fcftoris-IMm; quod ctim nbique, & fcnipercveniat„ 
manifeftum eft, quodvis fpatium,per diias ad tangentenu 
fCG ordinatas ab hac curva refcitum, efTeduplumfectoris 
circuli. correfpondeniis, necnon cotum fpatiumDiSQITO,, 
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8 Pars Prior 

ad partes G infinitt protcnfum , duplum quadrantis i BK,_ 
feu quadruplum fcmicirculi IHK.Quod erat in hac pio- 
pofirione demonftrandum . 

COROLL.I. Bifaiiamfeao angulo B I R per lineamlV 
pariter bifccantem arcum , & feftorem in T , ordmcruf 
V S : raani/dtumeft , totum fpatium iruinitelonguiti DJSVO 
arqualc fore quadranti Bl R, utpote duplum leitons BIT, 
quemadmodurn & poriio V SQj K eidem quadranri xqua- 
Iis eiir , ur pote dupla ipGus T I Jf . 

COR.0LL. II. Ordinata ad asero I K refta D P , erit 
fegmentum DSQJP quadiuplum fcgmewi KiH, quia^ 
CumfitGKad SI,Ut HL ad 1L, feu G D .rtclangulura. 
JTGDP ajquafe crit rcaangulo ci IK in H L , fiycduplum 
erit tiianguli KHI , fpatiurri aurem G DSQI K duplum 
t Q fiQofis M 1 K , ftr haac frop. tefiduum ergo fpatiunu 
PSQIf duplum srit refidui femiftgmenti MH K , Gvt/ 
qttadruplum fcgmenii K£H , vcl ( u junfiam fingas IOJ 
ouadruplum teauajis fegmeuri iHO,nam PK auuialisDG 
aquatur ipfi IL,& HL iqustur OP, & arcus IH lpfiKO. 

COKOLL- III. Unde coaftat , quod folidum cs fpatio 
DSQIKG, idpartesG infiniti longo.circa afymptotoa 
RG^reveJuto, aquak ett duohus anuulis a femicirculo. 
K^l.cucaeandem KGrfvohito, progenitis, nam icilao- 
gulum G D P K oftcnfum efl aquale I K in H L , vel O P, 
idcfi aquale duobus OPK , O PI rectangulis, quate cy- 
lindrica fupcrfkiei , i refia D P gcnira in primo folido , 
«quabitur duabus cylindncis fupcrficitbus ab OP circa.. 
Q K icvflluta, &ebeadem QP cirea BI rotatadefciiptis, 
fu?e fotidym iUud infiaiitc lorigum,eit DSQIKG circfc. 
Kfi ( stquabij.ut annujo ex femicirculo IFK circa GK,& 
anunio. es eodem (irca BI, five duobus annulis,ab ipfo 
circa. ctndem OK rotaio orogenitis , vel ei,quod,integro 
cjfcWo tadii C. j cir.ca Mngentem KG revoluto, defcri- 
b««ur , fclido aonulari. 

CO- 
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COSOLL. IV.Hinc fioirdjuau DPbifecrtradiiim mP, 
erit in ipfa DP centrum gravitatis fpatii totius mfioui: 
longi.diamtuo, aCymtxoto, & curva ISD comprehend . 
um ejns cemri gravitattj diflaatia ab afymptoto debet 



dranti radio B 1 defcripto , «dt&que fubduplus fparii 
DSIKC ad paites G infinite protcnfi, cilm debeant, fer 
Cerall. frttti. fua rotatione circa afymptotOn fclida squalw 
producere , in folidis autem aequalibusoportear,genjt(i- 
ces figuras «entrorum gravitatis ab axe tnetus diltamiis 
reciproce proportionaUs efle, ciim foJidorunj ratio compo. 
natur larionibus figurarum genitricum , & diitantiarwrv. 
cemti gravitatis carumdem , ei regula P. CuJdini , quaai 
Hugtttiwumn taf. XI. w. i. citavimus. 

COROLL. V. Si aliquam ex Curvis per V tran&umi- 
bus, velut V 44. concipias efTe Hypeibolum Apolionia- 
nam ,.ifymptans BI, IC defcriptam, crit, ut fpatiura., 
recla VB, afymptoto BN, & curva hyperbolica V44 
infiniti* protenfa inttrjeftum , ad quadratum V B I K , ita 
folidum, ex fpatio DSQJKG ad partcsG infinite longe, 
circa ipfarn IPK rotato,ad cylindrum ex qtiadtat» VBI, 
& poitio cz diclo fpatio hy peibolico versus paiKS V re- 
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io Pars Prior 

fe£taperordinat.aminpuncto Lafymptoto I N parallelarrt, 
erit ad xquc altum rectangulum VKL , ut iolidum ex 
DSQJP circa IP,ad cyhndrum a rcSangulo BlPcirca- 
eandem I P revoluto piogenuum j cum fil enim quadra- 
tum G I ad quadiatum I K, ut G I ad I H, velJf I ad IL, 




five ut ordinaia per L ad Hypeibolam, ipfi VJT paraHtt- 
la, ad VJf, erit dividendo, ut cxcelTus dicts ordinatc 
fupra V K ad ipfam VK, ica quadratum GK ad quadia- 
tum diametri, vel circului D P ad circulum III . unde_. 
methodo indtvifibitiu;n conilat propofirum ; Gmulque pa- 
tet, fpatium integrum DQIKG,ad partcs G iniiniti qi: i - 
dem lorjgum , fed rinite^ tamcn dimenfionis , rotatione fua 
circa IK folidum producere vert infinitum, esiarr.fi pcr 
unicum es minutis decimis domtajtat converti rntelhgt- 
returi quomodo patet vciitas penultimi ex illis parado- 
sis, quie in fTifatkne Vhiansaruta PnUtmgfmi» Jag. 1. du- 
dum propofui , cujufque exemphrm non nemo queftuserat 
apud Geometras defiderari, de fupeificie fcilicet finita^ , 
qua: fi tamillum moveatur foiidum procreet vere infini- 
tum.- quamquam id oftendi facile poieft locum habete &£ 
in hyperboUrum fprciebus infinitis,qua paite detcrmina- 
tz funt quantitatis, fi circa eam, qux applicacis parallcla 
eft.afymptoronconvcrtantur ,itemq. inOIToidc circadta- 
metium citculi genitoris revoluta , 8tc. . CQ- 
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De Circulo 1 n 

COROLL. VI. Quoniara ollenfum eft, Cg differentiam 
tangcntii G K ad H b differenttam arcus I H efle , ut K I 
ad IL, additis utrobique xqualibus rationibui, H£ ad 
L/, & CH ad HL, conficieiur ratio G^ ad L/ [ diffc- 
rentiam ordinatatum DG ] zqualis eompouta: ex K I ad 
IL,& HC ad HL.ideft ut dimidium quadiati iKfquod 
eft redlangulum ts 1K in radium HC ) ad reflangulnm 
HLI, (ive ut quadratum tadii HC ad triangulum HIL, 
ita Gg.feu D«,ad differemiam ordmatarum GD, ntrn- 
pe ad ia, ade&que & fubtangens curve^ Qi, in afympto- 
to accepta, ad ordmatam GD in cadcm latione erir ,jux- 
ta methodum calculi differcnttalis , quam alias demori. 
ftravimus i» TttB. De Infinitii Irtfinitor. &c.frof. j.Cwo//. i. 
nuapropter illa fubrangens erit tertia proporrionalis poft 
duplam HL & diametrum IK , ilvt zquabttur pottioni 
tangentis femicitculum in H , qux interciperetut otraquc 
ad extrema diametri tangente KC, IB: quod aliquando 
adnotaffe profuerit . 

SCHOLION I. 

OUaniani ,tangentii bujnt Curva inciiit mtatio, mn ingrt- 
titnt LeBoribut meis futurum arbitrar J% faulslum ab iit- 
fiituta iigreiient generalem mctboium inferam dctcrminanittan- 
gentis Infinitarum Curnarumfiailem ieftrifttoncm fmfetfientium, 
ut enim iit bac Cttma oriinat* G D t K 1 rcciproce proforttanan- 
tttr qnairatit ramarsm KT, IG ab eoiem fixa punBo I ai ro- 
irnt niit funBu eiuBorum , fic ubi eritnntartttn fote/ltttei qua. 
Ubet ab exfoncnte n iniieats •vil iireBi , vei reciprace frofor* 
tianareutnr ramorum potefiatibut fer exfanentem m denamin*. 
tis , futafi oriinalf G D forent iireBi ,aut reciprocc , ut ra- 
merum cubi , aut biqntirata &c. fiot in rattone quantumvii 
multifiicata , aut fubmultiflieata rationit ifforum, iitfinita Cur- 
•v* DSl «rirentur, in qnarum ceufum etiam SeBiones Conica 
B i Hy 
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i2 Pars Prior 

HyfirtoU , & Parabota WMtf , gratrali dqaatimu, qm tm. 
C A ) txprimitar, compreicm'* [ pafita mtmp* tewfiaati l K a a , 



G if = y, GD=j, etm&ga+figm ¥ 
nalorem i* JimS» , inftriorem in rtcipre, , 
time\fabtangem ■Mth m afymptoto acctpta (fi hsc ponarnr = S ) 

( A ) aTT^y * * 



(D) . 



m y x dr 



[ E ] . . . . n — a a -+ y y 1 
txfrimerrtur generotim aqnatitxt ( B ), boc tfi fimper ftret 
— proportionatii fojt GK,&Gl, atcipicnia quidcmfn- 

fra ordiaatam G D «'* ea&nr afymftetf G K , mhifntrit taMO»- 
tario dircUa , imfrit mero tttltm tnttMHm , nii rettprocm 1 ftm- 

ftr tmm , eian rtfotia Cnmo. lUtturaa txprimtat iamtrtitw , 
raiem fahtMBgent tranfit ml partn ctmtrarinr, ul infimtarmau 
farabolaram , & hyftrlalarnm txempio , atiisqvt fimililmt cou- 

ftore pettil. 



J^bmtriaaamtlLiufie hnnurrrtaie? dtffirtatntnde frefefitam 
nqnatismm (h) ejafmeii Cnruaram , alkitar nqnatia (C)per 
rvgalat in Tta£l. dc Infimt. Infimt. in SchoL prop. J. UttftW 
•walguai, qnt rednSn jaxta valtrtt termimran ai ^nn_- 
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CjWtU Jiftmft0fjkt *$g4tliwftiy)saltr~-* {yafargttieralhfak. 

tangetttis m qaahlitt imagmatiii tarva) trit im uq/lro prtpofi. 
to qmaltt ii aquatiiite • ftperteri ( B ytKgrejfnt fait , Q/totl 
ttttt deir.nnfirandum , 

Itaqae in Curva hic adhihita D S QI , ubi fimplices orJinat* 
refpondent ramoruvi qaaJrmtit ntifraei fampth , fubtartgenr 3 

~terti* proportionalis poS GK~,&GI [ qaai coimiiit cum 
ikmuwMu Coioll. 6. rapsr aJMla] tfiqiadruta orJirmt*. 
rum refponJertnt ratmrim tlJiii, efiet fabtangem =5 — Ji$*pt» 

ptrtionalit , & jk Jrimtpt. Vii trdi- 
nat* ipfit ramit JireSi propertianaltt 
ftrent, tartli ISD tota ttttr* iir.tam 
INft e xtenderet , cm & connexita- 
tem ofaitrttptt , tfitt tMtm ml aliiil, . 
qiiam byptrhsla ordimtria , eafiti ' 
tram K \femitra«foerfui axh Kl,& 
Baie canfxgaius K V ; fi oriinat* Jire- 
Bi refptaJtrtnt ramarttm quadratis, 
fitrn parabda ordtrrwria cirea armL. *- . . ~ Tf 
Kl stipra l produBum, tttjus istvs te- 

SameaJoa K I: nam faperiilf addutla getternlis a^nalio [ A ] 
enrnarm trt pritm cafm *matt*t ( E tfi aaaarit aJ it- 

perbtiom, qttia fiIV-a V&, &I (tst. GD t mtiqae hjptria. 
leefi atjmUtera, prtpter quadrato. K K C , ft* IB y IN t 
itUfi t,rdinaearam aJ axemeK-.fatiBtttar-aa.S, D,xqualta dif- 
ferenliii- nimitatortim SV , KL,& GD,Klifi vtrb VS,& 
G D falttm ptiptrttomutaripfii IV t lG, confial IS Dfonty. 
fttbohm per demerfiriia i Pappn- AIe^aaJrtna-Ckillt£L Math. ' 
hb. 4. prop. **.Ittctfa jti>mtaafitrtt aicaaatyy, f« *S 
tid parabalam t qaia enirn DG mt IK^-vel GN- tfi,at atradtatim 
GI aJqnaJratam IVL^ttit Jitiattuh DN adNG , m» DN 
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in IV. flJ quairatt/m IK, nt qaairatam GK,/f*.N/ tdiitm 
anairatam 1 X , tdeoqae reBangahm ex D N in I K S ? Wr«. 
is jN, aa* rj? tarato/-. profrtetai ; linqae taagtattt ex boc 
gtntt-U hh& JtMu ptt tm Ap\Uni-- : - —•'-«-»-'•- 



JCHOUON 17, 



. U«> n**.**U*ttftm 

■n dt lateafionibnt coatttaflattoaem itver- 

,i,t, Figaram DSQ iKG , <« 6k 
, aihthcri ootfe tro Sca.a IntenGonum 
" .11 ■ " 




m G si intenfitnm »« K »_7> »'» iaflicata rttiam HBav- 

tiarat» Kl,IG retifroti fumftamm [ «<w ea qaiicm ratitne, 
qasm Opticsc lib. J- prop. 4, aiiucit Cl. De Cbalei , nam ibi 
fgjpomtur teiem inclinatio , qua b)c noti fermatnr, atqae iti ai 
fnperfitiem , hti ai /aaflieem liaeam eff itlaminatio, fei qaiiu 
ittrefett lamen in G , tnrn ratione iiflantic majorit , adcoqnc im 
. nciptoia ratione KIai\G f tant rationc incliaationit radii 
t.Gj>q*i ' leqnitnr proportioaemfinnam angnlornm /GK, &iieo 
ai tntenfiancm ferpcndicularii iaciientif I K efi rarfmt, at IK 
ai\G,ob latera finabat opfofiloram angaloram profortionalia ] 
fedtj? IL, fiu GDad Ki efi in inplitata rationc ipforum 
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IK, IG, qnipft tt H\ ai IG, crgofilinta IK reprtfentet 
maxtmam perpcniicalaris radii K I in niciniffime punBe K in. 
teafitmcm, limaGD riprefcntaliilMtvfi^cm pimiiiG remetioris, 
ab imtinateraiielGcauf&tam, & fic tuouaic intenfio in.iufixi- 
ta linea KG iecrejcet juxti ratsonem oriimttar.nm iujat Cur- 
na, qaam HcbSciUmejus Uttnfionit mtritb apptttamui , , 

Hine nova iemonftratiene pbtfca eenjlrmari paffct squditm 
fpatii infimti lengi DdlKG ,& cujapni, tja, proportiemi, cay 
iaflo quairmu, , aat ttaorit correfppnfteBt.it ; citm.eaim fuxEla 
fiagala peripberi* KM£ fint aqni diftancia i Lumtmfo l , & 
raiiis I M perpendicuiariter occnrrcntia , eomm inttnfio ubilibet 
exponttur per conftantem iineam 1 K , tritaae riQangulam ex 
ipfa IK in feriphefiam KMB , met quamlibet ejai portienem 
MT , SeaU aqnahili, iatenfionis lamims per ipfamiiffafi; fmt 
aattm Seiala ikteafietmm [ctterit faribai ] ut qaautiiattt Lu. 
minis j aiebeuc. , ciim caicm fit Luminii quantitat , fcslicct idem 
radiorum naatrai , intra angalum G I V , tangentit portionem 
GV afficienr , aiqnt ilidftrani oremm MT ( nee «« mfiniiam 
KG,&lelum K M B j confequem erit t Stalai utriufque irt. 
tenfienii aqxales cfic. ■ — 

Ecce atlerum Exempium , ut methoiiis iltaftretur. Scwicir- 
eniam IHFK, cjafque diametrwm I R iilufirtnt paralitli radii, ~ 
fiu, h panOe infiwiti diffite fiwutmeutes, Nl,A L,T\,XC ,Za 
D P , G K &c. manifcfim» eft ■, emnt . iiflantia iifcrimen ema. 
nefcere, emnemqae adei mtcnfmnis Hfferentiam ptnct 'varianL. 
ineliuattoncm raiieram itfamendam effe-, cmaqae ai eanitm (fi. 
iit rcllum,ffoe acatum},angkiam it _radiiii<lmetrum afficiant 
nonfic -vcrb pcripbtriam IHF QK.;,*rit tqnabiiii inttnfimis 
preda&f in I K Stala reBangaiam tx ipfa I K ia radium , ixl 
finum anguri conflaniis , ad qntm radios txeipit , Scoia. nej-i ine- 
quabdis mlenfienis drfafa pcrlHFOK- ertt failam ex finebnt 
H L , FC t 0 P &c. applieati, ad refptaiva fcripberU puntla 
Jf, F, D, quippe qmbus pioparttenantur gradas intenfienis ab 
ixciinatione aagnlari rudieram ,.cni (orrefponJent ,prodatli , cim. 
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«*r*j« in**fi> fit *b tadtm radmtnm mtmttetme, trtut 
yrtiiil* S*mU *f*alt, , **t *<* tvrrtffwdtitti mtrMm* f artts 
^ert*mah*»tm,^mliett*eB*m^^«xrmJio FC ™ LI 
s*U,t*\f*S***<*mib*tfimb*t HL,FC, OtettaisfmHr 
r^rt^onmmtmt* HFO in tpMm f*ttrfitit)*p*r iffm ereOa : 
euoi aflrimi tvmfimm» hss , -ff i* V*g*lf tyUtirstf dim*- 
Jhnetttm *b jttirs , t*m * ttthit W Vivianere fatst iemaaftrtta , 
Mjmi aftSstarijoffettmlihtt tttttiemmlf KTM , a*t DSSLtifmm 
twaiit inttrptytf , med* *rf *lf*m t*t*Qam *ngettvtur mhifmft- 
ims mdixstfmti radtormm fuftt taagenses f**Qar*m ttsttjf**- 

Stmttittrfiiidem \- R ?| 

rmJriftrtiltlt N I, ' 

XF , DO tntant^ 
M PC genitiiltm. 



firort i*tetttg3tm, 

fnttitttafmiii*- 




HtbtmiffhtriMf*. 
ferfieh ( jn Vivii«e«*M*W in Scol. prop. mt fti. 
iitttf*mittrifh*rif*xfi**tn*tm^irfi*n* deftriftf mrdtmntmm- 
tvi IHJC i»nam**xtt*fwit*n8* t»refto*ii*tit ) trtSif- 
mmr in fi*g*lit fmiBitHJmmhit HL, rtfrtftattmttttu eyuhs 
ntenliamtm nrrtffe*iemi*m , viit amdJom ftliinm reftltobtt, 
m«f mttmam fttiti **mifitt,fi tmrnflaitttam figmamfimmmfo- 
Hm fmtdramit t H f tmtat i* diStm btmiffhrritttm («ftrfieitm 
wttftafhm siSmmrerie fofittm , nttUigtfom ejtfmedi ftlidmtL. 
M***ri cjtindrOjttljm lafit **dtm,q*f btmiMtttii, & altifdo 
ftmtUs tadie ¥C,iefignaati eeafimutm gradam fqatbilit imeti- 
fimst ref*bmttit m flatto diSf hafit htwtffhtrtt fer eofiem ra- 
iiot tlltSrmf. 

Sarfni. fy*tifi*t*r tnmtm inAftr raJiet i ft iivtrgntts 
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iilafirare fili oppofitam ftanam fnptr- 
filitm fuptr B C trtilem , ntc non fi. 
ti ' conctatricmm fphertcam fuperfictem 
BDi\ t qnaa aquabili inttnfiont abi. 
lihet illttminuhit . Cogitemus trgo ( /»- 



tjronihui ccnfuUoojtrire , &jiuli 




n & lujui mcthodi fpet 
i iciifi.hb. 
Serr.inine Bttcffai 

•via ) iaminh ccnululn fcalmtm CAc , 
eujas hafis forsixnivla iafiaiti txU 
gua flmni illafitmti ,ellipfis mmrrnm, 
ca]aima\aftuius mxit Ccjitqut Dd 
jorttutnlm ffheritffaftrfieitifriiiB;, 
fmfctms tirctllatinfinitiparvuidia. 
mttri Dd , tjufitm coat latenhat ixterceptut , tai parmllclnt 
ttlsat ttrtulus circa iiumttrum c E , pcrtiuxcala fciiicet atttriat 
jfhtritf fujttfiiici ccactntricm, tunitm coni angulum fubicnitn- 
tis . Erit trgo inttnfio ia Cc ai intenfionem ia Dd rettfroci , nt 
circnlni Jiametri D d ad tliipfim tnajcrts axit Cc , ideS in ra- 
tiene temfcfilm ex ratienihal , circuii D d mi ttrtutum c E , S' 
hajas mi iitlam ellijfim; quarum ratioxum prhxm tfi caitm ,q*f 
qnmiruti D A,fta AE, ai quuiratum AC , feeunia eaiem, 
uua c E ai Cc ( altcr cnrm tllipftoi minor axii aqumtur ipfi 
C E , ntl ah ro ntn aifi infiniti txigmo fecuttii oriinn tnttruai^ 
lio iifftrt ) hoc efi qam rmrfat A B mi AC"; qaari intenfio ia 
Cc ei iateafioncm tn D6 ( <vtl mi ttqutdcm , qttt in B) ejl et 
ttthai BAai eubum C A , nempe reciproca tubis iiflamiarirm . 

Hoc httetlcBe fupjouatnr [ ut in fig. adverfj pag.] Inwtn Iro* 
iem moio irradiart in plaaum fnper KG ercBam , chmquc fcia* 
mns , inttnfionam graiai reciprecoi ejfe, ncn jmm qaairatis ,fei 
tahit Jifimntiarum a fanBo htminofo,fimt cnrva IQS D, eujui 
niiaata GD,VS retrjracf fint cubii VI, G/, eaqat cirta. 
IK rrvcluta jroducalur folidUm hafis infivitx, cujm raiiai ipfa 
ttfywftetai KG, tritoat tjufmeii joltdum sqamle cytiuiro , eirjus 
C hefts 
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mifpkriea fmfer. 
Sciei IX quadra. 
utt B\K 
( - , ahuuio wtii 
aqaaiis taiio /K, 
idefl xquaU iufla 
cylinJri ex qma- 
Aratt B K , H«, 
foiiium iUui erit 
x cemerfismt iffimi 
K G progeniti , ille iwi cylixirus fcaU tquabHit, intiafitab ab 
eaiem radiorum qtantiiaic ia bcraifphtricam fufcrficiem :x gutt- 

drauu K M B gt»ittm troiaSf. 

Dcnique lnmen i» l cxtfieai irr*iiet in (uptrfixiem \ffbericaw 
I H 0 K j erimt iuteufioues recifrocc Smfiit&Mt diftvtiiii .a Itmi, 
nofo , nam iutenfio- la fortiuncuU Mm ftiptrficiei cetKtntrkc 
itZaJ iatenfioaem portixmeaU Hb fnpirfieieifrimofrofo^is efi 
retiproce, ottxtemfio bujns adcxttufionem iiiiuc , vtm.pt t 111 elfi- 
ffit diumelri Hh inlra conam Umiajt MlOl couctuja ad cir 
culum aqealii diametri Mqi ( fuat euini hf Utmttti iff» Jiffe- 
rentia sqnaHrm areuum HH t M K ) •vidtlieit Mt altrr axiltjuf- 
icmeUipjeos priori conjagatmi ai diamtuiat Mtn ^five ut B\ 
gd IM , quori ttsam iuttafio io KWwMtt&MM in Htrit, us 
H I ad IK. ,nel ut IK. ai i G , qsiare ScaU i*tfafy*U aqaabi- 
lit fpberita. fupcrficiei conceulrica itMK exiilente cylindro, ba 
fim babcnte eauiem bemifpbtritam fufcrficicm ctmpieUialam,& el- 
tituiirem radio IK aqualtut , feaU iutenfitmit Jfberic* fuftrfi- 
fiti JHK erit folidun fro-veuicu ex bat ipfa fvpcrficic in ffanms 
rcJaSa ,ere3il ubiqut ad fanQaHjlfllituiiuibuifecantium IG t 
Ig, ulqueboc folidnm eiJem cyltaire. sqaale idcirco probatur, quU 
fcuU mteufiontm , tpttris panhus , f«nt ut quantitatei lumiaU, 
bic yero cadtm lumiuis qwntttal , ncmpe iJem teiiorum t*rt- 
ras ex angulo I iu utramqae faptrfitiem IH.K , v=i JfTK dif* 
ftttiititr. - - ■ SCHO.- 
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SCHOLION Ilt 

SMu bit y jH arlitror , am tonim phyficomathcmatieum 3e 
Inienfione arg«meiiiam[ aliafqae fimitct mnteriai per me 
'■mtMthmtm ] vtl illuftrarc , vd refarmare pojpi , me ai 
arArar ^MHetria vtritatet fcaniere tjufmoii fcalamm aimini- 
tmiv tihr imtilr fterit , moae a ftatifitiis tihi ca-viar . lnttrim 
•vtrt>'not*ri ftri, qnomodo mutnas £hi mami , ai Veriiatem in. 
5«n*W&«, cenftrant Scicnti», ipfaque fhilefiphia Geometriam 
fromtrvtre ahquanio feffir, graram illi wicem ,oh$ol cammia. 
qaibus in £et tt ah Hlt letnfletari femit, offickii repenient notf 
nodi fer eenfiieratiomem Gra vrtatis fignrh geemeiricit tfiStta 
ttt jaai rnle ah Archimcdis temport ionialnit , fea 1 & nune stvw 
methede, ftr confiderattonem Lucis , ac •uarin iuteufienh im /i- 
uemmm , *■ fnferficitnm illnftratiene reftltanrit: tiec minh fhr- 
taffe ex ttiit fhyficit qutUtatihui geonctrici expeujti fpcrare /ft 
tehit, Mathtmatictt boe exemfh iatitatoi Scieniia mbiDjfim.f, 
& jtm tmplijfimf fomfrit ntrvn acceffiembus extenfaros. 

Cattrnm, eecafient htjtt Scate tntenfionit Itetii , memini tfl! 
V. G. G. Leihmt^ium in litterit ai mt iatii Hano-ven i ti Ja- 
lii 170J. oftimi mmiffe , ejm tentemflationem ctim ipfiue 
granitatitgraiuum txfofitiene effe tonjnnBam ; Sie- ^uiffe ferh 
hit: Scala intenfionum luminis inferviet etiam ad gradlis 
follicitationum gravitam/ jara olint enim eo rrtodo qao 
judicamus illuminari obicfla in ratione dittantiaium re- 
Ciproca duplicata.notavi etiatn follicitati gmviaa centrro" 
Mathemaiice fcilicet , feu abilracte rem tra&ando , & phy- 
ficas caufas frponendb. Arque hinc dusi' pianeras tali le- 
ge ad folem ntti, quod etiam ( nefcioatf eodem argumcn- 
to ) Nevvtonio placuit . Quo fofito , animaoherti ctmparatiA 
nem hant Iteis , & gr&vitttit tllerint extenii fofii : ut qain. 
granitationei ftfer qaihnsvii plmii ftnt , mtrit panhm, pro- 
tortitntUtfinihti intiittatiaaii etrnnaem ptaaemm ai ptrpeaii- 
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que iiBaperifbtria IHFKaqmam, alimtht flmiiam , aut faltaum 
corpus homogeneS aqualis craffitiei (nxlutfifaret catenula,uelit, aat 
Itntcum in tant figmram fintatnm ) Scaia graroitationmm , feu 
frtfftommm , quat iiBi Carva fmftineret, ejfct figmra finrmm HL, 
FC, OFfmftr arem HFO aipmniia correfpondenlsa erefhrmm , 
imm interim Scala freffionum , ftm gravitationum , quai fuftine- 
rtl rtBa I LP K , dnm tafitm gralltt particulas ftrftnitculari- 
tcr regeret , efict reUamguium tx radto F C iit ipfam I LF K, 
tmm imttgri , MM particmlatia cotrcffoudenics itiriufque SciU 
forlionei eamparanio , ut ia ahcro txeaplo pag. i j. aiinllo it 
inttmfiont Imcii iiSmm tfl ,& fmmne grauitationmtn tteim frtw- 
aa gravitationam aherimi aqualii colligcrtlur . Ittm fi in uaft 
bemiffbersco,grtmies parlrculat sontiaente,gratiitatiomm fsmma, 
ftr smagintm Sealtipfam rcpr.fcntjntis , txquiratur , ii oliti- 
mtbitwr , ut in fimtli txtmplo fukjunSo pag. 16. Quoifi plaaum 
KG ( fefile jtm ctntro gramium ia pnnQo l ) gravetur srjue 
alti icrpcris fluiii , amt Jeltdt incnmbentis freffiotte , Scala gra- 
mitatiomum emadet ■ figura,ex cnrma DS £> V"J"* 0'iinatAOG, 
SV reciproca fint tmbis itreBienmm in Ctntrmm l wvirgtntinm 
rr,GI ( nt in fimiliieinttnfione lucis itximm pag. 17.81 18.) 
circa axem I K rwolula froiicateni , nam ai rationtm fitmitm 
incltnalicnit inm perfenitenlii , aiiclur iuplicata ratio recipro- 
ea dtftmtitirum ,jnxla tjtiaa inhoc fyftemate grauiiai iecrefce- 
r* in O^&V intelligtlitr ; & fi xel maximi htcrmituammfa ' 
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nt flanm KG ai parttt C,aieoqaiimmcnfi> eorftre grsvatm*, 
fmma mbilominni gravitatieaam fiaita forct ,M pattt ex ejat 
Stala, ntmpt ex iiBo foltdo cnrw* IQ D tirca iK revolattt, 
aqaaii inflo cyliniri cx qnairato B K generati , at oflcadimat i . 
& faul naa magit , ant mimlu nfimtttm. illmi planam ak m- . 
menfo ejafmoii eerpore gtavaretar ,. qaant bimijpbtrica faptrfi. . 
titt cx qaaaraate Bl* froittSa ab aqai craffo fiaito corpore fi. 
b't ineambente. Si •vcri iatamberet grave flaiiam, aat foliinm^ 
faferfieiti convexa ffbera KOHI , gravitationtt forent recU 
freca fimfHiibai iiflatuiit, at ia poflremo eximplo pag. 18. of- 
firvatmfait ia Scala fimilit iUttflrationit ; fid fi omnia pcrft- 
qaamar , •oix allam tam jacttnda tottemplationit txitum invt- 
ntrernm, itaqat caiem metbtdo ferqaireaiat aliaram figararam 
gravitatieuti Lettoribai remittinmt . 

MO N ITU M. 

HUjus Propofitionis Corollariis adnccli dcbucrant fu- 
pra aifag. 1 1. qute inter Adieaia, & Notenia prio- 
tK cditionis ad calcem libelli obiervaverin , nunc vero, 
& 6 aliquanto ferius ammadvcrtcrim addirionem hanc 
elTc facicndam, Ciltem poft Scholia , antequlrfi ad aliarn 
Propoutiooem gradum faciam ,.hoc Ipcp reporiend*. ceiw 
fui , non fine aliquo auflario ,.quod prxmiiTofum etjam-i 
Schpiiorum dofttinam poteiit illuftrarc. 

i.ltaque primo obfcrvan mcretur , quddetiamfi I K non 
elTet ipOs HL, GK normalis, & ctiamfi pip fcmicitcuto 
fupponeretur quatvis alia figura.tHK, & pro- quadrsnte 
B I K fubtlituereiur figura prta ex ramij I M proponio- 
ne mcdiis intei indinatas I G , & interceptas I H, 
tnodo aplicaii GO ipfi diametro 1K parallelx zqualcs. 
eiijinnum torent abfciftis lL,e(Tet fpatium SgurstKMBl 
fubduplum totius DQJ KG , St quavis poxiio MIT fub- 
dupla pattis comfpondcntis DS VG ; Indefinite enim fe- 
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fla GST in partes xquales minime G , ductaque !'*■(, 
evir triangulum G 1 ad umilccircumfcriptum fpatio ICMl 
[ quod iingc eflcml SJ , ut ^l ad tertisim pioportiana!cnt 
fiveut!Rlad IA, veli^ ad^rf, aut ut paialielogramtnum agG 
ad dgG circumlcfiptum fpatro D dS V G , & permutando, 
ut triangulum G I^ ad pavailelogrammuiri ngG- f idelt 
iempetiu-iutidupia rationc Jita -ml'S ad d^GiQjarc&c. 




. NTKG, DQJKG cirea K G , eritcy- 

folidum , ut ttiangulum GIKad fpatium HFKI; 
rtriauguliim Glg ad fimileadiacenslateti 1H, 
"wetur figur* HFKI,eft ut quadratum Glad' 
I I , vel<ut circulus progenitus ex radio NG 
«•<u.iMin>i,dioDC', flvcut«ylindrasezparallelogramnio 
rJ^adcylindrufoiidoinicriptum esparallclogrammo DGsj, 
wiilttniibus tam triangulls GI^, quarn cylindrii , in- 
wooo» xqualtbus . Rtm , fi placct-, ad Vecenim normam 
esigito, ego gent-ialiorem Veritatutn harum fontem in. 
dltialfr mntmtTO' mrhanrir» ntio mrn 



i. ltom Gotollaiia II, & III. Ferme generatim verificau- 
Hir , niancconim illotum reftangul.ruro DPK , & 1K jn 
GO. squalitas, ft rotundi folidi circa arytnptoton cum 
dupiiei annuld*mfignra KHIcirca.ipraaNI, KG revo- 

4. Quin 



Oiqiiizod Dy Google 



DeCdfcuJo. 



4. Quin iilud addo , perpendiculariter eredis ad Gngu- 
ia punSa cujufvis curvx , etiarafi itifimta , l QSD finibus 
reetis inclinationum talis curvar , fivc cjns tangsntium iiu. 
iifdem punftis ,ad ordinatasQL,SC , D Ponri hinc fu- 
perficiem zquslcm recUngulo iinus totius in aiem I P, 
idemque in qualtbct cjus portione verum elTe , cum illa.. 
fit lcala- intenfionis lucis, vel gravitationis cutvavhocvc- 
rd intenfibnis re&c I K pereafdem paxalfelas N I ,DO&c. 
[juxtadiccainSchol. x-& j.] qua: fcalzcunt tcfunnt ean- 
dem Iumin]s,aiitpreilionisquanti«tcm,dcbcnc eflezqua- 
les; id quod vel hinc gcometrice- connrmatur r quia D d 
ad da feu/>Pi8 v ut finus rotus ad finuv -testum, atiguli 
dDa , ugo fj&iun esiremorum , DMODe Cuus refli in ele- 
mernura curvz Dd, zquatui faSo mediurum, fcilicet re- 
ftangulo ex fiau toto in fP, aique id 'fcmper.- quare Sk. 

Veriun e mmis iongo div.erticuIo in viara praicipui no- 
Iln piopoGti redesmus. , , 



J^£r fuaBum V qnaJratr B1X.V iatrr communtf tfampmm 
£l,M tamfraat i./vuAjftrbU VyX, V. 1 , r, 3 , V 3 t &c 

quaram ordiaata ad aiteram afymflotou IBbl reffandcoxt fate~ 
ftatihai ttfciforwm i ctwa 1 fcc fiugulos ■Jeiuctfi- fsrts nunee- 
rot dcnomivatij, videtvct i xf quadratum -Nl *d qxadrntnm 
Bt,it*fa £V aJTti,& ut iuaatdratam N I ad biaiatrm- 
B I, ita ratfur BV ad 1 bl, itrrsaae mt fexta .fettjiat NI ad 
jimitem Bl, ita BV ad 1 M t Mtgtc itajorrb: 

Dice, Ciicalum diametri K l aqaalfm qffi omaibss fimrt iy. 
ffrUmrffatutryr, .„«,.^3. 4 , V , S &e.idrft Jijf*. 
rcnttts elterni fumftis diSatum byferMarum . 

MAmfcltumeltcnim.lineas Iit, feu BV, & YN, 
1 N , i N , a, N &c. effe continue pioportionales in^ 
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fatione quadrati NI, adlB, feuGJTad KI, nam **» r - 
tnodi pofita fuit proportio ptintf ad fecundam,prime. '«4 
ad tertiara dupiicata , ad quattara ttiplicata , ad qU |D - 
tam quadruplicata priotts ,ob indiccs poteflatum ablc'»*- 
inm , quibus terpondent,per eandem binatii ditTerentiam 
arithmetice crcfccntes ; crgo per frcf. 3. erit ubihbet finus 
vcrfus 1 L atcus correfpondentis I H , vel ipfamet G D ot- 
dinata ad curvam D SQl , de gua ia frep. 4 , srqualis om- 
nibus 6mul proportionahum ejufraodi differentjis alterne 
fumptii Y 1 , J3, 45 &c. & hoc femper; quaie totum fpa- 
tium DSVG en przdicta curva ad partes DG infinirt 
Jongum cquabitur ommbus nutnero, & longitudine infini- 
tis hypeibolarum differentris altemis Y^V ■ 1 , i, V ,3, 
44 V j j &c. quarfc cum^rr cirell. i.frap. 4.quadrans B K I , 
feu Circuius diametri lK,fit xqualis fpatio infinite longo 
DSVG, xquabitut dictus Circulus propofitis hyperboli- 
cis diffetcntiis. Quod eiat Btc. 

COROLL. I. Idem obtinct de partibus, quod nempc 
infmiti portiones es iifdem fupra defjgnatis hyperbola- 
rumdiffcremiis, putaY y , 1, 3 , 3 ; , 4 , , j &c. scquales 
fint fpatio Og^D , feu duplo fectoris correfpondcntis 

COROLL. II. CurEque lum integw illa hyperbolic<u 
fpa- 
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fpatia fint quadrabilia tt gener.il i dofhina, quam dcdi- 
mus ia Hugemanis caf. 8. «. 1 i. tum qaarlibet corum por- 
tiones fint propterei notx dimenfionis ,erunt & intcgro- 
rum , & partium differenrie. noto tectangulo iequales , un- 
de & circoli , & fectoris cujuslibet quantumvis vero pro- 
sima quadratura ,8idimcnfiogTOmctrice innoiefcit iquod 
ampliils fequenti propofitione manifcftum fiet. 

P R 0 ?0 S I T I 0 TL ' 

QUtirttto iiamttri Circali txi. (A) 1 =3 (K)" * 
fit-ie ts { A ] , Jm amtati, ■ , 
M «ri fra&miiai ( B ) , [ C ] , [ B ] - = [ L ] — 
(D) , [E] &c. iMJeatilat *w/M- 3 4 , 
ttm ftr ammt imfortt aumcret jJW « (C) — 3 (M) g"^"J 
wrfiW futctttcatts , «■»> »*/r Circaiai \ , 

hfieit* feriti ex fffit alttrat. [D]~ = (N) g^",' 
*«» aiditit , ietrttQifqac . aimiram = / , 

(A)~(B)-*[C]-(D)- ( .[E]-&c. (E^-sCOj^ 
■ &c &e. 

HJEc eftceleberrimaSuromiGeomettaLeibnitzii Qua- 
dratura,quarej pofitis principiisficbteviflinieoften- 
ditur; Per dicta Itto titato Hagtaittuoram nutsdliber hyper- 
bolicum fpatium efl infcnpti rcftanguli idcft in piopn- 
fito quadrati VBIK, talis pars , qualem defignat fra- 
flio ( H ) , espriroente x gradum ordinatarum ( qui hk eft 
unitas ] & y gradum abfcifsarura [qui eft quilibec par, t. 
4- 6. g. &c. ) adeoque primutn hypeibolicum fpatiutru 
«[<*], fecundum(L), tettium (M), atque ita dein- 
teps, nempe (A), [BJ, [CJ, (D), (E) &c Circnlus 
e, B°j quifcrfref. fraetJ, xquatur ditTerentiisdiccoru fpatio- 
rum, pofito quadraio diametri IJC s 1 , fietiqualis feriei 
(A)-[B]- 1 -/ r Cl-fD/->>fEJ-e£c. Quod erat&c. 

n .icho. 
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ANaiyticc U tmm fie cxpediri fettrttt. ( P\ ai 
fajttt dtamttro IK =5 n,& indtttr. \ / XI~^U 
uifBflfa GK ~ k , trit G D erdiasta ad [~ D ~| a* 

lit/l prr deHruiMM expofitam in Hugenia- . _ . a j 
™ capite io. numero j. /«« ( J> ) - 

(tW~[SJ-*(T)- [VI-* &c. Smu ; ' s 

ttnttm tf ifff erpreffloatt ardinaiar* 
infinitttt byferbolttt, quarum graius i 
jciftit trtfttttu j»xU rument fttret.yU «*- /\T\ 
ftat ; qufl&tt trge ordtnola G D tqurvele. \ \ } x 1 * 
bit differtntiit. oriinatarttmai infinitatillttt &t, 
byptrbdas , aitia-, 
& fpttttmn' ' ' 




tiit fraUionnm ptr imfttres nameres dtmminatttrarn , taxata ■va- 
lore iffittiAA pre anitalt; Qgti tji fnfofitmm . 

SCHOLION II. 

SIc rnBitrto mio,Cireulam pcc Inlinitas HyperWas Qg/t- 
iraadi Jatiifecifii mt ariitreri faperefi, *t idem por Infw 
nitas Parabolas moliri aggteiiarj <j«od ctmett langi comfc*- 
dhiiiis txttai dabitttr. ' 

IRO- 
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P KOP^OSITIO VII. 

SI figt , ttt fuatirttiira dit&etri / K aJ quadratuwt tttugtntis 
g G ( dittmttro jtpa taimrit ) ita iffa diamtttr , tiel ti inpt*~ 
isTG*J iC, & btt ad iG, -tmitn ratnwe «i iwfiaim ttt. 
utmi 1 G, 4 G , 1 G&c. fnwgat*. 




VitO , jummtm ex omaibns hornm terminnrum diffetimiis ttU 
teni ftmjtii r 1 , 13 , 4J t^ankmeffe fintii tserfo IL ar- 
(hs lH,ftr fecusttn IQ mmtfti. 

HOc probabitur ,repetendo idem ratiocinium, quod 
fupra , fre-f. 3. , addusirnus, videlicet. Quonjanui 
proportionalium diffcrtntut omnes continue fumpw lf i , 
ii, 13 , 34 &c. funt ia eadcm latione prcportionoles , 
eardcmque interpolatim acccptx Y i, »3 , 4; &c. itcrwm 
continue propoiticnales in duplicata piioium tnioae, 
habcbimus duplicem feriem proporrionalium ab codtnu 
primo tetruino Y 1 incipientium , quare ftr f"ff- ag- 
gregatum ex omnibus tciminis prioris feriei Y 1, 11 , 13, 
34 &c. , nempe ipfa Y G his omnibus sequalis , ad aggre- 
gatum cx teimims omnibus , pofinrioiis feriei Yi, 13, 
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4; &c. erit, ut differentia duarum Yt, 15 ad differen- 
tiam duarum Y 1 , 1 1 ; eft aiKem diffcrentia duatum Y t , 
i; xqualis duabus Gmul differentns Y 1 ab 1 1 , & 1 1 1 
13 , igitur ut aggregat-H ex dualws differentiis trium_i 
conlrnue orosi norum cerminorum ad majorern ejufmodi 
differenriarum , five, ob analogiam tetmiaocum propor- 
rion.litim cum fuis differentii», uc aggregatum- eir duobus 
termiiiis continui acceptis ad majorcm ipforu.n, nempe-. 




e_ conftru-cione, ut duo fimul qnadrata G jf , KI , vel uc 
nnicum quadracum GI ad quadratum I K , five ut G [> 
ad I H , vel K [ ad I L , iu Y G ad feriem ejufmodi diffe- 
lemiarum alcerne furaptarum; eft autem Kl aKjualis YG 
es hypothefi , igicur & fcL przdictis omnibus fimul- diffc- 
centiis iquatur. Quod ernt &c. 

COROLL. t. Eadcm conitruttionc faQaiKffinguIa- purr- 
cU G tangentis VK, manifeftum cft, lineas Y G comple- 
turas quadratum VK.it, & lineas. G 1 trilineuoi parabo- 
W quadratici b 1 K , lineas auiem G t trilineum parabohr 
biquadrali-i b 1 K , & lineas G 3 fimihcer efle ad parabo. 
lam quadracoeubicara- , atque ira dcinccps reliquas c(Tc_. 
ad alriores parabolas, quarum dignitates VK , UK oir,- 
nil«is rx ordinc paribus numeris denominamur : fic «nim 
pro- 



OiQllizM D/G_OgIc 



De Circulo; 29 

prorogatur ad infinitos ttrminos proportio Y G ad rQ 
quz »b initio pofita fuit dupiicata iptius V K ad KC . ' 

COROLL. II. Quoniam ergo ordinata GD ad curvam 
IDS frof. t. defcriptam squatur femper fmui verfo cor. 
refpondenti I L , maaifeftum eft, ipfamquoque GDarqua- 
ri pratdictis proportionarium difftrentiis alterne fumptis, 
adeoque & fpatium VSDIK zquari fpacio patabolico 
b 1 Ki, & parabolicis Junulis b iK 3 b , ^4 k ; b &c. 

OOROLL. III. Ex quo ubique ¥G~- iG.tiG— jG 
f 4 G- jG&c. zquetur ordmatx GD, cooftat , etiamj 
«Y-*V,t*V-*V,t*V-*V&c.«oiiari VS, ideft 
eandcra lineam infinitiespofitam,&infinitiesfubtraetam re- 
linquetefui medietatem; Id quod- eiiam cs fupradictb 
fnpo/itiom III. deduci poterat.- 

* Sed inquies: aggregatura e£inflnitis differetftiis infi» 
nitarum ipfi iV zqttalium , five connnue, five alterne 
fumptarum,eft demum fmnma es infinitis nullitatibus , 
fcu o, quomodo ergo quantitatem notabilem aggregcc? 
Atrepono,eam Infinitivim agnofeendam, ut etiamquod- 
per fe nullum eft multiplicando, in aliquid coramutei,fi. 
cuti' finitsm rnagriitudine' dividendo^inniiilam-dtgtiierare 
cogiti unde perinfinitam DeiCreatoris potcnmm omnia 
es nihilo rafta, oraniaque- in-nitiilom redigi pofle.- neque - 
adei abfurdum efle, quantitatem aiiquara , ut ita dicam ,.: 
creari per inrmitam vel mulriplicationem , Vel additionem 1 
ipfius nihili , aut quodvis quamutn mfinita divifione , aut 
fubduflione io nihilura redigi. t-'. 

s(?hq rro nr. 

DUe Bsf locomtamia ectarranf \ 1 tiirram circa pncrtm far. 
ttm bnjitt ttrtii ccrolhtrti; <t*j f t t„ , tt frtma eiitienc pro. 
pojita fterat : alltrnm tirca f*bj* tt ii 4 iojhtntia- folaliontm, f»» 
fojt gfitrifmumadjetlaaanc legiiur. Q*b ad frimum , oiftrw 
ft*. 
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jlwxtt Mathematita, «m.-anigami , qnilibillum «jfcw* fc- 
gere,t*pt«itrc , *c temprabart itguati faat , Cortllarii baju, 
nnvilntt ptrenlsol , atqne M fammam tam inaudttf , inexpetta- 
wiiawf admirationem adduilo, fuiffe, tum »,h,lia,c 
tiaftado paradoKafumk i* lota Gometria ft nffitm Jtgifr *(« 
fiarentar. Jtgo werb idtm rudiori txtmpio expotl , ac vuigt 
et.am ftrfaaier, fofic tcifebam,iot f aat. Titint , & M*»uf 
fratres,dnm Patni barcditatem iuttr fe exaqno itDiiunt , Je 
unico frtl.offlmo lapiit , immt.fi valorts , in , * cjfigies Con- 
tordia affabri cxjcalpta tmfitar , tonttndtmt . Ntfai efi waitre, 
„ pnt,um iattr fa diJMkairt , **m Fattr icftummo taatumy . 
nxhi, , *ettw twm gmmm tftmilia ahtnor, fofien fat fit~ 
t-rtntur i utqat aittf ti dttlt liltm ^lfW «f* , ^ W'« 
haediftit cefone : fort, -verh a* fof^fiontm «mPf tbefauri (am j 
mHt*ti1lmM maatal.SLatifantndam! X* adjudifcmic- 
Ittt , fvjf mHVam jnrifcunfuiiernm fltercatsautm , fltcua Jmvt. 
l,m ftntmia,"' altmis iicba, ,* oltrcrmtrlas mufaa tucomfm. 
" . i • .. r..—tu ii— ...... = .r.~-f Titiai paln major 



r«i»U Utfimalacram ^elhcarttnr -, tsaqne Titiai pata major 
tretmfam ajj^.ftM.tmimmt, mox ai t, tfblata, & Mfma 
twe%*fi, Mnit rarfu, 1 aio r.jlansa^teramnae abborU 
Mavam irtnflata, ataut rta ittmtpt afai hnnt, & lilum, & 
ulmfa' fntttfmH tn ftrptlnnm , alttmattm maufit , &txct- 
itt tZr^rtfa gt*m tkmmnnm ;mmta jyamm.fi , mt tndrmf. 
nvnlmtattmma-ttftrt, tjm f4tff,c futttt tuttt «tramyi^ 
dmnm Amii/ata.. Jia * eadtm V amt*, ,ufia„ics fofita, & 
immtiti fabtraiia, aaaimlat im,,iio fm . Ntc ffltnU-.futtit , 
variato fratrum namtrt , cafrn aIioi fingtre , qutbm aha bsrt. 
dttatis fortio fiugniit obtingat , inieque al,a paraioxa fim,l,s 
Itnorit propoutrc , aua farntr , icfcxifus coaevcniemibns cnrvi, , 
mcio fupradiQo demonUrareatur . 

Qai W JttrM* mmmmUi t» Ltpm , itc atdtm fracifa wr ; 
ba ,.uajio tfHC .*•*<<*# ™W tximflar, , aaoi frima tdtttani 
e Mt^,jtmH«r¥tM'- ttmmutmaCrnJarti wtemfuh.cns 
tim mml thml * ^t ajmf^^trf^tdmm .wataig.t, tx bac 
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comparationc , qus ad propofita inftantU folationcm ufurpatnr s 
materiam ctitic* alicuy.s fiai o : <h.i<wi gaudens , mc ftaliai con- 
Tlcmt , iacongraam lutnc fibi ■vidcri geanictricarum rcrum ad di. 
TO** Omnipatcnti* myftcrinm expltcandnm applicationem fr*. 
lendens: itaqne at fotins obitahncm illam ^admifaGatiUi 
ttatia circa continni compofitionem , etudcre tentarem ,- bortaba- 
l«r;refpo»dcndofcilicct, qubd licil indinifibilia puntta , qna- 
m» mlla exteafio eil , qitamdin mnltisudine finita fuppomnititt, 
nullam exteafiolem-Jacttt pofmt , tdmen , ubi mimtro infinit^ 

dttcte, nec txftdirtarbitrabttr, mt cnm illo dc bac analytici,& 



atentioaisfilumfr^- 

datertm, quifpt mnehmensarii modo GeomcttU , fed Analyti- 
tx % aeTbeohgia qnoq; cegaititncres exigtts uidtbalnr -.fatiaidaxi 
foum-Ubtralittr agtrt ,*i trAus twsvtrfi calamidua&mdie. 
aioacmfimul, tt, refponfioncm dclcre , qna fcrupuk anfam dtdt. 
r#, ekm ab exigno bot paragrapboiotam- mim , aut elegantiam 
*»/ pcrfc8ionem iibclii ,nei mn pendtrt ctnftttm . 

Nnnc aatem, quouiam mtelligo enndcmbuac Cenforem palant 
jaBabnadum-afferuife, m,am bane opellam a ft emendatam , & 
ctfligatam ,. cxpuncio majnfcnitetrort , qntm ipfe mibt iadica. 
■verir, & fnpptimcndum ixoauerit :. rtm totam ,. pr, M eft ( c**r 
fou* corum , quorm,, intetisl , vcnia )- LcSotam ocalis fubiicio 
d„m dctrtei , m Littcratia- «' 



^•TlrZthL'Zc ttnllJL myfterialdumfra"! ' cZ7nltblnZ 
(qaod&BetnardumN.evvcntiirm-prxf. Analyf. Infinir./*- 
cifi!ig«,ubiait: Accedit maximi hinc momenti prxtt- 
rei vcntatem direcie fcqui :. oirme nimicum divifibile, 
adeoque & omnom quantiiatem, vi infinita in nihilunu 
enVreduciMem ,eademquevi infinitaquantiratem quam- 
amquc ck .uhilo produci poffe, cum es eo produ£tum_> 
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<f[e, in quod divifione refolvi poteft, quidlibet tnetitu 
cenfcndum (n)anipfe pottns Ctnfar rcfrebcndt jurc mireretur , 
qu tau> ■validamin holies ntrt Fidei telam aihi c manihus excmjk' 
Ttt,ferinde acfiCar, lncrettifut , aliorumq;stbnicoinm Phikfopbo- 
ramJtcaittaiMaxtema ( Cs nihiio riihil , in nifiilum nil pofle rc- 
verci.)i« ntftra obiervaiiove.labefatla/i ,&offofitam Catholita 
Veritatii iogma ftabiltrt agre ferret , atqme tatit nccejtarit Reli. 
gieais aoftra prineipio tonfirmationtm boae tx Analytica fttitem 
uwiacret. Abfit quidem , at ie Cenforii aaima tute qmii ipjz* 
fufficir-, Bt ncf •vidcoin -veriit rmeit qaid ejmi ■vtrgam fejecret , 
amii ,jat ffongiam exiger.t Att «um ifriaa ipfa phtfcn , 
fem gtomtlrtca Carellorii hujai nudt ffcQatar, amtejmi dam. 
taxot cum iii crealrice Ommpotemia collatio trimtnatimi cft 
obaoxia: fi frimum ,no* eiat car mt , Golilaaaa afiaioitii lm~ 
brito ,& i pautis aimiffo * exemfio de infiitit«dt*i fnnthrnm- 
liatas componcuiium, fotiusquam ttrttffime ., & txtra tontro- 
mtrfiam pifito argumceio trtattonit rtrum omutam tx mhito,ad 
eamfnlciendam , confirmaudomque ianttaret : fi fefaaiam , trgo 
Jimilitudines mni , anahgiat , Jymhoia , quibas foleat , pra mo- 
iaio aoliro , dtmtna mfftma txflttari , ftnitat ietnceft amovtri 
oportchit , iffaqmt fammi Condttorii Imago noSni aaimit imfixa 
iclei/Ja erit , ne qaii humanam,& creatnm cum ii-vino , & m- 
treato cnfirre frtfmmamni . Quoi fi hanc Cieatom funililu- 
dinem , Wtimm wm •vitmftraniam , Jtd ofiimojmre commcmimn- 
iam fattmur , eur imaginem Creaiionis in hifce analyticit 
ofcrutitnihat rtlattalem aon grati txtifitmaii Aut qmt magii 
afpqfita extmpla aliur.de •vtnabimar , qaibnt infirma bomiaam 
menlei ai bot magnmm myfterimm ferciftendnmjwoenlm/ ,&cow- 
tra blaffbemai Atbttrmm cavillattonts in ejui fide muniantar, fi 
hac clariffima a Mathematkii fetita <vtl rejpmmas, -vel faliem 
ntgtigimus} Jtm aiibi monui ( in prsef. Demonftr. Vivianeo. 
rum Problcm. ) qnantnm ai tUmftraniat Jmftriores Vetitatei 
Geometrica conferaut Cogmttontt , & iffitijmtt Srodi DiaJatbi 
ttftimmio i4 tomfrobanit , qmod aou pigit hot Uco rtpettn . Thco- 
' logi» , 
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logix, iaqait, intelligentes apprehenfiones Mathematicaj 
prxparar: quarcunquc enim imperfeelis fcrutatu difficiiia, 
arduaque ad veram Divinorun- cognitionem videntur, 
hxc Mathematice- ranones credibilia, &manifefla, &cer. 
ta per imagines «ftendunt, 

Aliande igienr , qvitm ab hac frtteafa iihelli mei tnttxdath. 
ne , glotit Jtit matcriam houm Censor amarm ftadeat ,aut eer. 
ti alioi errores indigitct , qaoi ubi tales cfie ferfuafirit , non fi. 
tte grati animi erga Monitorem fignificBtionc , corrigere coaahar: 
hnnc ttero tanlum aheti , **■ tnter errores tetifenduin agnoverim , 
M M fublicis fhjficss fralcSioMihm mcis , qnoties di Mundi ori- 
gine fermo ricurrit , fafl coafutatam Matcric atcrnitatem , ntn 
alia umauam aaalogia criatioaem iffius cafta fojphHem oftcnde. 
rc toafaeverim , qnom rx bifct aoaiyticis , aut artsimeticss ofc. 
ratmmhti , qua rem afiiffimi iliaflrare rmhi ■uidentur \ fictiint 
hako DeCflo,etMundoiea.4. 

Quicurjque ad infiintam Dei virtutem attenderit, nihil 
ipfi repugnare deprehendtt, ut quidvis e nihilo cfficiat: 
quod ut cianiia per quandam analogiam percipiamus, 
phyficam actionem cum arithroetica iiumeroriun cfllcicn- 
tia conferre Jiceat , Auditores humaniflimi . Si numerus 
quidam in alium ducaiur, qui ex utriurquemultiplicatio- 
ne refuJtat, productus abiifdem faftonbus,feu coefficicn- 
tibus, dicitur : iic tetnarius quaternatium multiplicans 
duodenarium producit; fi verd hic pioduftus pcr altcru- 
trum faclorum dividatur , quotiens refultat aliercolficien- 
tium, es cujus mutriplicationecum altero ptodierat , ut (i 
duodenarium pet ternarium dividas , qnatemarius pro 
quotiente prodibit, adeout divifio idipfum retexat, quod 
multiplicatio conBcit , & multiplicatio reBciat, quod di- 
viiio deflruserat. Hoc animadverfo , cogitcmus oporttt, 
quemvis numerum ed minotem fieri , quo viciffim pet 
majorem ipfe dividitur .* fic minor eft pars una ccnte- 
£tra,quiUn decima, & minot millefima , quam centcfi- 
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rca, Wfmu» Wtm tvitm ovadit divif* fl» caiHc 
nariui», qy-m pef J«najujm , & rmtiOE adbiic ewdit di- 
vifo p<H roillcnarjuiri , cpltn, ner centenimum, ( & quidenx 
e_Kaiu> in, leciproca ratione divifbrmn frafbones decre-. 
fcunOadedut fi intelligatur. unitaa.pM rna.orem , ac wn 
jorcm numerum dividj, ad minorem , & miuorera feiapcr 
ui nntaiera rcducatut; quodfi igitur caro dividi intelli*. 
svr.us prr numcrum ablblute infimtum , fau ma.orero quo- 
! bet ;i ifgnabili , fiec ipfa qualibet aUjguabili magnitudinc 
-iror, adeoquead merum whil ( rtfpectivum ftilicet , eo 
'Vnfu.quo quantnas mflmties imiior alii, ell ad, uans iut 
o *d l.ferfrop. j. ilc LwftnU* 4gffo^-)Kcli&ai eiit, in eo- 
(lueiiaruperfeveiaie intclligetux , ufquedutu por iptnraine. 
inRnitum numerum , pcr qucm divif* fuetat , rurfus muk 
uplicttur: ut enin) uuitas pet. ceniatwuun* divifa, &.pw 
numerum quemlibet cenien-iio min.t.reiR n>uJtipl«ef.ijr- v 
priftinum uniratis integra; ftaium. ttoo, tfiturjsrat, 6ld ad 
hocexigit ejufdemmet centenatn muJSiplicacwiMii..: iGaad- 
hoc nt nihil illud, rifidu.um cs diviOfwe unitatis p*r n«, 
merum mfimtum , rurfus cvadat -.liqjiid, debtt OfflUU»*' 
per eundem infinitum Jiumctmii «Mhiptieui:, UjBft KNTI- 
rus infinito roiuojt. id unqqam prfM»t. M*mk&t «A igin 
tur Infinitj numer.i. victus, u( quqdhbet pet divjfioasmj. 
defltuat, & in nihilum rediga* , iwfufqu» W: «*. nibjfth 
quidlibet refiituat, per muliiplicaiioni* cfficactaia UUid 
producendo. Quo fane exenjplo conftar, c-tiani qoncipi 
poiTe.Dei Opt. Mai. infinitam Virtutem co fe extendere, 
ut quidvis in nihilura redigere , quidvis ex iiiii>lo prodit- 
cere valeat , adeoque pet creati<jw.p ptoprie dia-na^ po- . 
tuiffe Kundi hujus afpcGabilis nwieriam e nihili linu e.s- 
citare, qua in varias fotnjas dtwicepi dift^tta , Gngutw, 
Mundi paites diilinxerit., owflvejfjt , fmfqiit nuirc»* aJn, 
(olutas, pnfaaafque, redd^F«.H.«<ir aHnjtitwyjhgwtx* 
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FKOPOSITIO VIII 

OUadraturMm Cireali prop. *. frofofiam , iterum fer lt$- 
nitai Farabolas demwftrarc . 

ESt enim circulus circa tiiarnetrum I K , vel rjuadrarre 
K tABl , fer Ccnl. i. Prof. 4. «qualis fpatioVSDIK, 
nimirutn fer Ceroll. Pref. 7. zqualis b 1 K| , -t** K »^, 
t'4 K I*, &c. hoc eft auadrato i/KV , minus tnlineo 




jwrabola: i 1 K V, plus trilineo fceunda: Paraboi* jlhlnite 
nilineo tertiat &c. funt autem illa liirrnea^ '■- 

eircumfcripti quadrati ( B), [ GJ, ( D), [ E ]&e. * 5 

per ordinem, ut patet «t diflis «;>. 8. H»^e- ^ _^ 
Bianonan «. 10; ergo pofiro eodem quadrato 3 

S i , prodit circulus = ( A) — ( B) -+[Cj*- ,p , J, 

(D)-*[E]— &c. Quod trat demonJtrandvjm. tw -j 

COROLL. I. Quoniam parabola * 1 STi in- fftli 

fcnberetur ouadranti IBMK , aiiaqi.e cun- 1 ' 7 

ipiefSetefliUf , patet, /ei -i 
a infcrin*am osrabo- ' n 



CTCC qnadrantis fupra infctiptam parabo~ 
latn ainualem cBe Lunulis pa rabolkb 1 1 K 3 ' 



£ 1 
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J 4 JT I S &c, eiden quadranti adfcriptis . 

COROLL. II. Nec minus eadcu raethodo patec tlimen- 
fio cujufvis fe I icii , putl ejui, cujus femiffis efiet MI K , 
q^iippe foretille lequalis^ iKftiKjt + Ki&c. unde pa- 
let Ventas Q/iadrature Circularis feftoris abeodem Clac. 
Leibnitzio propofits in A£tis Lipftx 1691. raenfe Aprilis, 
pro qua 6i fequentem Propolitionem libec adjungere. 
F RQ P 0 S tT 10 IX. 



CtrcuUrit , **/ EHiftici SiHorii 
Qnadralamm loca mox lauda- 
ta & Sammo QiamttratxhiUtamde- 
monjlrate. 

Slt cadius AB31 ) tangens 
BC£:*,arcuscirculiBD=^, B ./> 
ducta infinite proxima fecant^ - 
Adt ■ cum accu CE concencrico, 
ponatuiDJa^, undc C c =3 ir, 
f.-cans AC =: (Q). Jam Dd ad 
* Cf cil in ratioae corapoGta cx 
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Da"ad EC,ideft i ad [Q] ,&ECad f(~\\. T 

Cc, nempe rurfus i ad(Q),ade6que \^</ V 1 "+** 
cft ut 1 ad i fxx , nempe ut quadra- r T? *] Ax 
rum radii ad quadratum fecantisi er- X 1 \~T~TZZ~ 
go cum fit 1 1 ** . t : : Jx . Jy erit L J 
haxrrfFjvidelicetperdiaa™ H«- ('r^^^ ( A ) » 
gcmanh taf. i o. n. j. — ditTcrentix fe- V / j , 
rieijr-(G)-+[H]-(I)-*[K]-&c. rTTn *f [B] — 
undehecipfaferiei=3integr^j>,&ducla |_-*-* J T ; 
migcadcftangemeraCK,utinterceptus / t \ xi ( C J*7 
arcusBKiltduplusBD.eifeaorBAK (1)- \ 
zqualis R&angulo radii infcmiarcum ' ' [ D ]"J 

BD, fiet ejufmodi feftor ar-(G) [K' "1 2 ] 
-4-(H)-{l)-+{ff)-&c. quaieft L 1V J 9 (E> 
QaadratUM Leibnitzii loc. cit. 

Et quoniam, ubifeSor EDKA (k quadramCirculi,an. 
■gulus B AC fcmircilus evadit, & tangena BCaquaturra- 
dio B A, nempe ipfa x= t , tunc feries przfara mutatut 
in hancfimpliciorern,videlicet [A] — (B) -i- (C) — [ D] 
-t-(E)— Src. qualem prop. 6. cV 8. jam demoftravimus. 

Lllipfi autem BOL circa eandem tranfveriam diame- 
trum poGvacutn circulo BDK ,quia tamfegmenmmBDI 
ad BOI , quam triangulum DI A ad OE A, adedquc& 
feflor BDA ad (c&v.cm BOA,eft in rationeDI ad IO, 
feu KA , ve! BA ad AL, necnpn tangentis FB ad B H, 
uiique fi non jam A B , fed A L fit =s i , 6t A B — « , nec 
jam B F , fed B H ss x , prodibit idem fee>or ellipticus 
BOAs2«r-*fG>-+* (H)- h(I )-+*(*) &c. ut Ma- 
ximus zvi noltri Geometra Cepe citato. loco dcrcrminavir, 
nofque demonftrandum [ufceperamus.. . - ■ 

COROLL. Hinc conftat, quAd , ubcx=s i , feutangens 
BH=AL, habeiur quadrans ellipCs BLA=BALre- 
flarigulo , ininiis tjus tneme,plusejus quintaparte &c. ut 
in citculo ad circumfcripturn quadratum relato cnntingit. 

• • . SCHO. 
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SC H O IJflK, 



RFjt at , Mt lim fimiiem ftrttm h fifhre tjftrlolic* ibHtm 
Vir Cl. dtitnt , tsoi Mam Jtmtajlrart wa digmmm-, 

tfaod foji cxfejises itojtrXt-ic BfftlMa fer litfinitai Hyptrliehn, 
& Paratolas ^sdmnda cagitotxmti ,frtfiamm»t , W td*ot i*. 
milaBit olim , nejlrafyae n>ias .frama-vtntt Egregio Itevm -S*. 
hntlt Manfrtdm ,.«<> dtihfmmm-imc dt rr Bfiftoicm tim « 
meiliitm jtiducam , qnirn ferax jit ■itgtaarmm ad Geamttriam, 
& Aaaiyjtm fMorwm iiaUt , heafletijjmto a$*d Etctms tcfii. 



Sed ftsus ojhtsdtrt aggixdiaralnstitCircaliTeiragoaifmrivi^K 
Hjfmt* firie eaonadam rciiangaior-urn tdedniiim a CekttrTimt 
Tbikfofho , & Ceonseira Renan Bet Ctrta , ^tm fefi frtmam* 
avBn atejat lihelis cdstionem . inttf tjmOfttm rftinm* , Aimftt- 
ledtms tmna 1 704. -vatgatafait pag. 6. Lsccrptorum cs Mffi 
ad cskers Valaaaats: ettsue fic froitd.it. 

Adquadtandum cnculum ,in- _ jrj S 

quit , Jiihilapnus invenio, qu^m 
fi dacoQnadrato BF adjungatur F - 
reaanguhim C G , comprehcn- 
fum i"ri> lineis AC, & CB {dn. 
Humyttfft fafpmst diamctrum AL, 



r j**s uipim A : 

d fit sequsle \ /° 
atiBF:item 
faAuro cs Ji- 




angvhtm femireflimi LABJingaU 
parailcia £ L xaaemar fnis djftmi jdC 
tin a fniiBo A \ quod fii 
qtmaE.pani quadrati J 
rcdtan£ulumDH,fafli 

«b* A, D G, xquale quxme ptrrti pwwdenris : 
dem rnt>doieaaaguten£l,aoyK«Im mfinit» ,ufc|ue *d 
X, quc tsnuiia jnmiJ rcjuaban tur wnn patti quadnti B F 



difhm 
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HSbn:. tfi,. ac demtmfiratUT di Arcbtmada. Ek Quadc Parab. 

prop. 1 j) unde fuperat frimum tetmimint ipfiut trietil: ] Et hxc 
linea AX crit diametcr cireuli , cujus citcumfcicmia srjua- 
lis eft circumfcrcntii hujus quadraci BF: eft auiem AC 
diameter citculi oftogqno>, qttadrato 11F iCopciimeLra, 
infcripti: AD diameter citcuLi infcripti figura \6 late- 
rum , AB diameter infcripti Egurs. ;j laterum, quadraccr. 
BF ifoperimetrar i & fic in infinitucrt. . . 

Qnod fic demanflro .SitBS (emiiatat. enjttftvi* polygotti ( ab - 
b)t quadrati ) ttrcala diametri BA\ tiremnjcKifti-., tkjccjnt SSk 
proiacatur ai circamfcrentiam in. TierifST dtamtttr tireati, 
inftripti fotygano iupli nameri iateram , et- ia -ta> cafa oOogo. 
n» . ikmmttro: etdtm. friori fioljgom: hifatiam qnippt feJda, 
miqnt JE R femdatat poly. 



a^&QB-p.tntowr.RO, .'■ 
gtui^pJal-tentmitnmtro cirtm 



Svcri eleen. ySQadQB,-vetOT,*it 

a*xa,& f»iMmm S.T ad TOr,atSB ad BR, &> 
fmpft.t cmfaqaeaiim* Jspb\ST tUTiJu BA, mt SB tti. 
daptam BR, kot tfl ad tutgrum htat ptdygoai ( qaoin.nf. 
erit otlogoiiam > dnplo laterum numero ctrca. arcuhm diatmtri. 
B A defttipt, ; efi, tmem S R fimiktm primi poiygom [ aamfe 
bk «uairati J httta iutegrttm poiygoai ifoferimttr, , iapjo latt* 
r*m mtmtro Jefcnptr, ,t eavfttt, n*»S.R oHa-v* pars tfl ptw 
r.metri qmtdrati R F', & fiovtalti* ^t.oaaUt^, patttfi. 
mrltttmt, orlogont tfft. fautm jtxlamdceimaat ejat perimetri , 
aJeoqat tqnari later, tm^tafigm^ifofcrimttts t b Ittcrnm, &r. , 
erfo ST aiARefi,Ut latta tttUgram potygoni dapio. iatmym. 
mtmero deftr.ptt, & ifaptrtMtltt prtor, fatygono., ad lalat inte. 
graar paiygom dapio latertm numcro ctrtnmfcrtbeiitit tircaium* 
iiamttri A B; qaati citm AB fii diameter cirtuii, m/ cirtam. 
fcniit ar pvtygavam dapii Uteram nttmcri , enjat femiiatut BR T 
ent etiam S T diameter ciratit tnfcrtptt polygona fimtliter. dufti 
iateram nemeri , & ,faptr.mt'ri eidern frmo polygono i Qaol 
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m auttm rcBangulum T S P 
sqaale qaaitato fcailacerts B S, 
adcoqat aquatt qaarta farti qua- F" 
iratt BF,fime, en Conftruaio- 
nc Caiteftana ; equale rtctangnla 
AC£ ,& tiiitts ntrcbiqnt aqua- 
lihttt quairatis OP,OB, firnt qua. 
irata OS,OC aqnatia , uudt & 
tMa ST aqnatur.tffi AC; quarc A 
trit A C diaacter tin ' 



rcuti infcrtfti V / 
quadrato B F. 




Simtlltcr ofieniettr A D tqua- 
litiiametro cirtuti infcnftt figtira 16 lateram ifopcrimetrt 08»- 
gtno praceienti, oiiojue & ttitrn quadrato B F, eoqubd ADC 
aquetnr qaartx farti rcSanguli AC B ,ftu ASP,vel quadrati 
BS,.aktcrc fraiitii oitogaai ifoferimctri itfpriftt , adcoqu^ 
ADC dquetur quairato dimtdia B S , unde fatlo fufer A C ft. 
ihicirculo snfcriftn vfJogono latcris BS t (ff ad'ejus laterts bife- 
Bionem ia8a ese ttntro fecante , ufqut ad ftrtpieriam txtenfa^ 
tfitnittur btc=.AD,ut frtut cftcnja efi ST=AC. 

Eodcm ntoio trit A E diameter circuli inferifti folygtmo 3 1 
Ittcrum , friaribus ifopcrimetrt ; tjr fic froctienda babtbitur al- 
ttriaidiameter folygoni tfoperimetri latenmt^^mox n$,&fic 
in iiifittitum j ntqut invcnietur tertniitas X hajus frogrtjfionit , 
ntfi abifucrit iemum AX aqualit diamtira circnli injcriftipo- 
lygono infiaitorum laterum,ifoferimetro eiiem quairato BF;ba- 
fajmaJt mcrb folygoaam infiaitUiuterum tfi iffemct eireulas ;cr- 
g* AX tfi iiamttir tircali ifoperimetri tiitm quairato BF . 

. Es qttta ex Galtlao, Dial. 1. de nov. Scien. Circulut efi 
mciiui proporttonalts intcr folygoaum jibi circumfcriftum, & aliui 
fimiic iffi ifoftrimctrum , ettt tirtulut Hamttri A X mtiio locn 
froferttonahi inter quairatum fibi circnmfcripcum , latcre w- 
ieitcet A X icfcrtbenium , & quairatam iffum fibi ifopcri- 
mttrtim B F , eujai latui B A ; finit famfta mtdia frofortioirali 
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intet A%, AB, Ttt bac Utus ^**ir*ti tqttalit eirnh dia- 
mttri A%,& abfoluta erit cirtali Qu*ir*tur* i Sed im ietcr. 
aimaiene lirtea AX. tata fufenft difficaUat , buic mim in iufi- 
ttttum affrofiuqsare licet ,fed *cs feuitut aitinger» tiiins ter- 




ceutro A ,raiio AH quairaus cerfuli HMDV: fitquft 
HAC femireclut , qucm b.f*riam diw-fot reita AK, &~refi. 
ittna VLAH, item btfariam fe.-et tcB* AL,&Jic ietmrfr. 

Erit quairatum iufcriotum ctrcuh ai eircultrm , in ratrtmtj 
compofitaex ACad AD, AK ad Al,AL al AM.&Jk 
Jeittteft ex aliit cboriii bifecautibut rtfiiuoi auguhi , *i taitm 
tirculi A D ; Circulustxrb ad quadratum tireumferiftum trit in 
rasicue comfofita txADaiAS, A I ad AF , AM *i AG, 
tVfic dtiaetft ex uiiit radiit tifetantibus rtfiiuot anguht , ai 
torrefforAtttet ramot Coashoiiit : qua rationet comfcnentet , fofi 
aliquat bifc3ituts,firi itt rutieuem *qu*lit*lis Jcgenrratrt : ii 
uunm Rc efttaditur . 

F N*m 
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Nam fi jungantur HCO , HK D , erittriangtilkm ffC A ai 
triungulnm HDA,ut AC ad AD: fimititer junila retla HLI, 
irit triengutum HKAad triangulam HAI,atAK ai Al: 
ntcnoa ofltndetur tnangulam HAL ad triangulam HA M , uf 
ALeiAM, &ficfemper. ; Erik eatemtriaagutum HAC olta-jx- 



gara 16 lateram part trigefima ftcUnia fbrct , idefl preeiie^ 
quota pori e!fet triangalam HMA figunt ;i laterum tidein^ 
eireuh iafcripta ; Qustre polygoaoram in circulo HDO iefcripio. 
rum , erit quadratam ad atiagonum at AC ed AD , otlogcnum 
ndfiguram ltf iaterum, ut K A ad Al , & fignra i6 lateram 
«dfigarem lateram }i , at LA ad AM; Katio igitur.infcri* 
fti qaadrati ad eircalam , qua cmnpenitur tx ratione qnairati 
ad oftogonum, & bujut ad ' figuram 16 laterum , & bajusadbac 
adfiguram laterum fit diincips ufque ad figsram infini- 

torum laterum , cnjufmoii eft ipfe circalus , compofita erit e» 
ranonibus CA ad AD,ZAai Al, LA ai AM, &. fic ia 
snfirtititm . _ . '■/' ( ,-.\- f . 




5 part qaairati im. 



culain(cripte;tri. 
]q angalum anlent, 
HLA ejufiem fi. 



Tari- 
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De Circulo. 43 

tarittr, tiim fit tnangalam HAS oSava pariQuairaiicir. 
oamfcripti tirtmh HDO, & quadrilattrum HRDA, cajus 
iiamttcr AR bifccat angalam HAS,Jit faritcr oSava far; 
circnmfcripti oSogoni , crtl quadraium ad oilogoniim , ut trian- 
gulum HAS ad quadritattrum H RDA , ideft ut S H ad da- 
f\amHR,mel ut $A\ A H ad duflam A H , five «t dimidta 
SA\ dimtdia AH, ad AH, nemfc ut AC\C E,fivenl A E , 
ad A D;& fic cadcm ratione otlendctur tfie circumjcriflam 0S0- 
gotmm ad circumjtrtftam figttram s 6 laterum ,ut F A ad Ai , 
& figuram laterum 1 6 adfigarum laiernm 31 ,ut GA ad A M, 
& fic femfer ; quore circumfcriptum quadralum erit ad ctrculunt 
in rationt tompofita EAadAD,FA ad Al, GA *d AM&c, 
atfote iu ratiene compofila qugdrali ad oltogonum , hufut ad fi- 
guram 1 6 latcrum , bujm ad figuram latcrum 32, & fit dein- 
ctfi ufque ad iffum cireutum , qai efi figura infinttornm lale- 
rum . Qttod erat dcmanjirandum . 

Hincpatet, rationem ex E A, ad AC , & F A ad AK ,& 
G A ad AL,& cxlerii dtinctfs ramit conthmdtt ad chordas fc- 
micircuii,compofilam,squartrattoni dufla } quaiis cft ctrtttmftnpsi 
quadrati ad injcriplum eidem ttrculo. 

Obilcr binc colligi poteft nwut modnt , Concboidcm dejcriben- 
di , fi tttmft jtcantium AIR,ADS txcefiut IR, DS Jufra^ 
radtoi A l , A D , btfuriam fecnttur in E t B , linta qaiffe io- 
ctdens ftr funBa E , F , H ertt tffa Conchoii Nicomedea : ttirm 
quta P R efl mtdttfai ipfiui AR ,fi etiam R F fitmedietas iffi. 
m K /, ttttqae refidtta F F ertt mtdittat rcfidua A I, hoc ejl 
squabititr ipfi B H: eodem modo oftendetur etian CE sqttatit 
eidem BH, ergo eurva HFEcii Conchois , rcgnla BH, instr- 
•vallo BH dejeripla. 

Htc atitem frajenti Schotio inferert vijam fuit , Itcet digntt, 
videri pofjent , qus ittler Frofofitionts recenjerentar , ne iffarum 
mmeritm, fafe in ofershns noftrit titatam , augcrcm, otdintm- 
qat tarbarem, ut edilionis ulriujque mtlbodo, & dijfofiiiom ci- 
tationts omnei eorreffondtrent . 
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EPtDOSIS. 



ANtetjuim ad alteram Libelli partemptogredi«r, opor- 
tunum duxi,aliks vacaturum hujuspagells; refiduum 
implere , addufta demonftrarione veritatis fupta enuncia- 
taepa^, 10. oJjfsrin, de- Solido Infinico. ex CifToide cirou 
diametrum citculi genitoris revoluta : hoc enina , nullo 
fchcmmate a.ihibitof qnz methodi Leibaitzianz ptxfttn- 
tia crt > (k foja hujus. cuivse natuta. demonftraie poffum , 



[AJ - [BI jgL., [C] '££ 



gifira ftilicerdiametto =3 a, paitc abfcilfa abinicio Cif. 
idis E3 & circumferencu genvtoris cireuli =s r , erit 
enim o— .r ad * , ut ( A> ( ncmpc circulus radii j- ) ad 
[ B ] — circulo defcripto ab ardinata Ci.Toiiiis, quo duflo 
in dx y prodit (C) elementum fofidi ab ejufinodi revolu- 
tione producti, & hoc refotuto in feriem UiGnuam fer 
caf. 10. it. %. H»g. habetut [D]t[E] f [F] &c. cujus in. 
tegrale [ L ] f [ M.J f [N ] &c. 3 fohdo altitudinis x ; & 
ubi jrs3*,'Gt integtumfolidum [ O] t [ P ] t (QJ &c. 




(L) 




= Infinito, ob ■ 



iatores , 



* *&* * •& *S> 
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PARS ALTERA 
DE HYPERBOLA- 

F RO P O S IT 10 X. 

INtir afymptotor BCG fr iJcm - funStm \A Jefcrifta ft»t iu. 
^ntdf Hjpcrbol* AEF prma,feit liaearis ab Afolloaio iU 
laftrata, A r t ficuaia, fiw 
^saJratica, qus. Cl. Viniiana ' 
Mefilabica Jicebatar ,iti 
tertia,feu cabica,A\ ji<- 
autiratica ,alitfue altiorum 

fccet altcri afymptoto faral. 
lelaEi i ; G. 

Dico ipfas AD, EG , i G , i G , jG eW; tf! /r». 
pomonaict in ratioac GC adCD. 

NAm ut G C ad CD, ita A D> ad E G in prima hyper- 
bola ,tk uc quadratum GC adquadratum CD ideft 
in- duplicaca priocum- ratione, ita A D- ad i G in hypet- 
bola fccunda , & oc cubus G C ad cubum C D , ita eadem 
AD ad iG in hyperbola tertia,hoc eftintriplicataprio» 
rum ratione, acque ica dcinceps , ergo ipfa: A D, fiG, 
i G , % G , 3 G &c. funt coutinufe proportionales . Qpod 
erac demonltrnndum . ?RO. 




46 Pars Altera 



P iO P O S IT 10 Xf. 

Iifttm fcfiiii,f*malar G D aqaatit Jiftaniia h ceatro DC, 
& ftr fmtSmm & oriinctar commanss *fticata GE. 
Dseo , fyatium frimx by 
ferbcte F EADGO,adfar- 
tts O infinstam, aaaari tg 
grcgalo ex iafimi, fpat.n 
emuinm byperhlaram fer if 
fam\ G E rcfeSss J ■v.iet, 
tet G E FO, f G i i O 

i^-Ompleatur rei>anguium GDAj,& per punflutn ■ , 
V>* inter arymptotos A D G 'tranfear iiyperbola aef 
ptimz A E F zqualis prorfus, & fimilis, ac fimiliter pofi- 
ta , imd eadcm fola pofitione differens; eritque fpatiumj 
O/foGO idem quod OFE A DO. Ordinata igitur ubi- 
libet <E i i 3^,quoniam,pfr praeeientem,c{lEgid ig,ut 
^CadCD, erit per converGonem rationis g E sd iE, 
ut gC ad g D , nempc in ratione compofita ts jC jdDC 
( nempe D A ad^E ) & DC, vel iqualis DG, id gD 
( feu ge ad Gaaur D A; hx autcm duse rationes compo- 
nunt illam, quz eftg e ad^ E , idroque tzg E ad i E, quare 
fer Fropof. i. ge srqualis erit omnibus proportionalibus 
terminis Eg , lg, ig, 6ic. Gquidem eft tectia pro- 
portionalis poft pnmam dirTerentiam E i , & primam ma- 
gnitudinem EgjHoc ubilibec demonftraco, patet omnem 
ordinatam eg in fpano OftaGO zquari omnibus otdi- 
natis aliatum hyperbolarum per ordinacam GE refedla- 
rura, adedque & ipfum fpatium Ofea GO, vel illiiqua- 
le OFEA DO,arquari prxdictis infinitis hypeibolarum 
portionibm. Quod eiat demonftrandum. 
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COROLL. Hinc ablato communi fpatio OFEG 0,fpa- 
tium hyperbolitum DGEA, ordinatis-pioportionis du- 
plx intcrceptum , zquale erit infinicis fpaciis quadrabili- 
bus per rcliquaj hypcrbolas detcrminatis , nempe G n Q 
fGnOf G J3 06iC. . ; 



P R O P Q S l T r O XII. 



SUmft» fardUhgramms hjferiott infcrifto fro mnitate , erit 
fpatinm Byferhliemm,ordiiuti! ratitmit dnfU iatrrje£l*»L*,. 
tuntlt feriei fraSioima , m qmibnt anitai deaominatur frod*8tt 
fingulornm fer ordincm nimcrcrum i B terminoi rationit dmfU . 

OUia cnim pcr prop. k>. EG, tG, iG, 3G &c futlB 
contiuue proportionales ia ratione GC ad CD,qug. 
hic efl xatio dupla , eric & feties aeque altorum rcdlangu. 
lorum EGC, 1 G C, >GC, jGC &t. feries rationis du,. 
plz , cumquc E G C compatetur pro unitate , eric i-G-C =:- 
femiffi ,& »GC=quadranti, & jGC=oaanti &c. fed 
tx his, quz demonlhavimus im <H»genitwii • cnf. t, ». 1 1. 
fpariurn hy pcrbols fecundz Gi iO= mfcripto rectangu- 
lo , nempe fcmilE, &fpatium hypcrbola: tcrtia: G 1 2 O = 
femiffi infcripri rc£ranguli » GC,ade6quec5™ 4 , & fpatiCi 
quarw hyperbalz G 3 Qs tcienti reftanguli j<*C,atque- 
adeo:=— s &c ergo agregatum ex illis fryperboricis fpa- 
tiis, ideft fcr CeroU. frof. frstci. ipfura fpatium ADGE^, 
ordinaris ralionis duplx in hyperboia primaria mtcrjeclu ,. 
Kfcrici in citulo propofirz. Quod erat &c. 

COKOLL. Quofliam Quzlibct Hyperbolica fpatia ,or.- 
dinatis ad alccram afympcotoninierjeaa, funt interfo , ,ut 
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Tationcs estreraarum ordinatarum , ut oftendimaa »'» Ho- 
gtniaitit ttf. 6, n. 3. cognita ratione ordinararum ,quibus 
interjaccnt hyperbolica fpatia, cognofcetur eorum pro- 
poitio adfpatmm interjeflum ordinatis rationiB duplx, 
quare data in prccedenti propofitione hujitsJimenfiQ per, 
infinitam feriem rationalem , qux ejufdem valorem quan- 
tumvis accuiatum determinat , inferviet ctiam pro Gmili 
dimeniione quoruravis propoiuoium fpatiorum ab hyper- 
Jaola refeftorum. 

S C H O L 10 N. 

HMc m! quatlrniiitav: Btfcd-oU pcr Ii:finitas Hyperbola» 
quadrabiles fcrtineni i fufrrcif , nt idtm per Jnfinitas 
Parabolas ajftqui tctitem*i . td quoixnlii aihnc fatiliui 
ihtfriittatoiitiiiBHrtiiiiNam ios, *' ftaftli f*mat , Moiitolim. 
fl!#av,i.>H fuire:,cUm fefe al fercgrinam ,oc»ti noftra bac Ve- 
mai eirihfitt , atamJtimm i*ur GtemeMM Lmtt oim rcttf- 
tmt>dtf*be*Jmi*i;ftdfive nwtm^fine arttiqnam bervm m*~ 
riraaMrtr*™ riftf**m iattUm , fic tUsm nn *Jmmmm . 

.-. 1 ,« .:, r ,jt OfOJir 10 TS.UL 



TJ WftfioU A'9 4mtef c 



, q.li.l fitt ft- 

ntUUABB, iSl .... 

"*$¥■" ivSfTHt 

ncro nd ceniram AL ,jican- 

uB^i«C,>ffi*CDJt» , 

SE,&Gii (umtturtcrtia^ ' 

frofortionalit EH,& quar- 
m E,I, atqut ila deinctft ft ' 
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Dho.linta*, EBaattari o»*>i-s jftit tnfinitit ttrmiuiiEE, 
EG,EH y £I&t. 

COmpleiis enim parallellogrammis DAM,1 : EL sequa- 
]Om.m »»• *-C«wV.cmFG «1 CM^feM £fi «4 

M A, vtl FE, ut eft^n} MA.Vgl F£ ad f E, guia cign 
FB eft tertia propoitionalis.poft FG primam difffreptiam 
proportionalium te^mibarum■, ft FE pVirmiHi'itertnminrt, L 
'erit tx p-rop. i. FB sequalis orflHjbus firaul ptasflliaia t«mi- 
nis. Qyod erat &c. 

T Z Q t<0 8 IT 16 xir. 

Ilfiemftfitit, & intrA triangthm CAD Jefcripu triiitm 
fTatola aaaJrattcaCHAD,cajni vertex A y iaagtns ADi 
item trilimo paraitt* Cnitca ClAD,if aliis in infinitam al- 
tioram gradmmn *x onbnt faeetseattnm . 

Dict, Spoliam Hjferfalicum A MFM aqsari paraUelogram- 
011 MAEF , tnm triangnlo AEG , & triliaeit fnrabolicis 
AEH,AEI, tftirifant deinctps per eandemordinatam aifciffis. 

Llnex fiquidem FE,EG, EH, EI &c eiunt continui; 
proportionales , nempe correfpondentes poteflatibus 
abfciflarum DA , AE ordinatim crticennbus , ergo fit 
prop. practJ. erit aggregatum *x ipfis equale lori F B ; liini- 
liter ducla quavis alta parallela fb , oftendetur , hanc xi\ua- 
lem eiTe aggregato linearum correfpondentium _f ? ,ge } be, 
it &c. ergo omnes iineat fpatii hyperbolici M A B F arqua- 
les funt omnibus lineis parallelogtammi M A E F , necnon 
omnibuj Trianguli G A E, &tril|neorura H A E,l A E&c. 
adeoque ei methodo IndiviCbiliutn ( quam in prfcfentl 
negotio, & in plerifque antecedentium Ptopofitionum fa- 
ci!i ad Veterum eahautfionem reduces, loco linearum af- 
iumptit asque altis parallelogramroulis figuras rircumfcri- 
G ben- 
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bcntibus ) fpatium. Hyperbolicum AMFB amuaturparal- 
lclogrammo, & Triangulo, Trilineifque parabolicis fupra 
defcriotis. Quod erat &c. 

COftOLL. I. Hinchabetur ,idera Hyperbolicum fpatiura 
A M F B [ uel huic squale ADLB] sequari parallelogram- 
mo AEF,cum femiffe fubfequentis AEG,& triente alterius 

AEH, & quadrante ipfius AEI, mox ~ ™ ~ &c. fe- 
tjuentium parallelogramraorum eontinu&proportictnalium, 
quorum- fumma xquatur 
• ipG MFBN (ob baGum 
xq>i!itait'pieoQenfam ), 
Pjieiemm .cumex alus, 
> turo elt-nobis Ftf: 8. H»- 
R grniMtrtm ■.- 1«. nedum 
ttianguJum G £ Aeflej 
™ citcumfcripn fo> partf. 
ir \:¥«- ■• telogfamm.femiu-em^fed 
A ■/ irilineumparaboliQja. 

* r " ""/V- c'wic*eDe triehipj Cit- 

biese verfi quadrantem, atque ita deineeps, fuoiuro ief. 
petliu* parallelogiammotnm . ■ 

COROtL.lI. Unde fequitur, compknientutrt paralle- 
rograimii M-FBN , fcincet refiduum fpatium A*IiN, 
atquari reliquo femiffi paraHelograrami AEG , & duoi>us 
renduistnentibusparallelogrammi A b H, curattibusqua- 
drantibus fequentis AEI,& — ~g &c. fubfequentium. 

COROLL. III. Hinc obvium eft, arithmeticam feriettu 
exiberediftishyperbolicii fpatiis aqnalem ,adedque aream 
hypeibolicam numeris quamproxiineeiiprimere, ad ipfius 
valorem cum noto redlilineo fpatio comparandum, fi vi- 
del:cet, determinato, ut priijs, infciipto parallelogtam- 
mo ADCM pio uni:ate, & M AEF pro quavis. ejus por- 
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L A J 7 L M J lx , — aa, A £ ai , AEIa**&c. 

*' r\h_L dkatur r P ac ' um ABFM= (A) 

[B] - ( N ) ~ t[-jt(C)t(D;t(E)&c.,.& 

1, ,™ ' AtliW = (Bjt2(Cn3(D)t 

rCl - (°) T_T 4[E]&c.Vel fi ffliv» pMallelo- 

1 J 3 grammum MAEF fuponere = 

(n , ■[ p 1 — - (-) fiet fparium ABFM— (M) 

(D) 7 L J4*« t(NJt(Ojt(PJt(Q)&c.& 

[E] — V<4 s _i t4(Q)&c. Nimirum f. AE po- 
J natuc femiffis ipGus A D/patium 

f\ \ — ABFM[jam icrminatum ordi- 

' * natis rationis duplx ) erit — ; 

i t ~ t J- t — t^ &c ( qux e(l ipfiffima feries de_ 

qoa *b fref. n. eandem _qualitatero oftendimiis) fpatiura 

Vero AtSN 3 i. t^ tl t _, &«■ 

PROPOSITIO xr. 

EAniea Quadmturam anaiytiea ejlenjwne confirmart ( ye/. 
dtmque cnm Leibnu^iana conftnfiim aftrirt. 

]D non melius afftquor, qulm fi doftiflimam Epifiolani 
hoclocorefcnpfenm,quaid,pro fua in me humanitaie, 
prxftareaggrelTuscft Geomctria:, & Analyticx rel confultif- 
Crrius Adolefcens ,& dequo magna fperare liceat^ Gabiiet 
Manfreclius, Euftachii Clariffimi Matheraatici, atq, Aftrono- 
mi PraftantifGmi [ cujus Tradtarum dc Curvis Pfanmriis 
Caffinianis , cui dudum incumbebat , espeftamus , otium- 
que cjus perfectioni neceffiuium ipfi apprecamur ] in Pa- 
trio Bononienfi Archigymnafio Mathefim pubiice Pro- 
fitcnris, Digniffimus Fratcr , tjuum illi meum hoc inven- 
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tum de more CommuniCaflem , eaque utrumque noltrunu 
follicftudo tenerrt, aanoa ciim Leibnitziana Se&oris Co- 
nlci QuadratUra, ABornm Lipfia 1691. Mcb/c Aprilis pro- 
pftfitS , confonunn cflet; [ Neutro fcilicet noftrum in Cl. 

catoris openbus tale quid de Hyperbola: Quadtatuta 
jam diit prapofitum efie fufpicante, quod poftmodLltnj 
animad«?rtimui v ut inPrzfatione jam diitum eft ] often- 
ditcnim ,cs lifdcm Leibnitziani Calculi ptincipiis, Aream 
Hyperbol* , tum ad noftram , tam ad Lcibnitzimam fc- 
neai reducipofie. Ne Vero. Tyrouibus Geometticis fale- 
brolior ejus oftenfia videatur , ubi pauio preflius aiguit, 
afterifmo» apponam parenthefi inclufos , iifque es ordinc 
lefpondcbunt Notx ad calcem Epiftol« iubneEtetidu , qui- 
bus ornnemdeducbonis vim in «perto pofuifleme arbitror. 



GABRIELIS MANEREDI 



EPISTOLA A£> AUCTOREM, 
Propoficionis hujas demonftrationi infetviens. 




Slt intcr afym- 
ptelot C L , 
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itite froxtmt bg, &ftr b ai BG narmglitbV, ferA-verb ad 
CK mrmalitAF : faaatarque AE—\ i,C£=:a, AF es 
b, A B~\n, nit B E - *r B G ->. a * g> 

Bb=zdxiqn*re fropterjimMa triangwig SAF , BbP , ertt 
b r s b d x , i»8a irt B G Jvve bg,aat ffatialam BbgG~i 
i^li ^absds tat>s*thc fibv dx f abx* dxf 
I bxl dx *V. C * 1 ] Cs« /«■/« Mfftrentiolt feriti 



1, ab** , 1 b k» . ab s' 



ft/ LetbaitT.aaafinilitrr^hmt^ 
tnrQnairatnra. Efto enim a—i Hntr-^X 
bttmHA iffa-Sa ■GAE J & tjmpi. 

Jem (cmitranfverfnm CA=Z», femife- 
cmiarinm ■vtra C F-t i , & aftamftt 
jtmiirfanga, Ujp-hoU G ,nq«t fraxi- 
mo g , janratnr C G iiamet— , n 
jviurnw» «J« Cg , &*j*nl}a Gg [ 
tangenf-rt jfiamtt axtm rn »,«k» 
f« txDndCG ferfeaiitntark K.D r 

& fortii Unet A T, qmx ttmrimntr intet A , & tangtntem* 
[fifitATtUCE n-maUt exjt\ja-\ K,««C.£ S 
TT *C£= 




rZTx [ * 4 3 *pt-tiaU 3 ^'l"^, [**]?**- 
Mm iifferentinlitt— quairatamm fumma ittbit lintol* Gg qaa. 
iratttm , qas frainic lineala trit lA% ^MaJtxt » t» 4 t»x* 
»t«*-»n 

l*6]fiuf^tM qntntmte ^aaxx t » tx* t »xx == c. 
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- j „it mtm C D , froftir ttugcttis 



HyftrhU frtfrittim , =3 [ * 7 1 * w < W» 

triaagala CGE,CDK, trit K D «gMfflf . 

taa — 

Tyi* y « ** t* » t » * « * 1 4 * * 
j-Bj &timJitGD^ £^1*91 
trit Mg ( artat circsli , ciatro 

■■ e c g j = 

tadi 




Vaas+t»a t»a»**t4«* 
[ * 1 0 ] Q»l qaantitas Mg iuQa iaCG Jut tttfim tnangult 

C G g , qaod froiuoe triangalma erit =. — t* * 1 1 
- a d 11 t a s x d x t«* d S t a d x &c. «>( /«w» 
fitivtgralta* t^ S t *S t V? &c. (* ■ 0 ft*«etur,ba*c 
Ttritm aqaari fetlori CGA, frorfat ttt LtHmtiriat eit. loce. 
JJemqac frofirtionalittr Cirtale , & Elliffi afflieabitar . 

Debet tgitar uectjfarib tua ingcuiefa saDcntso tvm i,s, qat 
B. hiibnitvias ofleudst , coineidere , istc mibi ampliai dabiun. 
trit, qninneflram ntrinfqae mtatent fim afftqaatns , qaatin* 
Vtritatem aaatimittr conffirare taniem ktfnbtmm . 

JcVirCl. &c. 

NOTJE IN PRMCEDENTEM EPISTOLAM. 

NE iterum cogamur Frafliones repeCere cumnimioTy- 
pographi incommodo , illas fubindc fjgmficabimus 
pet attenfmos adpczos, itaut quilibet afterifiniU cum nu. 
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mero conjuncto denotet, vel feriem, vei fimplicem fra- 
cbonem, qua immediate przcedit fimilem afterifmum in_. 
Epiftol* testu . 

(*i) Quoniara vrdeKcet fciies haec dufta in 1. produ- 
citfeipfam, ducta vecd in — * dat — abx* dx — abxi dx 

— <ttrx< Jx &c. ubi omnes termini elrdunt fingulos prioris 
feriei,iotegro_bli_m remanente «!> x dx numeratore fra3io> 
nn illius,cui hzc feries in Epiltola zqualis afleritur. Vi- 
de ttoBrs Hngtniana Thenttmala cap 10. n. j, 

(*) Differenti» enira cujufvis poteftatjs indeterminatzjf 
eft eadem poteftas ducra in fuum exponentera , & una ejus 
dimenlione diffecentiata , quantitatibus conftantibus-, qui» 
bus afficitur, invariati$ , quippe quarumnulla eftdifferen- 
tia nt oftenfum eft in Traflatu do Infiait, lnfiaitnr. in Scbel. 
frtp. V. itaquediffe-cntiando hancferiem pcoditillaprz- 
cedens abxdx t abxxdxt akxi dx tic. 
■ ■ [* 3 ] Sit enim integra diameter tranfverfa ACH, & 
tangens-G D produtta occurrat H L tangenti oppofitae Hy- 
perbotein L ; tntftr\i. 3. Comc T A in H L= quartz par- 
ti figura:, fcu quadrato fecundz femidiametti CF, nempe 

— ii unde tum AT Ct=;j:, erit H-L= i divifi per jri 
irtique 1 — xx crit H L in AT niious AT quadrato, feu 
HL- ATin A-T; & 1 ixxeth HLinATfAT qua- 
drato, feuHL r AT in AT i quare i-r xx . 1 \xx ::. 
HL - AT. HLtAT H'D~1>A . H>D t D A : : A-C 
t C D — D A. H A: : _-C B. iCA::CD . CA~ :CA . CB 
[ 37. r. Ctmic. ] :: a . CE xqualem ftaitioni propofiti. 

[* 4]Quia proportionalium EC, AC T DCetiaradifte- 
renttz funt propor-tionales , erit E A . LVA' : : E C . A Gy 
rel C H, & componendo, ac convertendo, AD.DB.-.- 
CH' . H E *.»t_* J-L quocl inftrtuta divifione per #, 
& multiplicationt per i — xx da( 1 — xx. 1 — **t**t ■ 
.*: 1 — xx. 2 . cum ergo in cadem rationc A D.DE6t AT 
feu x ad EG ,eiit hzc ~ fraflioni propouts. 
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( * 5 ) Cujufvis enim fraflionis dirfereatia eft factum « 
denominatore in differentiam numcratoris , minus fa&o 
ex numeratore in ditTerentiam denominatorii , utroquo 
diviioper dcnominatoris qnadratu : puta diiiVicntiaiplius 



idx~ ixxix~\ 4 xxix ( nempe a ixitxxix ) divifo 
pcr quadratum refidui CZ i — «x, ut denotat fradio hic 
afiigtiuta ; quemadmad£m & fuprs ipfius ( * 3 } diffcrtn- 
tiale poiiuim eft quod xcfultat tx divifione qxdx pet 1 

■f *1 — 1 **, quia IflWx — ifljrJjjrtia^' ^ * t taxdt 

(*6) Quadratum enim frafctionis poGtK in Epiftola* 
pauld prjfl ( * 3 ) — 16 if>Ji' divifo per quadiatunvt 
ipfms 1 t* 4 — »** j 8j quadratum alterius fra&ionis ,qux 
in Epiftola adducitur paulo poft ( * 4 )ell Irinomium ^dxV 
j- 4*» dx l f S j-.viij-' divifum pcr quadratum cjufdenu 
it ~ 2* *,adedqut unumque — polynomio iSaaxxdx* 
1 4 dx- f^x* dx l 1 8 xxttx* , cujus iadix eft quz hlc af- 
fignatur, 

(••j) Vifum eft emm **m. 3 . effe.*t 1 ad 1 ut 
CA idtft a , ad CD, qux proptcrea cnt , ut hk notatur, 

(* 8) HamCG efl radix quadratorum CE,& GE.ideft 
(* ! &( *4) eigo CG ,zquahs radici polynomii ofl.v* 
tflfltiflfl—t^' 1 * divifie per i - *-,eft ad G E ( * 4 ), ut 
CD [*7]adDK zqualero fraftioni propofitz. 

(* 9 ) Etenim DA = CA-CD = <-(» 7 ) -axxiu 
_flt ejf * divifis per binomium xx \ t , feu S= 2*.** pcr 
jdcra binonuum divifo ; *ft autcm CD = [*t] ad C A 
tta, 1» ipfa DA ad AE, qux ideo prodit iaxx divi- 
fum pet r—*if, unde tota DE fit fummaes 2 ar.r d.)vi- 
fo pcr xx-f 1, & cx eodem divifo pcr i—xx; quod re- 
linquit asix divifum pei 1 — x* ; jam, ut differeotia CE 
— ftaitioni, qux in Epioola fubjuogitur poft (*j) ad 




itaque diffeicntia ipfius [*4 ] =aggregato 
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Cg=i 2fi/j. divtfo per quadratum ipfius i ~_r OE, 
=5 fraclioni nuper iaventa:,ad DG= ("9), ut proponitur. 

(* io)Obproportionales G O.D Kr.Cg.g M.fitff/J 
ad i«jf_ iarJ divifos per faaum es bioomio 1 t** m 
radtce polynomiiufljt* f aaitaaxx 
t4-*"*, ut icJx divifus.perquadra- 1 
tum iplius i-jrjr ad aggregatumj 
2 4«*- * a;r«<(> - laxxJx 
t lax 6 dx divifumperprodu6tumej; 
polynomio 1 — xx— x* f x* in radi. 
cem polynomii fl«*4 f aaf taaxx 
t4**, quarfraaio evadittandcm:=: 
(* 10 ) dividendo numeratorem pec 
1 x* t «* 

( * 1 1 ) Qutppe e>r diftii nam. 9. C G =1 radici polynomli 
aax* t flflt taaxxfnxx divifa; per 1 — jth, qujedufta 
in dat pro rcctangulo duplum propofitx fraQioni», 
cujus ade& dimidium triangulura elcmentarc CO^ eidem 
frafttoni adgquatur. 

(*i2)Hxe redu&io in infinitam feriem irianguli ele. 
mentaris r ejufque intcgrario pro valorcSectons Hyperbo- 
lici,patet e_t jam notatit in (imili od nnm. I. <f X. Quare 
manifefta funt omnia Viri Clartffimi- Pronunciata, : Qur 
tamen nolim pro Viris in Geometriz adyta jam admiflts,. 
fedproTyronibus tamum notata efle i.itaque. . 

Qmi fetit h*c novit , ne fibi iiBt fattt: 
Quamquamadhuclonge pluribus. dicendum efle.vereor : , 

fi»i' atqmfii c*piu*$ , mnfiti iiQa fnttnt. 

MONITUU. 

DUm nuper Florentia tranGrtm.Pifas reditutu*, apud 
Celebercimuro Magliabechium Acla Eruditorum Li- 
pfia: anni 1708. cutfim vidcce licuit , in quibus novatru 
H Analy- 
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gis coramodam, ab Itlultri Leibnitzio propofitam , ufur- 
pah ammadveiti , curs voto , ut Gcomct rz omnes in ea- 
dem figna conJetuiie velint. Idem & mihi propofuerat 
ipfe Leibniuius , doctiffinvis littetrs fuis dalis Hanoverz 
n. Julii i^oj.quibusOpnfculutn hoenolirum tetragonif- 
micum commendabat i fed non auius fum ad praxira de- 
ducere , nc ram frequens Ggnorum mutatto confuGonem 
pacereti nunc autem , ctlm cadem Leibnitziana figna re- 
cepta apud Germanos videara , mhil vetabit , quomimis 
eorum ufum & apud italos primus lpfe promoveam . 

Itaque pvo vinculo conjitngente aliauod polynomium, 
parenthefim deinceps apponam ; pro figno divifionis ,duo 
punfta adhibcbri, quibus dntinguetur numcrator a deno- 
■ninatore fraftionisj promuitipiicationis indice,intei duo 
diflincta membra c«jficiemi»,.unum comma apponetur, 
nifi fimpfes illortim jmitnaofitio id' fatis exprefferit. 
- : Ekefopli caufa d«noiabiea divifum peri; undt. 



Ji' fraAidni ei/ divjforptn /f, Sve etiam [ qnod aanjalkas 
fraaiommt pofcit ]:e&radi, -uef tdg; unde fjpc noo 
alioindigebiMus.figiWpioportioriahtatit, cum.idem infer. 
vitt pcrffit ad'»qifalitawni rmsonmn indicaiidam,quod ab- 
foTtitarwn^awt«iJini*rpalitatomFeferre jam folet.Ruc- 
fus ubi iiiveneri6 xx :(afx )■ , inretliges rx dioifum pei 
quadratum totius ctMHpleJci afx ;itero[ la — x] 1 -**]: 
( i a — x )' ligniricabiccorrrpleitfi es quadrato iplius m — jr, 
i; cx — j-j-dividcnohim perqundrarjimcompftKitx ia~- jt; 
Similiterque denotabit ipfius x talem poteilatem, 

quara indicat unitas divila pcr p ; eademque ranonc 

iufx )'■" cxpriract complext *t* talem poteft.itcm , qua- 
:m mrer-ii o divifutn per m. Pariter \'{'«n \kx ) ltjl.it pro 
rariice eiuirada es binomio aaf.rr . Quoiies occurret 

«W^ti , Jwdicabitidiquantitaiem.fiadi^deberefaautn 
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es/in complesum g^b i quod fi totum tt\f muItipJi- 
candum fuiffet per^t ^ fcripnflin) [ ^t/] , CftnJ. Ut 
multiplictttu vero ai* m faftum « r t f duflo in radiccm 
mf, fcnbetur *i , (cU),^("'\'")-^C fcmper ad 
ad indicandum fa&urn cx plurdius quantitnibus invicem 
mtiltiplicaris, commate jntL'i tingula niembra pofito,res «t- 
pedictur .- excipio numeroi , in qutbus multiplicatio de^ 
more indicabitui infenis punflis ,ut a. }, 4, Ggniffcat fa- 
flum ex his tribus invicerm duftis, nempe 14; Tandem ubi 
OCCUirent feiiesplurium fradtionum , aut lUas raare folito 
interpoGtis lineis indicabo, necenira fpatia ryporum val- 
de tuibabunt, ll estra testum litterarum iu una ferie to- 
taa aliquam lineam occupante difponantur 1 vel fi iplas 
Lcibn i ( zi a n o mod o conlignarelib ue r i t,pu n ftu c c m comm *- 
teinterponam fingulis ,ad eas didinguendas ; ut bf: r i 
t**" : • * t*f" -■ / fijepificabit/ fta&onera 1 e* :hg" diwi- 
fo pcr r, cum alia fraftione ex ae" divifo per * ,cuniaiia. 
mrfus in qua */*» divicutui per f &c. ■ ! 

f R 0 r 0 S I T 1 O XVfc 



mo S. Ingeniofif- 
GmiEpiftoIitfu- 
perius addufla:, 
nifi qu6d fuppo- 
nendtis eft C A. 
feflionisaxis ~c, 
ALverijautAl 
tangentis poitio vcrtici & afymptotis interpofita- (qux & 
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xquatur femiasi conjugatopw 1. 1. conic, ) elto 3 i ,adc6- 
que A E non jam pro umtate computetur , fed St3 « ( u ti 
&Ct illi m hoccafu «quali&J fiet (am 4 V = iii; ■ , nem 
HG = «■;(«—'>- ] f utexlimpljci hnearum proportiona- 
lnate patct ) ftaquc fpatiolum QgiH = *bix:(a — x) 
ideft = *J*s t b*4x ., i \bxx«* ■ ix:a\ &c. 

eujus Integtale, ncmpefpstiura AMH(j = 4*it tx' 
t i*' : j •«. s ti** : ^ai &c ul hi^>tt quadratuia 1 nubis 
ftiperitatTadita. 




i«, quo valote^ 
locoiftjbftitutoitiquantitatc *tj*:[g — *] defgnante.ex 
diflit.fpatiolu eleuifntare Gj;4H, evadet hoc fpatioJfi = cii* : 
(i*— 1->) ,& rauluplicandoum r.umeratorc,quimd:.nonii. 
twtoremper i ,tnon denomioacoti adtiendo xx — xx (quod 
Bon vatiat va!or(,cum fu= o) fiet t acd* .[ & ■ ■ — <;■ > » 
txx — **]feu lecix :(»*-*)• - x x) =! diflofpatiolo. 

Ctim fit autcm K L parallela C A fcr 44. 3. Cojhc ut L A 
ad AO, ita XG ad GO, vel IQjid QO, & fumma an- 
tecedcntium L A t I Q ad fummam confcqucntiuni A Q, 
fru ob parallelas, LMtCH ad H M ncmpe 1*- xad x : : 
L A, idefl 1, adAO = x:[m — x] quam vocemus tiet* 
go ipfiui r differcntia dt = isiix:[ a — x ]> cjufquc qua. 
«Iratum «=:*■* :[ i«~ k ]' ,& 1 - ft r=[ ia— x ] l - x x): 
( 1 *- x)' , & *•*/=! if*«"je:(i«-x)' , &dcmum J 
'"iE.'-/']a W^Ku-.Ji-x^s fpatiolo 
GHt;, quod tefolvendo de tnore in feriem infinitam, 
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prodit rJticitJtftH itftt* dt&c cujus integrale jara 
e^itr»it'■* , ^Jit*» 1 : jit'" T &c. prorfusut Clariflimus 
Leibnitzius dcterminavit , itquaie fpatio A MHG , Gve_. 
fedori hypeibolico ACG , cui illud sequatur, ob trian- 
gula CHG, CM A aquaha,& commune ablatum H RC, 
ac utrique additum fpattum A R G. Patet igitur noftra- 
rum fpeculationum confenfus cum profundifljmis Summi 
illius, & Incomparabilis Geomctra: cogitatis , quamquaro 
haud putahm per tot ambages ipfum proceffifle, fcd lon- 
ge Gmpliciori demonftraiione [ illi forte affini, quam pre» 
Circulari, & Elliptico feflorc frof. g. jam dedimus ] itu 
Veritatishujus cognitionem veniue. 

SCH0L10N. 

Slmilt qnid dc Hyptr ■ 
M* Cl. Hngmiai 

ffofofnl indiatribadc 

caufa gravitatiss fnf- 
foncm inim DABby 
ftrbolam dq»il$tna\t*- 

j*,f,miax,% CA, mfym 
fltliSC, CV, inBaatit 
Usgcntc AV= AC = I, 
tcjnnBo qnonis alin ra- 
moCB Jcctitt AV i* 
K JiAK. votttmr a ( qne 

crit minor tnitatc ) fitt fcBor ACB ai trilngnlum ACV ,*t 
fcrict a;t» ! .' J ita> .- 5 ;ta' :-]&c.adi. Qaod iffum dc i*t 
fcrifto qtairtte AGCF , cidtm intngnh CAV *a**li , & dc ftg. 
mtte AG HB , W AFV B himt ad tfymftoton ordtaatit >*• 
ttrjcBt [ nant sltttutrum eidtm fcBari ACB aqutttr cx diBit 

inTract. delnfin.Iemm. i.EpifloIar Gcometr. ] nttUi&tmbm 
jarittr <wJ«/ ; Ncc »dmod*m divtrfa cfi dtmonfiratio . 
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MONHUM. 

» Bklutam vides> MiLeflor, Hy.peibolfe per infihkas 
J\ parabolas Quadraturam , & estra- cujushbct dubii 
difcrimen jam. pofiram J .oftenfo cjus cum Leibnitzianis fpe- 
culationibus con/enfui Admethodi tamen confitmationem 
fubdcte placet abquot aliuode nota ad Hyperbolx meu- 
furam pertioentia , qux es noftris hifce Propolitionibus 
fpontc fua profluuot. Excmpli caufa. 

tROFOStTIO XVII. 

QVellihtt HfftrbUetm jfftimm LCMAbB, HjftrbeU, 
&Afymftcto infiniti fmduSit uttr$i8»m, >fl >**£•""<' 
iinit ahfainte infimtd . 

OUiaenim.inhnc ca- 
fu idem parallelo- 
gtaronuiiuMADC cit- 
cumfcribitur, SttriangiL- 
]oCAD,&tnlineispaM-i. 
boIicisCHAD.ClADSte. 
tM,}Mxtmfrof-. i4-fpa> M 
tium Hypetboticum ia> 

tituto dcfignat um xquale 
inftripto paralletogram-* 
rnafemel iotegrfcaccepto, 
una cura i: t i i.-ai: ir* i i: r > *'- 6 1 i:tv 8CC, 
ejufdem . Verum omnes hz fraftiQoes , quibus unitas per 
fingulo* numeros.demaoiinatut , sequales. funt ]nfinitis.uni- 
tatibus ( natn tres: primar fupetant uniutem , & novetn fe- 
oucotes «dbocaliam unitatem excedunt, 8t »7. deiocep* 
altera unittte rurfus Ihntma»tes ( &8i.focctdentesfimili- 
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ter plufiiuam aliam unitatem conficiunt, atque ftaporri 
fumpw justa alciores poreflates ternarii , ut obfervat V. GL 
Perrus Mengolus Roaonienfis iitpraf.liiriJc Qualrat.Aritb.) 
ergo&illud fpatium Hyperbolicum longitudine infinitum 
arquivalcbit infimtis numero parailelogrammis infcriptit, 
adedque abfolutc magnitudiniserit inftnitz,ut dudurtu 
alii demonftraiunc , & nos ipfi oftendimus iit Hugcmams 
e*p. S. ». ii. Quod crat&c. 

COROLL Spatia infinita ejufdemgradus,quantumlibet 
finitaquant:tatedifteranr,funrinvicem srqualra; puti , fpa- 
tiuroLCMAB,& fpatium LCFB,urraque ad partes L Lin. 
finita , funt esacliftitrii arqualia , licet pnmum vidcatur fu- 
perare fecundum fpatio M ABF. Hoc quidenr fatis pcrfe 
notum eft intetligentibtis quid iit Infimtum , neque id trib 
lam apud Gcometras dubitationis umbram liifciperc po- 
teft , quum iciant , finiti ad infinitum nullam < ilc ratio- 
nero, proindeque non crefcete pofle infinitum es fohus 
additionc finiti , quemadmodum neque crefcit hnea ad 

quatom dirTcrentia infinite ezigua elt , icmpcr i Oeome-' 
tns, 8t Analyrlis zquaies cenfen , Ut praifertim ndere eft 
apnd Ihomam Cevam in eliganti Opufculo ie Fattb. ti 
nol tlliff. t«*6l & apud Hoipiultura A tofani txtgmti . 
Quia ramcn 1'h.lofnphotum nonnulli id m dubium voca- 
rc aufi funt, ex fuis dumtaiat pu [udiciis , ciaHbque lo. 
quendi , & nhroandi modo tem cneticnres, nongravaboi 1 
td eti(Xi de.-i.onftiat.one in hunc modum ftabilue. 

OlUnfum clt 4« fmfef. infinnum fpattum LCMft» 
atquan pirallclogrammo MACD, ejufcemque fcm.lu.a! 
ttienn, & quauiann , canerifquc paitiboi per f.ngulos OW 
mcros denominatis; eodem autem' rariocirrio conftat , 8c 
fpa tium infinitum L CFB xquari parelVctogrammo F B L C, 
cum ejus femilfe, triente, quadrante , firmlibufque parri- 
fcrusdeincepj aflignabilibus; luntqucintcgta paralielogran*. 
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aMA.DC, FBLC fer it. i. Caait. invieern rqualia, 
adeoque etiam utnufque fcmilTes , trientes, quadrantes,S; 
quotlibet firoiles partes perperud xquantur; ergo & ipfa^ 
infinita fpatia ptxdiila , licet fini ta magnitudine M A B F 
differre invicem videamur , exafle a:qualia nihilominus 
ciunt. Quod fuerat demonttrandum . 

S C H O l I 0 N. 

IMh , vtdwn iaftM±magnitudiises ttfmalts ctnfendi funt } cum 
fiaita ananitate ftmtt txctdant , fed attan/faquc ttiamfi ex. 
tefu atfabti tnfititn fe iavictm fupereat, paJSnat ntbilaaiaus 
eqaalcs manert , clm fciiicet inttgra magnitudincs , aus row- 
parantar , hhm fnertat in eoiem genere lafinitatis cwit fna dif- 
ferentiu , fed in ordine oltieri , ut fatere potcfl tx aliit di&is 
in Tratt. de Infinic, infiniCor. ptop. j, Cotoll. 1. 

FROPOSITIO XVHI. 



SFat/a VQ_MA, A MF B, ordinatis p , 
^ Af, FB(fiue caatiniis\jhf diferetit ) inttritS* Jtat 

ETcnim proportiom 
, leseruntpUerd 

flanti*acentroQC,M£ 
F C , ade&que eadem pai 
erit parallelogrammum. 
VQMJf ipfius VQCS, M 
quj FEAM ipfiusMADC, 
nec non eadem pars tri- 
angulii PKVipfius VSC.G - 

SixGEA ipfiusACD; 
nt autem tun integra parallelogramnu , tum integra^. 

trian- 
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triangula V SC, ADC intei fe xqualia ftr 11. t. Canit. 
ergo & eorum portiones fimiles V QM K,& A EFM,nec- 
non V K P , & A E G invicem funt arquales ; fimiliter oilen- 
deretur, reliqua ttilinea paiaboltca ,quz uttique fegmen. 
to corrcfpondirtnt,faiin utrobique defcriptione , quam_i 
fref. 14. fieri imperavimus , elTe pariter invicetn zqualia , 
quippe eadem pars integrorum ejufdem nominis triiineo- 
itim, parallelogrammis VSCQ, ADCM infcnptorum , 
quz,non minijsacipfaparallelogramma, invicem zquan- 
tur; zqualis igitur femper erit infimta fenes exprimens, 
jtixta prop. i^.tjufqnt corollaria, valorem , feu quantitatem 
Utriusvis fcgmenti hypeibolici V QM A , A MFB , qux 
propterea hac etiam methodo zqualia oltenduntur , non 
minus qulm id geomctnce faftum fuerit , tum a Gregorio 
a S. Vinc. aliifqur , tum a nobis iplis in Hxgtaiaait caf. 
6. 0. 1. & ia Efift. Gtam. TrmQ. it Ittfiait. Itum. 3. & 4. 
Quod etat &c. 

COROLL. I. Hinc facile fuerit datum quodvis Hyper- 
kolicum fpatium in data ratione fecare, puta in ratione, 
quam habet m ad 1 ,fumptis inter cxtrernas ordinatas da- 
tum fpatium claudcnies 101 mediisproportionahbu[,quot 
espiimit ih— 1; etit quippe ratio primz ordinatarum ad 
primam mediarum aOumptarum tam fubmultiplicata ta- 
tionis EJttrematum ordinatarum ,quam multiplex fueriti» 
unitatis, adedque prima ordinatarum curn pfima media- 
rum imercipienthyperbolicumfpatium =: 1; m totius pro- 
pofiti , ut oftendimus i* Hagtaianit caf. 6. n. j. 

COROLL. II. Unde etiatn contiat , quomodo fpatiiL- 
eadem Hypeibolica Gnt vclut Logarithmi rationis ordi- 
natarum , live diftantiarum a centro, ut idem Gregotius 
1S. Vincentio primus animadvertit , & ex iii, quz do 
Hypcibolz ad Logiflicam , feu Logarithmicam relationc 
demonftiavimus in Hagtwiaa. taf. 6. ». 4. & caf. 1 3. *. 8. col- 
ligi poteft, necnon hc. cit. itlvfinit.Umm. 6. oftenium eft. 

I SCO. 
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SC R O L I O N. 

HMt fatit ai mctboii , f ua ia bajui Quairatara iemtn. 
gratione ufut fum , illufirat^em , & confirmttionem aU 
tat* ariitrar, Nunc qti* fub finern Capitis 13. Hugeniano- 
run) aliam meebaniee trptiiliffimam Hjferhola QaairaturatL. 
exfimpliei TraSoria ieiuBam frofofutffc me memiai , o*am& 
Ltibnitritt i fe itiam irvettam teslatus efl in Efiflolit ad m* 
iatit , de quibtt ftfra pag. 15, & j8, lUitt veritatem boc heo 
Jemonflrare nan incongrttm fuerit , imi ti Argmtntt ., 5*0 i 
frd . mamhts habemat y comflementum ita pertinere fatawrim , ■* 
inter/ttfturim*', ne cateras itner bac ie rt ffeeuUtionts ietnrirume 
tmtemuenJa itfiierettr. Pramitteuia < fnat outem fequenti*. 

I RO PO S IT 10 53X. 



ESto Hyperbola A B , ctfm ctn- 
, trtm D,axistranlnierfai M A, 
ftmiaxit fectnits priori tonjitgatts 
DK, fofitajue « axt frimarit :ffa 
D E aqtali DK,per fekm £ , «. 
twlta D A Canchmt icfcniatte^ 
Nicomeiea A f? . etjns regala DK, 
fjr ramtti qtilibtt ECH rtgttlan^. 
ftcct in C , unJe primo axe farai 
iela C B eecnrrat Hyptrboia in B, 
ramt autem EHfarailtla IX eeu- 
sro Dtoccnrat nerticit iwtgettte Al 
tte fun&o l . 




Dtniffam Dl efit aqaalem C B. 

ORdinata enim BL,etit ejus,yel srqualis CD, qua- 
dratum ad reaangulum ML A uc tcSuun figunt la- 
tus 



Diaiiizcd byGoogle 



De Hyperbola. 6y 

tus ad tranfverlum ( sx n. i, Ctmic.) five ut fecumlx fe- 
midiametriDiC, ve\ DE quadratum ad quadrarum DA, 
eigopermutando.DCquadmum ad quadrstum DE, ut 
reclangulum M L A ad quadraturrf D A , & «omponendo, 
quadratum EC ad quadratum fcD,ut quadratum LDad 
quadratum DA ; (crt , cb Cmilitudincm tiiangulorarnj 
fc C D , D 1 A , ita cfl ctiam quadratum D I ad iJetn qua. 
dratum D A , eigo D L, aut C B zquatur. DI. Quoc* 
erat demonftModtim &c. 

isof onr jo xx. 

foftii crdimtsr in Contboiie HG Tg'lf fartikl»^ 
iffam C B Jtcani im f, & V l is F , jtntgatur&ic G B. 
Dtce hanc ferc tangcnttm Hypcrbola m pinBo M. 

RAdio D A drculus AN defcribatut ,qui ttanfibit bm- 
nino per punclum F.eum fie , ob Conchoidem , CH 
zqualis DA.inparalielogrammoautem DCHF ipu CH 
lit mrfut zqualii D Fi eiit ergo 1D ad D F ( nempe LD 
tx prop. frtxti. ipfj arqiialis ad D A ) ut D A ad D G jqtU- 
le te&angulum L D G xquabitui quadtato DA, & pcr 
CoroiL frop. 37. 1. Conit. Iinea BG erit tangens. Quod 
«at dcmonllrandum &c. 

COROLL. I. Hinc omnis ordinata hypeibolat LBatqua- 
lis cft poitioni oidinatx Conchoidis FH , inter Concho. 
idem ipfam AH, & aicum AF infcripti quadrantis lntefi. 
jeflz , mod6 hzc , produfla ad axem ia G , incitlat in* 
occurium tangentis BG curn eodem axe , qnippe in p.v 
xallelograramo DCHF eft HF sequalis DC,acle6que & 
ipfiBL. 

COROLL. II. Punfta autem P, quibusezdem Concbo- 
idis ordtnata; occurtunt axi patallelis BC, funt ad cur- 
yvtn AP/ Hyperbalx-coitelatara, justa. defciiptionero da- 
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tam iit Hngcnianis cap. 8. n. i. curo Gt B P icqualis fui>- 
tangenti LG. 

PROfOSITlO XXI. 

STantihut framiffit : Dico , fpatiam Coacbtidale F AH, arcn 
AF ,c*rwaAH,& ordi*at± fortione F H esrcamfcrsflam , 
thfbm tjft trtliacs Hjferiolici GSA,fcr tmgentem G B , 
taroaas A E ,& «xis fegmentunt A G determinalt , 

CUm linea F H fit ubique sequatis BL, feu GP, etit 
fpatium Conchoidale AFH scquale poctioni Corre- 
latz GPA i fed.es diftis adfiaem wim. i. Cafitis 8. Hage. 
niaaiaaorsim, portio illa correlatx dupla cll trilinci GHA, 
ergo & fpatuim A F H ejufdcm trilinei ett duplum t Quod 
crat deraonftrandum &c. 

FROPOSITIO XXII, 

HTperboIam fimflicis oft Tra 
tiorix qnadrare , 

Slt Hyperbolx portio VAB 
quadranda ,vcl quod eodem 
ledit , trilineum G V AG, dua- 
bus tangentibus , 6i hypecbotx 
curvaVAB comprehenfum,lir 
in reftilineum fpatium eipedue 
commutandu .Concipianturoro- 
nii in horizoniali plano jacere, 
& fumpto funiculo D A , ponde- 
re in eitremo A appofito,quod 
fubjcdium planum pteiriat,alte-< 
ium extremum D fecus axem fecundum DRii trahatur, 
: i quo- 
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quoufque funis DA tranfierit in d a , & pondus A cra- 
hentis direaionera fcquens fuerit perduftum in d , fecans 
lineam GQ fccundo axi parallelam in ipfo punfloa ; tunc 
enim rectangulura ex femiaxe fecundo D K , feu D E itL. 
Ga zquabitut tiilineo G VAB, quo propterea detraito 
ex triangulo VOB, innotefcet Hyperbolicum ipatiumj 
VAB. 

Demtmftratio . Funis D A , feu dx fcmpereft tangenscur- 
vxTractotiz A* defcriptx a pondere ejus directionem^i 
ubivis fequente , igitur tum radius quadrantis D F, tutn 
ramus Conchoidis E H , crit ubique parallelus tangentt 
«/TnAori*( linex «nim atquales, incer eafdem paralle- 
las ad eafdem pattes inclinatse , lunc pariter parallel* ) 
itaque tumfigttoc RDAaeft cotrelatusquadransD A FN, 
tumipfiOE A*(du£ta EO asi fecundo paitllela, exten- 
fifque «R, ad, quoufque ipfam fecent m O , TJ correla- 
tum cit fegmentum Couchoidale EA H; ita-]ue,;tr Cap. 8. 
n. j. HMgtnimwrtm , erit poitio O E A * xqualij fegtncnto 
ConchoidaliACH,&porcioRDA<equaliifegtn£tocitcuUti 
AGFj retiquum igitur rcclangulum OEDR, quod fub 
ED tequali femiaxi fecundo, & fub DR, vcl G* conti- 
netur, xquabitur rcliduo crilineo A F H ; fsd hoc ^ferfre- 
tedenttm , duplum clt Ctilinei A G B , idcft xquamr trilineo 
VABG;ergofcdictum reSangulum huic ipfi Trilineo 
Hyperbolico zquale erit. Quod fuerar demonArandum . 

COROLL. Hmc manifeAum cft, ipfas G a Traftonz axi 
panllelas proportionari trihnet* ConchoicUubus AFH, 
& Hypcrbolicis G A B fibi cortefpondentibus. 

SCHOLION. 

OS-vium ejfet eaniem mtthedam aliit Coatboiimm gemrihm , 
eJ aliawm Correiatarnm figuramm dimenfeaem , cxteadr- 
re fimilt ralittinia, \ti c/tm verear, ae nltra fintt raibi tonfti. 
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tmtt bie Tra8at*t txcarrat, iJ U&aribai mril fro mm exe- 
qnrndtm rtliaqaam : imi ex .ctmfittribmt alm , ai Circuli , & 
Hyfrrbola Tetragemjmnm fpeclatttthut t dnat ixmtaxat frofofitio* 
Mtr, AnBarti ioco, ad byfcrhtlavt quadrandtm coniuccr.tct fnbie- 
rt cettcntm m , eb fimtUtmdiacm ,. q«am bobcm cnm bit t qua 
in Scholio prop. 9. pag 41. dcmotifirnnimut , ad ctTtulum, fer 
ratiomtm tx infinitit tomptfitom, dimetienJmm fcrtintHtia , tt 
mfftmtm Hjftrbela tmx Lirc*lo,& EUigfi mtltttt immefcmt . 

fROFOSlTlO XXIII. 

Slt hyfcrholkus fclhr II I D A , cxjut ad cxtrcma ftmSm Jm- 
8* tMngtmtt DB ,HC tx 

fetalltiur trm 




■vtrticem- Tfartitmt HT P' onttino iraufibie , tiafaue fmbtenfam 
H&bifttaiit (ca jo, j. Conic. J Sttior autcm HMIAJi- 
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mtlittt iifariam fttlttr reSa ALM,fer eoncurfum ttngentium 
H L , l L tranfcmtt , tt*t» rteam /Wo reliatmt fctlar HMA 
btfariam fecltts inteiligatur , & fit deioccpt. 

D110 ( daila ad dtantetrtim A H ardmata DO) fvrt triatt- 
gttliHM ADOal profofitiu* feSortm HlDAin ratitne ceapo- 
fi,a ex DA ad AC, & IA ad A K,& MAtd AL, Mtqme 
ita tm^mtmm^mmmm m tt nrw m ,mfimm rfi3 l i m i t fit mmii ij , — ■ 
tie***t *d mteraftm. i*ura*tr*mA,&ta*gcattm HCiftm 
rttiotut towrpoatntts tttiqu; fofi tliqUOt bifidhoizs ftrmc Jert* 

NAro ADO ad triangulum ADffelt uc O A ad AH, 
vel D A ad A C ; ltem [ II reflx line* fubtendentes 
porriones HI , ID, nec non alix a terminis ad vertices 
portionum reliquarum conneiz fupponantur J ecit trian- 
guluro ADH adquadrilmeuni ADIH,. ut roedietas ad 
medietatem,nempc utHT A adHl A tnangulum [nam cdm 
D Hl femidiametro AI fit bifsecla in T,erunt invicem »qua- 
lia tum ADT , ATff , tumDIT , TIH , adeoque, & reliqua 
triangulaDIA,HIAJvideIicct , ut T A ad AI , llveCj""»' 
37. 1. Coiiic. ) ut IA ad AK ; eoderaque modo quadrili- 
neum ADIHad femilineum comptehenfum binis femi- 
diamettis AD, A H, &quatuor fubtenusad verticespor- 
tionum I D , I H T erit uf quarta pars unius ad quartamj 
partem alteiitK , live uttriangulum MHAad LH \ , nempe 
uc M A ad AL:-&ficfempen raiio igitut trianguli ADO 
ad fec"iorem hypeibolicum H I D A , qui componitur. ratio- 
nibusdifti trianguli ADOad triangulum ADH, & hujus 
ad quadiilineum ADIH, & ipfius quadcilinei ad festili- 
neum ptsd^ura.&ficckioEepsad aUa multilatera per ver- 
ticcs reliquarum portioiuiiniadfcupta r ufquedum in ipfum. 
mct feaoiem H 1 D A defioant, componetur rationibus 
DA ad AC ;& 1 Aad A JT,& M4 ad AL ,atque itadein- 
ceps in infinitum . Quod erat &c. 
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PROPOSITIO KXIT. 

Ilfiem fofitis t bifeccntar fingslf femidiemeireriirn forthnet 
tniercefif mter iniuni bjfcrbclicam , & tangentcm ■verti- 
ttt H, nmfe iffa d c , i k , m 1 , i* fuuBit E,F ,G(tU alte- 
rtmfigara faricm ftb mtnnlctilii Utteril exfrcjfi , ad confnfio- 
aem •vnandam , led »d eandem fartcm awftruttia coacifienia efi ) 
wfial cnrva EFG. 

Dm ScUorcm byfirbolicam HlDAefie adlriangulimi ACH 




ia riricne timrftfit* t* rMtiamhi dj adAE, \A ad AF , 
m AadAG ,& fic deincefi IX alianm femiiiametrorS bifecan. 
timu tefidnoi feBorei, ai imtcretftai intcr centrnm A , &di8am 
curoam EFG.qaa fariter raltmti comfotKHtei brevi ad *qna- 
litattm troftmodmm teducmtur . 

Pro- 
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PRoducamur femidjamctri AH, A M , AI,ADado£. 
pofilam hyperbolam SRQP, & jungantur S D , S K, 
15 C; cntque S D parallela AT bifariam (ecanti diametiu 
HS in A , & fubtenfatn HD inJT { 1.6. iltm. ) quare tri. 
anguluro S K A zquatur ADK, & addito cotnmuni 
A JTB , vel AKH eiittriangulum quidcm SKB = trian- 
gulo ADB ( vcl ACH tx Enttcio ad^. i.Cw.) triangw. 
lum vcro SKH = quadrilatero ADffH i eft ergo ACH 
adADiTH,utSKBad SK H , ncmpe ut SB ad SH, 
(ive ut H A t A B ad i A H , vel quia B C eft parallcla 
H D [ ob triangula B DC, B HC zqualia ex i. j. CW.] 
ut DA t ACad i AD , hoceft.ut C P ad P D , vel fum- 
ptis dimidiis ( nam E A eft racdia orithmetica inter 4 A , 
<A, adeoque ejus duplum = D Af ArJ ut EA ad A.d. 
Eodem modo quadhlaterum A D K H ad quintilatcrum 
ADN LH, tangentibus H L, L I N , N D , & feraidiamc 
tris A D, A H comprehenfum ,etit utdimidium aii dimi- 
dium, fcilicet triangulum A K H adquadrilaierum A I L H; 
Nam ob baftm HD bifariam fedam in T, ATD= ATH, 
& KDT = KH T , adeoque AKD = AKH = dimidio 
ADKH; eodemque jure AHL oftendeietur dimidium-. 
A I L H , & A I L ( quod xquatur triangulo A I N , quia^ 
LI = IN, ut HT=TD) = dimidioADNI , ideoque^ 
AHLt AIL, nempe A I LH = dimidiotoiius ADSLH; 
eft autem AKHad AILH (;eadem ratione qua fupra ) 
ut I At A K ad i A I , five ut OJC ad'QT, aut fumptisdi. 
midiis ut F A ad A», ergo in eadem rationc erit ADKH 
ad ADNLHi Quod fi rurfus comparetur A D N L H ad 
feptilateium , quod fieret duflis adhuc tangentibus per 
veniccs poitionum H I , I D , oftendetur patiter fore illnd 
ad hoc, ut LR ad RM, five ut GA ad Am ; atque ita.. 
fempers Trianguluro igitur ACHad fe&orem ADIH, 
cilm habeat tationctn compofitam es di&o triangulo ad 
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ejuadrilaterum ADKH, &eshocad quintilaterQ ADNLH, 
&eihocad feptilacenjii fupta defignatum, atque itapor- 
r& , ufque ad ipfum fectorem , in quern hasc multilater» 
deununt, rationem habebit compolitam enAE ad Aa", 
& AFad A», &AG ad Aw&c, & 
prapoutmn. 




COROLL. I. Patet, fe&orenvhyperbelicum A Dlff ad 
triangulum ACH habere etiam rationem corapofitam eit 
DP ad PC,& rQ_adQK,&MRadRL,ahorumque J 
diametrorum , conttnue bifecanttum reliquos feftores, ad 
intercet>taa iater taogeotem HC , & appoGtara hyperbo. 
lam 5RQP: hoc cnitn in decuxfii demonftrationis often- 
fum fuit. ' ' • '• ,r; 

COROl.L. II. Quia triangulum ADO ad fecrorem hy- 
pcrbolicuo» ADIHtfl, tx fng. ij. in compofita tatione 
DAad AC, &IA*d AK,& MA ad AL, &c. idera 

--. - veid 
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vtrb feilor hyperbohcub ad rriangulum ACH tt\, cxhat 
frtf. m ratione tompoiita n rfA ad A E , & t A ad AF , 
&wA ad AG &c. fi t e» atquali ratjo t rianguloium ADO, 
ACH [ hoc eft duplicata O A ad AH ] compofita e* ra- 
tionibus dA ad Ae, & M ad AE, nec non i A ad Ak, 
&/'A ad AFj itemque ei«A ad A/, & mA ad AG; 
hoc eft rationibus quadrati 4 A ad rectangulum e A E , & 
quadrati /A ad reaangulum ItAF, & quadrati iA ad 
leaangulum /AG &c. 

SCHOLZON 1. 

NOtars foteU , tsmsam EFG , qusoifetat fcgmeuta d e, 
i k , m I «r fimidiamttrn iiitctcefta ituer tangtnttm , & 
mroam bjftrbolicam , tfic anamex CBmboiitbks hyfcrbolicit , Je 
fatbus agtt F. Nicetas Soe. Jeftt in eleganstjfimo traitata dc 
Contboidibus , & Ctfioidilms exercit. i. parte 4. qaemadmo- 
dam fimiUt tarma EFG iafigsra fafcrttii addueia psg, 41. 
ii diwenfioae Circiili , qmqae bifecat fiutiics hteiceftat ex fc- 
midiamctris inter lavgentcm , & ferifbertam circuli ( 111 ofiiii. 
fnm efi pag. 4]. ) efi fariter Concbon ctrculartt h Nicomei^, 
prafafita ; Unde liqnet anatogia rnftr frafextem HyperboUy& 
illam Circnti tctragomfmam , A ' qaa hco tttato agcbamta. 

SCHOLION II. 

Sl ad axem HC ordinarentar talrt afptitata , <f*a ad ttbfcif- 
fas a funile Hforent tn raiixatt feBoris ADIH ad fefio. 
rcm abftifium frr ftmidiamttmm ih eodtm punSo cmm applica. 
ts fetantem iffam HC ( qnomod» apflitaia m C tffet == CH , 
& applicata in K H dafU H iX , apftttatv uerb iis L sb qut. 
drufU HL atque itaftmftt, froat felter A D 1 H = A H I D, 
fcdidtm = 1AHMI, nttne«=i t AHM&t.)tun C forttHC 
od alttmam afftitatam in fanlio H, tit triangulnm AC H ad 
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ftSortm bjptrbolictm ADIH: effet enim ACHtJ AHC ,mt 
CHadfibi aqaaiem appiicatamia d tiemaai ACH ijfet ad 
quadrilatsram A D K H ( tlttplum trianguli AHf. ex oilenfc 



in hae ptop. ] atCHad appiicatam ia K iaflam K H; f*- 
rittrqae ACHforet ad maltilattram A D N LH aaadmpiuia 
[ *( fkprtt tiiimat ] triangaii AHL , at ipfa CH ad apflica. 
tam ia L , qaa fartt quadmpU LH;&fk fcmper ctmtirmal» 
cenftraBioxe; aaie ACH ai feSortm bjperbtilicam , ta quetn tl- 
la multiUtera JefimM s fortl *t HCad applitatam iuH ,q*am 
ex iiamctre HA rcfccaret cnrva uaprr iefcripta. licat etiam* 
•valet in circulari (cSort , faQa fimiiit CMrVd coajlraBioBc ai 
fauSa ejmt taagcatit : & bic qaidem coittiogeret , iiSam rcfeSam 
i tarna fit tanftmS* , m panSo H erJiaatam , aqaari iffimet 
arcm circalari HD , imbjpcrboUixrhaqaaritar differentia iuta 
cafafiam riSt lintf , & arcat faraiolica carva . Atqac bic efts 
wm* Dc Qyadratuta Citculi, & Hvpetbolae Difftriatnxii 
F I N I 3. AP- 
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A P P E N D I X I. 

X>e mabede , Curvar inmmeras , prtfmim Taraholai, 
CS* Hyperholat dsmetiendi , C3* rcBificandt , necnnn 
Getierali earmtdem exprcjjionc analytita 
, i per Seriem Infimtetm. 

Micocum votis morem gerens htrjc etiamqua- 
*3 A i> lcmcumque Mediutiuncukm adiungo , licet 
♦j /\ £ ab Argumento hujus Libri tantifperaiienam, 
M»v»h nifi 'i fpeculationura umrlitudine, ac demon- 
ftrandi modo przcedentibus affini, connesio- 
nem nonnullam inquiras ; Etfi autem qux nunc dicencUL. 
erunt pridem indicaveram io Efift. Geom, ad P. Tiomanu 
Cfuam Htgaiaais aJaexa tmm. i 7 . occaGoue reetiGcarionis 
Cycloidis, quam bac ipfa methodo eihibui, innoique id 
genciatira circa innumeras alus curvas- tnftitui pof. 
fe , vifum tamen fuir fpectalius docttinam illam 
applicare , & ad omnes Parabolas hlc ex- 
tcndere,uc facilius deinceps, tum hanc, 
turo alias palSm in nollrisopenbus 
occurrentes methodos promove- 
re, ac particularibus exeraplis 
illuftrare Tyrones addifcant, 
ad Scienria: hujus omuium 
Nobiliffimr , Jucun- 

difumzque incre- 
roeotum . 

TRO- 
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P RO P 0 S IT 10 U M I C A. 

Slt curva pulOtt A D B , rtSii ICA, S SZ- aditfttu 
C B perptadicmliiriitt ivttrcspta , dr t x qmiimliitt ejns 
funSit D, d aSu DEH t deh iajs pnrittr mratUliHs , wk- 




M» ttfintikas TDG , fdg twter exttemst ferptaiitulaxtt 
twWMHt , ptaatar Miitt £ H rfjsaff j F G , ih aqaslii f g , 
«**»/?« ptr fmBt H,hjk itttrmimata traoftat cmnia I H h. 

Dieb , ffmtram tarva IHh , rtBifaar IC , CJ?, J3 8 ™«- 
frrhmftm itjnri ttfktfrlt haftt C B iti tarnamADB: ittm , 
prtitmem fUxIfU ZH£ C «fMrr rtSaxguh IX eedeatCSt* 
corrtfpoidextem xrcaru A D . 

INrelligatur cmvx portio D j/ indcRrytfe parva , ut cum 
tangentis finr. portiuncula D i coincidcrc ccnfcri poflit , 
certfe ut ab RpaJitatc propiut abfinr, qyam pro qualibet 
aflignabili difTerentia, 8t una pro alteia indifcriminalim 
ufurpari queat rxcerdi 4. pnp. j. De Infinit- itaque , ob 
parallelas p roportionaliter fecantes interceptas F G , C B , 
erit illa ad hanc, ut Difad Ef, reftangulum igitur ex- 
tremarum H E» tcaattmtw reftangulo mediarum CB in_. 
D d; Qtiod cum ubilibet contingat , manifeftum eft, om- 
nia reclangula , quse per indefimtam feftionem bafis CB 
adfcribi poflunt fpatio hHICBB fcujufmodi unum elt 
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hfE i ) quxquc ab ipfo djiTerre poffunt mitiori diffetett. 
tia qualibet data , prout punila 0,4, &U E , e in iuhni- 
tum prosimjora accepta fuerint, iqtialia efle reclangulo 
bafis CB in oranes curvx portiunculas , atquc ade5 
fpatium , cucva I Ub, reftifque &c. Ut propofuimus. 

COROLL. I. Si punctum A fuerit vertex cucvx,&AZ. 
eju* tangcns parallela , ade&quc atqualis bafi CE , utique. 
& CI xquabitiw CB ,cri(que ICB4 quadratum , quod 
adfpatiura hHICBS erit.ut bausBCadcuxvam ADB, 
icflangulutnque ICER ad fpatium corcefponciensHICE 
erit.utCE , vel oidinata MD.ad arcum AD.Aliis 
defctibatur quadratum ipfius CB, quod fit CB4I, & ea- 
dem fequentur. 

COROLL. II. Quoniam quadratum FG ad quadratum 
CB ( vel HE,feu NCquadtatum ad quadtatum ERuel 
CI ) eft ut quadratum FD ad quadcatum D M, erit di- 
vicicudo f pofita aC sequahCIJrectangulum *NI adqua- 
dratum CI [ feu difterentia quadratorum HE, RE adRE 
quadratum] ut quadratum fubtangcntis FM ad quadratu 
ordinatx MD, quod, ut mos patebit, ad naturara cur- 
vxlHh in fequentibus ezpediti dctcrminarjdam aptiffime- 
conducecc poteft. 

COROLL. III. Speeiatim igiturliADB fuetit Circult 
quadrans, etit fpatium b H I C B 8 duplum ipfios , & par- 
tio qustvis IHEC dupla le&oris «orrefpondentis CD A, 
reitangula cnim ex radio B C in curvam A D B, ver ejus 
arcura AD, quie fpariis hHICBS,&lHEC refpective 
xquancnr, dupla funt <x Arckimede, vel cx Cortti. t. no- 
firm Frap. }6. in Vtviteea Fro&lrmtta totJUS quadrantis , aut 
fectoris correfpondentis. 

COROLL. IV. In hac eadem hypothefi patet, ordina- 
tam E H aquari intcrceptz a centco ^&tangcnteaxispor- 
tioni CF, nim lit cnim FG ad CB, ut FD ad DM, feu 
ut FC ad CD, «b sequaliuum confequentium CB,CD, 
sequa- 
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xqualia erunt & antecedentia FC, FC, ip(i autetn FG 
xqualis cfl pcr eonftrutrioncm E H . Qyare &c. 

COROLJL V. Notari eriam poteft, fpatium h H IC BS 
tunc provenire idem cum fpatio figun quadranti corre- 
Jatx , de quo in Hugenianis cep. 8. d. *. loquti fumus , nec 
ab illo differre,nifi varia linearum asi parallelaium ap- 
plicatione , ibi fcihcet a (ingulis periphena: pun&is pen- 
dentium , hk direcle ad cortefpondentia bafis punfta de- 
preifatunt , nam & rcit* * o ( m fignra lico cit. exiiiiU ) 
xquantur diftantns centri ab occuiiu tangemis cum ase, 
Ut hlc oflenfe funt EH xquales FC. 
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COROLL. VI. Spatium IHN duplum e!t correfpon- 
dentis Trilinci F D A , nam & reaangulum CEHN du- 
plum eft trianguli F D C parem bafim intra eafdem paral- 
lelas habentis, St fpafium I HEC duplnm ell , fer ctmll. 
j, feaotis ADC, nnde & refiduum 1HN reliquiFDA 
pariter duplum etit . 

COROLL. VII. Iroo quxcnnque elTet curva ADB, fi 
justa Cerall. aliacuiva IHi itailli refponderer, ut fem- 
per ordinata EH elTet stqualis FC diflantia: puncti fixi C 
aboccuifu tangentiscum axe, tumCorolIarium IU. lum VI. 
locum haberent, nam diictis ei indefinitfe proximo pun- 
fio d tangente df ', & parallela ordinatx deb, quoniam_> 
F/ differentia ipfatum FC interceptarum inter punctnnLj 
fisum C, & occuifum tangentis, femper aequalis erit H i, 
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»el N» dtffcrentia ordinatarum EH ipfis CF tequalium 
rectangulum »NH i dupkmerittrianguli «quealti F/D j 
quod ciim ubique eveniat, palam eft, fpatium IHN du- 
plum fore fpacii FD A, fed&duplum rectangulum CEHN 
trianguli scqualem bafim in eadem altnudine obtinentis 
CDh j naque & fpatwm IHEC dupium erit fpatii ADC 

COKOLL. VIII. Atfi curva ADB ( pofiris iis qux ia, 
propofitione Jfuerit Parabola quadratica , erit I H b Hy. 
perboia ordinana, cujus tranfverfum latus *I, reftum ve- 
r6 tenia proportionalis poft «I, & paratriemim ejufdcm 
parabohe; nam quia femper FM eft dupia AM, atqtie ut 
AM ad M D , ita hxc ad parametium, dupiicando ratio- 
nes , fumptoque multiplici primi antecedentis , & a-que 
fubmuliiphci iccundi confequentis , erit FMq. ad MDq. 
( ideft ftr Corotl. i. re&angulum «NI ad quadratum \C) 
at quadratum MD , vei NH ad quadratum femiparame- 
tii, & perrautando,rectangu]uirnNI adquadratumN H , 
ut quadratum 1C ad quadtatum femtpaiametri , five ut 
dlad tertisai proportionalem poft «I , & paiametruir!, 
qnarefinota piopiietas Hypeibolx pradiSis latctibus de- 
fcriptz per 11. i. Camtowm, 

COROLL. IX.Qu&d fi fupponatur eflc A DB parabola 
cubica , erit curva 1 Hi Hyperboloides , cujus ordinata- 
rum quaitx poicftates, feu biquadrata, proportionentur 
reclanguhs a N I , nam tunc F M eft tiipla A M , atque ut 
hxc ad M D , ita quadratum M D ad quadrattim parame. 
tri, ade&que A M quadratum ad quadrarum MD, ut bi- 
ejuadratum M D ad biquadratum parametri , & F M q. ad 
MDq. (feu bN I ad 1C q.)ut biquadratum MDvcI NH 
ad nonam panem biquadiati pararoetrij fimiliter,£/ con- 
venendo,ofteiidetui ICq. ad anl , ut nona pars biqua. 
drati parametri ad biquadratum n h; en xquo igitur re- 
ftangula aM , an \ propoitionantur N H, habiquadratis. 

COROLL.X. Eodemntiociniooftendetuc.cuivas IHh 
L fem- 
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feraper efle HyperbotojO(Ssslior8Hi gr»diiiiHi,.quotiMADB.' 
fit aliqua cx alus inlirims par abolis , cuius ordioatarum-i 
potella«s& quolibet expoacnte m denominat-£ proportio- 
nentur abfciflarum poMttatibus ab alio quolibet ejcponen- 
te * indicatis , erit eaim femper A. M »d M D , ur pottjtlai 
[>» — • *]:» ipilus MD ad limilem- paramctri poteftatem, 
adcoquc A M qn.t.lrarum ad qu.ydratum M D , ut poteCtas 
( m- mj-.n lplius M D ad limilem potcllatcm paratne- 
tri ; cumque FM lit femper m: » ipfius M A,flrit !■ Mqya- 
dratum ad quadratutn MDfnempe re£Unguluro a N I »d 
qtndratum l'C) ut poteltas ( !»- ipuus M D,veJ 
N H , ad mm ;«™ Cmiljs potellatis pararoetri , adcoqtje ,0» 
cjinatamm N H poteitates <ii W — : n ipfis jeclangulis 

n N 1 proportionntes TirnjHiwewe^mQnftiMbuntur^qHfld: 
eft, curvam IH h effe aiiqutw-<ex anunitis ,fcivpcrf>oi°Adi- 
busad diamctrura ICcotnpatacis. .,-.,». .1,. 



GQROLL. KI.'.'Notatu t!is;«ium itft,Hytierbotoid« oiuf- 
Jnodi:fp*lbjmiflbibbMe-quadiabiIc-^lkjiianrlo eomprefieit- 
dere, & tum Gurvas PjracmiicasiiiwrcfpondenMrietTe flbfo- 
iutfe re&ificabiles; certe in parabota.cubiu Iccundt 01 di- 
j)is, ubirw ivfllst $,m valec 1, aude ( 1»- n valet 
[6 — 4 ] : t , ldcft Equivalet unicati , reftangula a N I , fcu 
differentia: qtradratorttm H-£,uB^E, :crunt iin;Htiofie Gra- 
.pHfium linearutn N ff, feu I.K.yideirquc cunua I k.'J (con- 
rwtvitMe weisu^^iBrriWeifiiiJifliitipmuo.qtuubKn Para- 




bol* 
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boiz quadraticar, pcr ordinatam IC averticeohtruncaiLr, 
cs notillima huius pafabola: riaturM. 

COROLL. XU. Pariter ubiordinararumParabols;ADB 
quint* prjetltalM correipohdererit biquadritis, ka quar- 
ii! peVeftkfitSBs abfofsnrHm, valor eMpOrnintfi fitdinaw ad 
H^petbbKiWerfi N H eflet [ io- B j; 4, td«i i : n qttbd 
inHitit, f#c1ati£Bia sNi fdfe in fiibduptieiti (BtWHe of> 
dtfratirlimNH . Atquehdce<!rHii Hytittblfi [a*8dmtrifu- 
tifti vocSVtt iJliilifis GeOnteffa SispJlhritis De Afcgelia al> 
lera pdfte fui De IfrfiniiiS Srfiralttias Inverfis , liifinfrifqu: 
Hyt*rb6'!is Libeili icM. j. FrSpsfiftitoii 3.oftttidei«i«flsn-. 
giilUrti N I R H efle id fpitiurti f H N , lit qttidf atUrtt N A 
,id t>1 qtradtatt NI, Cnffl i ; 3 quadrati * I , & cura Hr- 
itangulo Cl N [ quod confonat dimenlioni m6!t cS Jllirt 
principiis afferenda: Schot. i. 1. J quate & cjufn-.o. 
di parabola reftificationem admittet. 

COROLL. XIII. lmit generartm eriuneiari poteft , quo- 
ties dupla differentia exponentiura «j o metitur iplum «, 
vcrbi califa per numerum p , iemper curvam parabolicam 
ADB teailicati poffeieni ciiim ( ii>-- li j i: » s i : f 
adedque reciangula «Nl in ratione erunt tam fubmuln- 
plicata ordinatarum N H , quam fubmultiplex npunita- 
tis , ipfarque ordwata: proportionales erunt reQangulo- 
rum illorum pdtettaiibus ab exponente } indicatts , unde 
fingula membra poteltatis ejufmodi reclanguisrum diifta 
in axem cnrvx NI, & dnnfa per numetum dimenSbhnih 
ejofdem NI Gngulismembnspradiaiscompeterrtem, eshi- 
bebtrnt notam quantiratcm rcctis dumtaxat lineii dfefirt!- 
tam , quz ad fpatium IHN datahn pibrfus ratiohem hi- 
bebitj Id quod femper eontirigefe palet, quum w eft nu- 
fherus impar, St « pir proxinie miridr, litifi riiiobus prS- 
eWtentibus Cordltaiifs i harft tttric M = >«t ' i aoeoqul, 
'[i"> - i»]:»3!fi»t!- Si fi * numeras 

par s if , fit i:#S3 \:f, ut fupra disimus-. • 

Ll' i - SCRO. 
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S C H O L I O N t. . 

REs clarior ficc escmplis analytiee expoucis in hunc 
modum . Sit I C = a , I N =; x , N H = y ; quoniam 
ergo zaxf xx proportionatur y' -f, lunji potetit velut ipfi 
xqualis [finempe hic multiplicari, aut dividi intclligatur 
pev conllanrem aliquam quantitatem unitatis loco fum- 
tam , ut dimenfiones fuppleat ] unde & zque elevando 
Utrumque terraioutn , erit ( tax t xx)t s y , fpatiique-. 
IHN elemcntum^rfjr^f laxfxxf dx, quaseft quanti- 
tas facile inregrabilis, du£tis fingulis membvis ( locodiffe- 
rennalis dx) in x, ac per cxponcntem ipGus x unoquo- 
que divifo . 




Excnflntn I. In caCu corollarii n.f =3 i , itaque s 
ifljrJart^^^f- cujus integrale jrt*' : 3 xquabit va- 
lorem fpaiii IHN. 

Eximplwn II. la cafu corollarii i t.p ss 2 , itaquc jJ* s 
4a«;rWjrt4"5 d*t** i cujus integvalc eft ^aaxs ■ j 
t *«4t *' ■' S =3 fpatio I H N . 

ExciBpl«mlI[.%i exponentespatabolTfint 7, 
erit ( i«— 1«) : » == ■ : ;,unde f - j; rtaque^Jjr — 
6 fl> *1 t 1 »a*«4 dx t 60*' «V t «* ** j cujus >»W- 
grale =s j#i *«; 2; t t » JJ t * ** i t*> 7 ~ 

fpatiolHN. 

Et.(lc in aliis pari progreuu.. SCHO- 
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SCBOLIQ. N U. 

EOdqniratioeiiiioinfiiiitacumHyperboULumincetafyra- 
ptotos pofitarum dimenfionem reducesad infinitas Hy- 
perboloides iis , quas fupra confideravimus , reriprocas, 
□empe quarum ordinatarura N H, «hpoteftates qualibet 
refpondeant reciproce reclanguiis an\, «Nl, quibus ma- 
nifeftura eft afymptotos futuras rectas J + , IN, obferva- 
bifque esponentem poMftatuminotdinatisad has Hyper- 
boloides prxdictis rcftangults reciprocarum efle fractio- 
nem [ n»t 1 n]:»,in qua fcilicet duplum aggtegatum rs- 
ponemium coordinataiura adafymptotos hypetbolse datg 
denominatur pec cxponentem diltantia: ordinatxacentro, 
uc fimili caletilo repctito conftare poflet, nifi jam pigecet 
aatiqua veJHgia iterum premete , nulla ipe idHyperbolo- 
idum genus aliquod faltem quadrandi nunc prxhicente, 
ac laborisafpeiitatem alleviante. 

S C HO L 10 N Ut 

JTaque confultius eritadferieminunitaraCurvx longitu- 
dinem revocare, eritque Curva quslibet [ cujus asis = 
ordinata =j, fubtangens =: t ] sequalts integrali hujus 
feriei Jx;iydj: ir,— ji dj: Zts ; f jji dy.^Stf fijc.con- 
tinuandz at in Hngctuanis ftg. 117. qus qnidem , detce- 
minata relatione curvz naturam exprimente , five ipfius t 
valore in terminis ab ipfo y integre aff.-ftis, inregrari po- 
terit. Exemplo fic Logaiithmica, cujus fubtangens eadera 
femper conftans linea eft,quz pro unitate ufurpata dabit 
integratam feriem =: x ;iyyt\;— ji : j,t ; \ f ijS&c, ss 
longitudmi Curvz ipfis x & * corrcfpondentis. 

Qu&d fi infinitarum parabolarum parametcr fit = 1 ,aut 
5t quadrsti fpatio afymptotico in quivis ca infinitis hy- 
per- 
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perbolis infcripti fimilitei ■ — i , atquatione curvz c 
expnmente j" ~ x [ ubi per n quemlibet numerum figni- 
fko , pofitivum , aut negativum , integrum , fraftumve , ut 
libucnt ] fubtargens £fit perpetd6 = mf * itaque f>ara- 
6oIicx,aut Hyperbolica' cdjuslibct Curvs; longitudo, five 
irHr|-iltpiima:reiieievadei = ii- i:[*- i},i*y-<]; 

Vel etiam eadem Mmtaru'rr/^ar*fe!atum,5!hypelbtf. 
hrum losgirudo, ut dudum" praJftitimas, ieetuteiuf ibffS- 
mode ad fequcntetfi fciierh , fciiicet y i 

f | ( i . *. «, (*•*»*» 

i&j**-i: ( i . 4. 8 . 8 , ( 8irf--/;j ■■■' 
f jf.i . f *'»,'<**-*:■[*■. 4-. eV.S. 18, f 
«c. ; itaiit 111 Apolloniana Parflbola, ufcJt to- 1 ,CtifVa 

& «jdtni_y j t ijf. t 1 i ; 1 4jr/; a 

— 10 j' : 9 i t *8y» : ii Sc. unde piogtediendo 
quantumvis accuratam Curvz longitudinera dctcrminare 
]ictbit,aecept«reft.aru' p^oportibnaliufn j,yi ,jyi ,jf &c. 

Srtibusfupra exprciTis per fubu.itutionem valous ipfiusin 
gtricraii ferie dedricliS. 

Qiiod tjuidem THeorema cfim (Upetfori anno Egtegio 
Juverii GiBfiHi MdriFredio ei niore commuriicadem , Is 
& id edifcbrterh tne peiKumariiter eft cbhortarus , & ele- 
gMiti derboriftratiotje dignatbs eft ctirifirmarc , doaiffima- 
que ahitriadverfibne, ifno & tlbbiliorum Vcritaturii ac- 
fcclflbhi! illilftrafe: tujus Epiftola: ftagmcriiurrf ad fidcmu 
iis, quaS diJi , ebriciliandarii produccte non verebor , firl- 
gnlaierri ejtfj hientis profnmiicStem , & iri res meashumi- 
; nitatefn alitro hbtfpcUmirie ; feflaturus , quamquarti Utriuf- 
que vcftigiis jiliqubt; tie i!H, mihiqufe creatent ihVlrJiairi , 
tJbnfiiltb rtfeelis; riec eriirn defurit qui laudea alienas'ia. 
jifbptii cdritemptus argumeritum conveitant. 

1 ■ f EX 
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De Rsffiifi Qirv. % 7 

E X ALTERJi EPISTOLA 
V. CL. GABRIELIS MANEREDII 
Ad Auflotem fcript a fionoa. 3. Auguftt 

TwVw.mw s4 f*ki : U$Mm HMXfamm fj">v, 

gttJ mihi fumno Aawf c<w«m mitfm digmnj fnijli . Ego fj?t> 
ure fattor fcria hae iihj m 'xima ciim ittitia frcfitsor ,qiM 
ex xitikribu , & maximt ptiWhus mim Csmtlritt adhsic iii. 
Wii Jit ceafeninia • - - Sjui WjvMtff tjjft tqmftrt* , & Utf. 
Utstc, qt* ratlta. ffi , qtfiat f.trfpt8a , TAiiVjr Carigimt , &■ 
a^rtjjtw , Mni-egieftrn^ Sthii-o JrviektjB 4gwfco , qiu)i' 
isip-.i ifter.il im <liftMiianis fir.adu JigygtAl ij»1 itliqiiid mi. 
Li gkrjofius coBtisgm fefit mc» tredam , nt/qiiitm Tiiortmf. 
lis iujm biabiUffiuii ,du» Lguden ia oaiaiuia ore aaiiwo ( qaoi 
muc acitdst ,skm PnbUui iliiii .itnptstjt/ts fncrij , ut aatciiL. 
tki cium imfextiarit st uee f»fflito ) tiki nu fxtcijftjfe ? & tjtf 
Poaius sate-estens agmwifie pfw glwimri . 

Tali Milem ratiocsmo Tm». hoc J,mcBtnm coufurmc . £fip 

iLfnotu: .y m — .1 , mmU ayr*- '.dy— dx eiemepuim 
dy tftj.tJnm.y""- 1 *[.i4m~.y' m .- 1 ] - j 

+.mmy^~> 1 : ir«m4,y^ m ^:f»..4)^t4^'??J ,1 "" S "fJi.+6)> 
-.3.jm 3m - s :-(M-G • s ) it3^.?~'°y> 0, n-< s .-(i.4.6.8.,io) 

ife .[Sic'Nc-vtt>ms.r.adttai l e^tXBliit.'\qB<trejfifiiu Cxrv* eie- 
nicntStrit fcrisi Aiyi$MmyW-.Lj&j:i-,— pt4 y.4 ra -4dy: (2-4.),- 
it.j.mS.y""-* dy :[ L i .^.tf.],;— ,.j ..jm 3 y'*"-" dy (1.4.15.8);. 
tj. I- .7m , °y ,0 " , - ,o dy -'( 1.4 -6. .8.. 10.) &c. cnjns intcgrti 
U , uenipe ipfa «— i».y"> = x lesgiiiiia, erit y ; t,mmy* m - '.- 

(1 ,Cun- .1). ; - m* y4">- J : [a.4, ] 4 m - 3 ] i t jm s y*™- !,r 
f i.4A( 6 ™~ll;-i- i mSm - 7: [ 1 -4-<-8,[Sm-. 7 ), 
1 3 - 5 _Tm»y— -» :[ 1. 4 .6 . 8 . .0 ,( >om - 9 ) &c. 
.Uudefatet, jid.hoc *t ttttt Analyfis tmlcat , 'dciere taatua 
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a laco icbcat 



1*» »»>*>< !'&>*'" . ;C' > a ' oma " " TBm 

,» (Jv d*B,fint integrabtltt. Di\bc*l <g'txr cnryi , ,n q«,bm 
atilit.ff ^rfl W- fitft >\P <* «' . V*» 

„,**im™ aiit.utra x jeia n,ia,*\ aqnntiom fartem eonfittnere 
toufl "Uqna *>!>""">"' t* r " ** 1*'"' v " " Fm ""' "" er,m - 
wLfra , i» <t*«m» M' 1 " "''"" «•* 1'"»»- 

n,i, -LtSatem ctewta intxn,ati\r , ndk infnfer rad,cai, fi- 
,r.o a»od inielirminata ingndiatnr , fnrtem liiam aqaane- 
nii tmptitaate, nec *tlo tnj»ftr < denominalorc , qacm tnJctcr. 
misata endcm itigrcitatur ,eandtni aqnatnnis fariem afficienit; 
T*/« tffit «rwt, ~J«» HtMJ».fortt- • ■ 

s - (by- t cy"t y t*y-l * I ■' •'-■ 

eXfWeiiKti! m , n , p &c. dtmxatilibw qnojnit mmtros pofilivoi, 
•stlm-ratmxi, tntegroi , velfeattu , raticnatei, Dtljnrios tsrt Qfg- 
Utqnidemcnryaiomneianadrabttiajfutia tonmtrt refereram.Sl 
tntmcarnaaticujni a qnatn lala fit , qnaltm modb exfofni , X — . 
< by"' t ty" &'■ ) ■' * >** w '* r "dtiermtnata x «■» taatiim-. 
ftr frogrtffonem mthmttkm» dinidendnt , tujns frognffionii 
Itrmm, fint rcffcaine tn ,n ,p , q &c. fingal, amtate aniii , 
& talii riti iifiiiata divifionis qnoKtn, tnt ftr y mnhifUcan- 
Jns erilqne frednBna jfatinm , qnod axe [ axefiqnidem fn. 
«r qno iffa y nffnmnntnr ) cnrva, & iffa x conltnelnr &c. ■ 
Hani difficilins ttiam intemct , oanei talct cnrvat , qnas 
auairahitia fpatia conttxerc concinfimat , fi jnfer axem rotcn- 
tarjnfer qm iffal ajfumuntur, jetida tjficerc facitilcr adty 
iiniros ejajdcm bafii , & atiitadtnti rcdattbitia , &c. 
HaaenusVirDoSifs. cujus eUgansgeneralmquadraturaru 
Theorema fic viciffim libet anaJytice oftendere. Quoniam 
j- = ( /t/ t*y 6ic. j :/,eiit xij, dcncntum 
fcilicet fpatu , quod rtcutiffimus juvenis conliderat, ~ 
IW" dyity- djijf A£;c.J-./cuiusmtcgralc,ncnipeipfura 
fpit.um piadittum ~ ix>*> : ( mfif) ; t tf " : ( »/t/) » 
if": (tf-\f)>}'f*'--(qf\f) &c- ut jpfc pronuncia. 
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vit , ejufque complementum zquabitur eidem feriei ,fingu. 
lis priiis terminis per fuos exponemes n, m, f &c duetis 
nam eltmcnium tunc eft ydx, at differentiando primamJ 
itqiiarionem curvz conft'turivam prodit dx= [mbf- ' dy 
t»ty-'rfrt;>/-'#&c.J :/;quare w£<: B[ah- *?wy*-j£ 
t£/ ^&c-J :/ie.uf<jue mtegrale = ">*y".-f™/tf) 

Quod attinet ad folida ab his fpatiij, qua parte ad 
a*em x fpcctant , revolucis progemta, animadvertendum 
eft, rarionem folidi ex cujufvis figurj totationerefuitantis 
adeylindrum ejufdem bafis, & aiticudinis, eandem effc 
cum rationc fummzes omnibus quadratis ocdinaracum fi- 
gurzgenitricis ad fummamex totidem quadratis linearum 
ultims bafi xqualium , ut methodo indiviGbiliura docc- 
mur; porrd furama eis omnium ordinatarum y quadratis 
refpeflu asis x eft f._yw!r,iive, pro dx fubftiruro e.us va- 
kire fupra invenro , incegiale fractionis [ ahf 1 ■ dy 
i*ef> ' dy &C ] :/; hoc eft feries mty" : [ mfi ifi 
it«fjr* f * : l »/f i/] &c. fumma Ver6 es totidem quadra- 
tis ipft yy zquahbus eltyyx, Gve [ ij""* t tf ,t Stc.] : f; 
adeoquead cylindros ejufdera bafis , & altitudmis faciie 
reducentut hxc foiida. 

Hinc ex hacracione folidorum auferendo ratiortem , fu- 

gra cipofitam , fpatii eurvilmei folidura genetantis ad re- 
angulum jw, quo cylindrus producitur, prodit ratiodU 
ftamix ab axe centri gravitatis cjufdem fpatii curvilinei 
ad femiflem ordinat* v , per quam diftat centtum gravi- 
tatis difli reftanguli ab eodem ase. 

Subtangcns cujuslibet ex talibus curvis , in ase x deter- 
minata,iemper etit — (mbf f mf &c ) : f , ut conftat 
fubftituto valore ipfiusir in generali fabtaagentis enpref- 
Boneyixidy; fubnormalis veid in eodem axe accepia t= 
/: (mif-i t Mff-* &C. ) quippequz cum fubeangen- 
te contineat rectanguimn ssyj : eademque methodo mfi- 
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nitfe ali* quarftiones , ejufmodi cumtum. genus concer- 
tientes faciUimem determinationcm fufcipiunt, imdcre- 
pundtaVunt hax nc^tliffimx recentiorura anaiyfis , cujus 
pmltaritiam vel e* hoc unofpeoraine fatis intelbgere pofsu. 
rmts, ejufq. f immensequantu !)protenfam utilicatem admi- 
rari; tli-n de Infinitis Parabolis quot hbros ab Acutiffi- 
mis Gf ometris, csararos haberausf Jam illEfarismimmara, 
fc infiniie eHtguam. b,ujus generis curvarum fpeeiero eon- 
ftiruitnt qu^tenus-in patabalia, dumtaxat uno membro 
zauatto expedirur,.ejus etianr coefficiente h : f , utpote 
ftinrrfluo, retradto, citerifque terminis evancfcentibus, 
ob. coerficientes =3 « , nam per x=iy- fatis oran« parabc 
Ix comprehendantur, eritque ex hac generali dcrftrina- 
fpar-um curvilineom circa aaem ji =3 jT " : [ m t ■ }. % wm- 
pletnentum v«6 mf l ':C» t " ),&hocadilludi, ut m ad 
1 Solirlum e* rotatione circa asera x ad cylindrura ejuf- 
dtm hafis , & attitudinis. etit , ut m't( m 1 1 ) ad t . DiftaH- 
tia ab axe centri gravitatis fpatii hoc folidum rotundum 
defcribentis , ad femifffm ultimae oidimt z y , ut ro:(iot i) 
ad »:[«t')> five ' ut w + 1 adn.t»,&Ccdaaliis;Quo. 
modo aiitem pto 1'arabolis oranibos, ita & pro Curvis 
maeis compofitis , & duos, aut ttes, quatuor, plurefvt* 
termtnos imporMntiBus ab ipfa > affeilos , otiifque notis 
quantitat-bus utcunque implicatos , elia poffunt ejpief- 
(iones Hictarum dimcnfionum eK una hac Clarifs Juvents 
animadverfione, quippe eo fine- tctminorum numerus iru 
altera *quationis partc mdetetrainatus iclincruitnr , ut 
quot quis voluesit oppottune rcfpondcant, ibique liftere, 
aut ultra promoveri,,ubt,& quoufqtre opus fuerit ,vatea- 
roua-ncc enim hz feries infibitx femper funt (quamqulrm 
& tales effe nil vetat ) fed plerumque femct detetmmant, 
pro vatia. curvarura natura, ut diftum eft, abfolutamque 
fpatioium, & folidorum dimenfionem tenuneiant fimtfr. 
ttrtninis eNplicabilem,. .'"■* SCHO 
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SCHOLION W. 

DEnique monendus es , Mi LcQor, quidquid in Pro- 
pofittonc hac , & Corollatiiseidemadnexis , illatum 
eil circa re&ificationem xurvarum redaSam ad fpatii , per 
tangentium FG oidinationem piovenientis ,<liuienfionem , 




pOtuiflV aliis modis obtineri , wempii caufa ponendo ipfas 
EH iqualcs pOrtionibus rectarum ad curvam in D noi- 
tnalium , per duas A Z, C B parallelas interceptis,naro& 
fpatium hinc proueniens SBCIHh fquaretur redtangulo 
ipCus CA in curvam A DB, & portio qusvis H I CH re- 
iiangulo ejufdem AC in correfpondentern arcum A D, nec 
differt demcmftrntio ab ea ,quamdedimusin PropoGtione. 

Aut generalitis, Gfiat conflans quailibet linea , putaCa, 
ad EH, ut ordinata MD ad tangemera DF, vel ut fub- 
rtormalis MC ad normalcm CD, vel in alia arquivalenti 
rationefunflionum curvarad punflum Dfpectantium , fpa- 
liwn hinc proveniens erit femper zquale reflangulo illius 
afcumpw conftamis Ca in curvam ADB, & porttones 
ejus «rquales reflanguhs «jufdem conflamis in arcum libi 
competentem j nec enirn alia ratione juflimus in prar. 
eedemibus affumi EH atquale' tangemium, velnormaiium 
partibus, intet parallelas AC, BZ, am CB, AZ inter- 
ceptis , nifi ut coftans linea CB, vel CA ciTct ad L H in_. 



93 Appendix I. 




di&a ratione, ideft ut elemcdtura otdinatse dO, vet *E , 
ad elementum curvs D d, unde atqualitas raanguloruoLj 
infinire patvorum proveniebat, redigcns curva: rcflifica- 
tionera ad menfuram fpatit ex ordinatisE H provenientis. 



Hlnc •vicijfim fttet , frofofito ffath qmdam CER-I, foffe 
dcttrminari turvam ADd, ttjft ope iilud quadrari fof 
fit , etiamfi alih geometnt* quadratura fit mtapax ; ut cniaL. 
botfuccedat (faB.s Cl3a,iN=i, £H= atx, 
CE, txl MD - y,& AM^. z) oforlet femfer elememum 
dati fpatii a d y t x ^ 1" '1'"'' eiemcvta curvs iit tonUa«tentj 
auaatitatem di.Oo , nemfc = a tT{ d f V 1 ) i*rg* diwden? 
do fcr a,/«dy-t!cdy.-a = f( dz* f dy« ) ,& utrtnque qua. 
drando , crit dy t mdy 1 : a t ssdy.f : aa == dz 1 t dy 1 ; 

alilato tommuni dy' remaaet ( tllfu-) dy 1 : aa =: dz' t 
n« denam r(iax t Jti) dy:a = da ; mtde fttmma ffatia. 
rum , cr IT( i a x t xs ) afflitatit ad y * r at»r reaaagtio eon. 
jlasti, a- « 7»^** z; fl«M pW«f «/«j ™j?,*S,o: A/JrK». 
c'a quadratornm ardiaata EHia datojpatio ,& temlantu E R, 
fit uii, 6" apflicatis ip/ic Vtu B ,fpatiiim inie frofenieni di- 
vitktur fcr a , jhdHch, <M> Z Jme A M quafita , eni ordmando 
.MD s datf j, refutut turua AD, qux muitiplitata fer a 
>tu.i.*e*frxm frofofit, ffatii . ■-, 
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APPENDIX II. 

2>f metbodo transformandicurvai tum JuperficirS , tum litteas 
in alims diverfi ffeciei, idtjue mfimtts modis . 

^[AJi^ftJfN iifdcm litteris pluries fupia cornraemoratis, 
*j » |* quas CL D. Leibniczius occafione libelli hnjus 
£ 1 £ tetragoniftici anno x 7 ot. n. Julii Hanovene 
ad meprefcriput,Problema quoddam ptopou. 
* * tura fam a D. Joanne Bernoullio mihi beuigne 
communicavit his verbis. Foftrtml ai proftBtm fcietiti* per. 
tintt, ut mttboiot pir Jhlmiencm Probltmatem exereia.mtis.Sic 
«01 ita friitm Ti.Jo. Btrttoultius fropofuit boc ProbUma: iato 
(pefitioncj artu Ctrvd , inttnire aiiam cumam infimtit mo£e, 
enjas arcss altqnis , a uobis affignanias , arcui Jato fit aqaalii { 
& ita ntpofito, iatam cnrvam tffe Algcbraicam , etiam astfU 
ta fit Atgtbraica : qmi a me eft folatum iimerfa metboio ab 
.a,q*a,tfetjlafas. 

Moltiplicem hufas Problematis folationem , tum D. Lo. 
reiMino communicavi ( qui Se. ipfe idem multi generalius- 
folvcrc sggTefTus cft , nam quatftam curvam in data ad 
propofnani cuivam ratione conftrqsit } tum eidem D.Leib- 
aitzio Ibtim tranfrmfi, fcd an Epiftol* , e« tam diftan- 
tifl locontni intervailo, ad ejus roanus tutd pervenerint r 
rcfcire noii potui. Hanc ergo folutionem Bieam huic li- 
bello adiungerc vifutn fuit , prarmiflis etiam nonnullis ma- 
ximc gfneralitjus Tlieorematibus, ad rransformationcmj 
cttrvilinforum fpatiorum in alias areas diverfae fpeciei 
fpcaantibus f nec enim ab atgumentonoftroptorHisaliena 
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, & ad plenioiem cnunciati Probleraatis folutioneai 
vaide conducunt . Horum quidem nonnulU etiara apud 
Cl. Barrovium invcnies, fed abfque demonftratione pro- 
pofita ; itaque opeix pretiura fuit, ut cadem fimul curru 
noftris collecta, & es pMtclara mcthado infinite paivo- 
lum geomctiicedemonftrata tibi,benigoe Le£t,or,ofterrem., 

' '.' ' ' T H E O R £ Jtf A I. 



DAta quttliltt fignrtt^ 
CASO,fiejtt coer. 
HtttU AB,AN ittt cxica- 
dtiutr t» M , P , « B H 
adNFfit tu rataMt tntov- ^ 
t x A B iid fubtatgctunL. 
B D hinc ormttmrttrta 
CEFO, SQVr,&tt»*- 
lihrt ipfarim partci nrrtf. 
ftmdemtciC£MB,VONP 
frrfttlA sqHnbiintitr . 




N 



Am ducY» infiniit proximis tthm, *tip ad priores 
cooidmatas parallelis , erit N» ad B* , ut AI ad 
I • , five ut A B ad B D , hoc eft ut B M ad N P , & reftan- 
gula cattemarum m N P, & mediarura i B M pcrpetuo iqua- 
lia eruntj quare & arex elementarei N nyV, B b nM ( qu^ 
prr corelL 3. frtf. j. ir Infin. his rectangulis infiniti pai- 
vis congiuunt ) invicem iquabuntur ; unde conftat pro- 
pofnumj . 

COROLL. I. Idera fequeretur, fi B M ad N P ( cjttenfa 
rangente DAK,!i dufta huic noimah A Q.quz peipen- 
diculariter curvam ftcat in A) fieret ut fubnoimalis 13 Q 
ad ordiaatam B A , vel ut ipfa normalis Q A ad tan- 
genrem AD, vel ut RN ad NA, vel ut N A ad NGSc. 
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onincs enim ift* rationes , ob triangulorum fimiutudinem, 
zquantur difia: rationi otdinatz ABad fubtangentem BD. 

COROLL. II. Hac methodo facile cft datam quandibet 
figurara C EFG in alias infinius , fpetie, & geoere diffe. 
rentes. transfatraate,falva arearum- zqualitate : prout fci- 
licet alia CASO alTumpta fuerit eiqualibet paiabola- 
tum , hyperbolarum , condioidurn, alToiclurn , fpiraliurri , 
aliarumque infinitis modis variabilium curvarum fpccic, 
juxta cujus ordinatarum, & fubtangeotiuio racioncm fiat 
quxvis ordinara BM datz figutgadaliani N P figur; quj- 
fitc ; quin etiam poterit alTumpta curva C AS vel conca- 
vitatem, vel convenitatetn obvertete anguioCOS, &ba- 
fim habere vcl infinitam , vel flnitam , &. detertainitara , 
it quclita. figuta provemat majoii, aut 
o etiam, axi O S adiacens, vcl binis ctiam 
OV interpofitft ,- continget quippe ctiam 
vadere,fi CO fuerit ungens cumc CA, 
a datx Bgurz CE fit finitz quantitatis, 
: J: de-[nfait. ] inteicepta. inter rangetl- 




ad punflum C ratio otdinaiat ad fubtangcnti 
& ratioCE ad OV infiniteeaigua,quareOV 
majoi quim C E 



cm , adeoque 




citi.unifciiptas l £tdeterDiinatoaxiSOad»centesi vel afytn- 
pto- 
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ptoucas, & in infiniium, 
Gve ex uttaquc , live es 
altera tantfi parte excur- 
KUtes ; idque innumerts 

COlloiL. IV. Vid&im 
F -."..« . 3 u.;.uf:ibH figuns 
CahO t S O V T notse 
^ .s . es ipfis equa- 
lialpaiaCEMB.NOVP 
icfecentur , & ordmata: 
MB, PN conveniant in 
A, erit eurva: hinc pro- 
venientis SAC ordinata A U ad lubtangcnte 
fubnormalis QB ad ordinatam B AJ indara t: 
BMad NP, nam ex rqualitate rectangulorum infinitc. 
parvorumMBim,PN»j>, fit BM. N P : : N ». Bi : : AI. 
.«I AB.BD ex teroll. i. frep. %. De lafinit, ubi oitcn- 
fum eft , effe ordinatam ab fubtangcntcm , ut 
ordinatz ad differentiam asis. 

COROLL. V. Si cur- 
va CMFO fuerit eadcm 
cu m C A S O ad alteram 
axis parti! replicata , cur- 
va Of> P evadetfiguracs 
fubtangentibus B D ap- R 
plicatis in NP,quam al- 
teri ftgurx Correlatamj 
\iaRngeaiimis eaf.t.n. 5.] 
nuncupabS, quia cilm fit 
AB.BD :: BM. N P , fi antecedentes , AB, BM zquan: 
tur, oportet «quales efle & confequentes B D, N Pj ita- 
que ex mult6 magisgenerali principio Correlatarum Jcqua- 
litas psndec. 

CO- 
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COROLL.VI.Siordi- „ 
aatse BMin figura CEFO 
stquemur fubnormalibus 
BQfigun CAf ,-cutva 
VP velOP tranfrtinre- „ 
ctamOP,qu»t adai„ 
Jum femiicctum bafi OS 
inclinatur ; nam ex Ca- 
roil. i. BQ.BA BM. 
KP, undequia BQ_= 
BM, etiam BA, five ON =3 NP, & ideo NOP tiiangu- 
gulum eft ifoceles reftangulum , live dimidium quadrati 
NO vel A li ; adeoque figuia CE FO e.i fuhncimahbus 
orta erit quadrabiJis, & ratio totius ad partem CEME 
eadem probabitur, quz ratio quadratorum ab ordinatis 
JO,AB. 

COROLL VII. Itaque data qualibct figura CEMFO, 
fi conltrui polTet altera CASO , cujus iubnormalcs ItQ 
aquales evaderent ordinatis BM , haberetur illtus dimen- 
fio, nam poirio quzvis CE M B aequatetur dimidio qua- 
drati B A , ideft liiangulo NOP; fedtalis cuiva: conltru- 
ilio ex data fubnormalis ptoprierategcneraiim perfici ne- 
quir abfque quadraturis ; neque remedium a Cl. Craigio 
in mctb fignr. frabt. i. & a. allatum [przteiquam in para- 
bolicis, & hypetbolicis, five uaiverlim in iis cutvis , qua- 
rum fubtangentes ad abfeiuam ajtis funt in conftanti ra- 
tione ) felicem esitum haberc potett . Uocet nempe Vic 
acutiffirous , quod II B M = y, BC~ x,tn invenienda fic 
ordinata BA tz % . itaut iubaonnalis curvz CAl , ia. 
quam teiminant ipfai fiat ~y ,<onfidetandofubtangen- 
tem B D, quz dufla m fubnormalem BQ dat DKQ_~ 
quadratoB A,& fingendoeamfubtangentem =: ra*(quod 
erit ,fur, ideli CB, fueiit ad fubtangentem BDin ratio- 
ae i ad m) eiiciendo zquationem .mxy tx qua ia~ 

N . venien- 
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veniendo fubnormatemj 

fj^.*rfjt,& comparan- 

do valorcm invencum_i 

cum ipfaj^innotefcir in- 

cogniti litcerc m valot , & 

adeoque (iccognita equa- 

tio ary — ££J ftd quia. 

u!)i m fuerit indetermi- 

nsta, proditatquatiodif- 

fureiitiilisinvolvens.pr;. 

tsi rf-*,&--,ac dx eogmtaj.etiam.wptoifiJsineog-nilim', 

& .irl ahas irrcducibilem, patet mbil inde fubfidii habeti 
pofse esti- fpecialts cafus ia quihus m fuetit conftan* & 
(icirrminata.qmatunc novam differctKialem non mvehit, 
q-ixcalculum [u-tbet-.&id<o tangencium methodus invet- 
ia gcneiatim nuad.aruras fuppnnit, unde non eft fpetao- 
Jut ,ut viciffifli per lianc mvetfam methodum quadtatu. 
ta figuiaium in univttsum ablolvantuT. 

COROti- Vili. S\ reQst NPeidcm conftowi OQiqua-. 
les furnnt.uc locofigucx N O V P proveniac reaangulum 
1'OQT, erunt fpatia OCEF , BCEM proportionalia- 
ordinatis SO, A B,"ut potc zqualia rcilangulis fub eadem 
OQ ,& fub ipfis JO, & ON vel BA contcncis ; & difre- 
lentite fpatiorum B C E M, hoc eli linef BM, proportionalcs 
ficnt differentiis ordinararum B A,ac dcmque differentis 
prima; ipfaium BM,five f tecencis fymbolis fupta pofitis) 
ipfa: dy , eruncptoportionalet differentiis fecundisordina. 
tarum B A, fctlicet ipfis dd^-, Uade folvicuc raajtimsutt- 
litatis Problema, quzrendi cmvaflt EM F, cujus ordina- 
tx BM (int ut differentia; otdinawium datae CAi,adeo- 
que & cujusprimsedifferentia: iy ptoportionentur fecuu- 
dis alterius differentiii dd%, faciendo femper,nt fubcan- 
gens BD ( quam voco i ) ad ordinatam B A , nempe •f , 
ita conftansOQ ,five a ad *%_'■!, qu* Kquabitur B M ; five 

y quzfita:. " SCHQ- 
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S C HQ L 10 N. 

DEfcendendo ad fpeciales cujuslibet curvse naturas,in- 
numera alia jucunda Theoremata hinc orirentur, 
mx lefloribus meis , ad esercendam geometricam mctho. 
aQ ,esponenda rehnquo; idemq. in fequenubusobfervabo. 

THEOREMA II. 

FlprtCMtr.h, VPpoitare. 
ferairtur , Kt per fixum pnxSnnt 
X junBa analilet MX Jecante p». 
fitua dttam V N erdiniiit MBpt. 
rallelaa m N , faBaque X G langen- 
ti MD paralkla , rucmm ad ipjat 
EM, NV dmiffa ptr X perptvdt. 
tnlari F X V ,fit jemper NG.XF 
BM.NP; crant area CMB, VFN 
fcrpctuo aaualtt. 

DUcta enim infiniiS prosima_. 
« X m , & ordinatis up,mb, 
quamm hzc fecet pnorem NXM 
in H , duflaque M I ad ©rdina- 
tas perpendiculaii, erit sN.jwH " " " 

»X . Xw, Cve[ob infinite parvam differentiam , quse 
ftr cmell. », prop. 3. di lafinit. non alcerat proportionem 1 
::NX.XM::VJf.XFia t ver&,»H.M] ::NG.XV(ob 
fimilLtudinero trianguIorumMBjH, NGX) ereo ex armio 
pertuibateoN.Ml :: NG.XF BM . NP « tonfiri.il. 
ideoque reaangula PNb, M Bi pcrpctu6 xquamurj un- 
dt Iiquer propofitum . 
CORQU.. I.Sipunflum X fuerit in aae CB,tumcoin- 
W * cident 
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cident punfta B, & F , & linea_ 
X F fiet X B , & expedicior eva- 
det conftruftiO'. 

COROLL. II. Pro vario fitu 
punfli X, quod velcitra,vel uleta 
axem , vel in' ase , vtl in peri- 
metro figurat , vel. irttra ipfam_>, 
vel fupra, vcl infra fumi poteftj 
necnon pro varia dilVantia re3x 
V N ad eodem fino. puntto X, 
variarur fpecies,. & forma figurae 
VPN,manente femperejusaiqua- 
lirare cum ipfa CMB , qdt ided 
infinitis modis in alias, & alias 
iquales. figuras etiam. per hanc 
merhodum. potetit transforinart 

COROLL.III. SilincaMw 
rtfta furrit axi parallela^, 
tum refla : X G coincidet 
cum X V , enique foliirru 
N V ,XB :: BM. NP,& 
curva Pf erit hyperbolft. 
quadratica-, nam fadta XV 
~ i, & BM _: & VN 
ssf, fit XB=:quaita:pro» 

"portionali polt £, & J ( ob fimtliai triangula N VX, 
M.BX ) , adecque BX=3 6*:tr; eft autem- e* curv* P>- 
conftruftione VN, fcilicet ^ad XB ,nempe utBM. 
ad NP; ergo hcc == him : «• , c* ideo.^j .aa : ; i. N Pj 
fcu quadrata abfciflatum NV, Vx funt reciproce utordi- 
uatse a-p-, N Pjitaqueninc eciam habetur,.infinite Ionguroi 
fpaiiiim P^S»N tffa finjtz dirtienfifjnis., & letjuarireeta*- 
gnlo XFM B; reliquum ver6 OPNVB — inffhrt» ar«e 
teaanEiiInntfrrBiaati C»M-Dy»Ma*ngulk:-PN<V-,pj*V 
■ " erunt 
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erunt ad invicem, ut BX, iX,fivc uc re&angula X BM, 
K/"« , quibus arquantur . 

COROLL. IV". Erit tamen afympfotua VO hyperbola' 
^P infinities. major altirudine infinita XC parailelograru- 
mi interminati X D , cuia cum fit petmutandd' N V. BM 
:: XB:.NP, ubi NV fit infiniri par#r, & manente con. 
Ilanti BM, ipfa XB migrat in abTolute mfihitam X C, 
tunc NE.qutjam evadit etdem eum'«f7*trrrtOtD , VOjeft i 
quarta proportionalis poft eafdem, tdeoque tlt M V eff 
tnfinite minor BM , ita lnfimta KC" ft mfinire minor 
afymptoto VO,,quare hxc eft plufquam infinita refpechr 
illius. Vidc difla At-tnS. * I*fi». pn?. K * 4. &*Mi. 

T HE 0 R B M HF.. 

CUmm Cm M, FpE ia i#*i~ 
cem refcrtmtnr ,KttxfixofKa- 
BoXfumpto w rc8a VC, q*x w. 
fiftt atrinfqwe co*}*Bgit\ &> Mm 
tiata qualihct XBN, ficante. Ktri- 
nffm txit:far*UilSi>i» > ptntBit 
JVy/fr ftmptr-ordtMtf. *M *JW-<- 
iinalam N P , nt recipnci fX aJ 
XC. Dico.,*r,a, CMB, VPtt 
fanptr tfKalts ftrc .. 

AGatur enmi infihite 1 prosi- 
ma X b h, arque ordinentur 
(W-, Hp; igitur ob limilirudincm triangulbrum , erirN». 
hb:: NX. BX::VX.XC:: B:M ..N P ex coi&tkB. ergo 
rcftangula esrremarum, & medi.irum iquantur, fcilicet 
fpariolum PNap =s fpatiolo MB*«,. unde paterutriuf- 
que ares: zqualtta! >Quod'eratrS?ci''' '•'■ '-\ . 
COROLL. I. Hinc patitery prtr vWByfitb-iiuriCti X, &. 
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linearumCB,VN 
verfz contlructiones 
VNPiIju cuidam CMBzqua- 
Jium haberi poflunt, non tamen. 
femper diverh gcncns. 

COKOLL.il. tliam reftanyu- 
laCBM,VNP hisareis urcura- 
fcnpta fcmpei mviccm aquaha- 
fient, jropter BM.NP;: Va. 
CX.-.-VN.CB, undeiiquet re> 
Oanguloiuin ab extremis,&me- 
diis faQotum zqualitas. ■ ■ 

COROLL. 111. Proinde hinc 
dedutuur, permutando, eandem'. 
feropet futuram rattonem arez C M B ad circumfcriptum 
leflangulum CBM , quz eft arez VPN ; ad CJicunrfcri- 
' n.VNP. 



THEOREMA III 



^lgaraCMSO^CTPVO itg nftraalar , Mt exfxo f *o- 
, flo O frottnfo rme O M, ordimoaue MB P, Avfaaut 





tnngtnte MJf, /t imftr SP =3 meiieuti ifjtnt 0 & , trtmt 
tte* CMO, C?J B ftrfe&i *q**!ei. 



DeTransf. Curv. ioj 



EX punito m infinite prosimo ordinetur mbf , jurn 
gaturautcm BiO ,&agantur inipfas mO ,mb perpen- 
diculares MH, M I : erit MI.Gnns anguli n>MI, Gvc in. 
terni , & oppofiti parallelarum M A O ; fcd M H erit Gnus 
anguli MbO, vel ejus confequentis A*rO, aut ( ob in- 
finite parvam urriufque differentiam wOM nihif «quali- 
tati derogantem tx fraf. 7. Jt Infin. ) ipfius AMO; funt 
autem Gnus angulorum MAO, A M£> , ex Trigonome- 
tria , ut MOad OA, vel ut dimidia MO ad dimidiairu 
O A, Gve ad BP, ergo MI, fcnB* ad MH eftrut dimi- 
dia MO ad BP ,& ide6 rectangulum extremorum UIP 
ts reflangulo mediorum, feilicet dimidiz MO in MH , 
hoc e&feftori MOH , vcl ttiangulo MOmj & hoc fetn- 
per; Quare &c. 

COROLL. I. Conguit bdc demtraltratis fupra i* ComB, 
7. fnf. Afftnditii \. quamquam alia methodo ( & in figu- 
ra cx duplis ordinatis facta id oftenderimus. 

COROLL. II. Sr 6gur* CMSO tangem brC flt baG 
OS patallela ,ficr CT afymptorus figurx OVP, ut pott 
— t : 1 ipGus O A , qux tunc infinita evaGt . 



THEOR.EMJ V. 



AHm AQ3T, 
SQP,tarcft. 




rutur , «t radia SA dc(. 
Criptofemieircii!oAEl r ', 
ftcante ramum AM- ia 
B,&j*x£I* SBPJt 
ftrafcr A M fottfta. 




Fflita 
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^Afta folita.conllruciionc infinite 



X? Si/jquor»amJeftoresinfinite eKigui , quifpatiisAM w, 
Sr>, guibusadfoi. ld ^£Z^£fa> '^™' 

hunlilr . rnnftrunnr ' -~ 



, congruunt 
£ ex ftof. ; . pt Infia. ) 
(atione hjbentcom- 
pofitam ex ratione^ 
quadratorum .1 ra- 
" \l,SP,&an- 





. m qwfotm A M duplura qu.drat. $ p :'; . 
ft hinc prodire rationcm iqualitatis , adeoque femper 
3 PSpiQuoderat&c. 

"'-[■■ J. Datx figun ACM iquales innumeras hac 
iffignare licet, eleflo ad aibitrium pu n ao S in 
. n, aut miiiori diilantia 1 fiso punfco A , dcfcripto- 
que femicirculo radii S A , & completa conftruftione , quam 
Theorema przlcnbit , unde femper djverfa prodit figura. 

COROLL. II. Hinc Lu- 
nulj Hypocratic; CPV, i;,-it) y 
eujufque pattium i>'MCV 
dimcrifiocK hacraagisge- 
neiali afTecrionc parirer 
dtducitur; Nam cum fint 
fetnper radii AP, AM 
fectori* APC dupli po- 



tentia radiorum SP, S £ A 




H V 



feaoris PV3,erit*r fcr thtir. APC=:PSV,& ablwo 
COairpuni SPC, fit APS = femilunulse CP V ,- iiefD quia 
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eodem ratiocinio AA/C 3 S B V^dcmptocommun: SjjjC. 
& addito utrinque MmB,Ht A BS= MBVC; Unde., 
ampliiis duaaperpendiculari iiH,p.3tet forc lOtam CP V 
ad paitcm CMB V : : PS . BH , in alriludinum fcilicet 
taiionc, in qua funt ctiam tiiangula APS, ABS ejuf- 
dem bafis AS. 

COROLL. III. Si Joco femicircuh (■viitfig I. tdverf* 
pag.) alia curva AiV fupponatur, in qua exfocic A , S 
inclinane linex ad quodvis petimetti punftum B faciant 
femper angulos,internum S A B, & externum £S V, in_, 
data ratione»adf7i(quales quidemcurvas olim conftruen- 
das mihi propofuit Doclifs. P. Thomas Ceva Soc. Jefu , ut 
videre eft in meo Traftatu De «emii liaeis Cumui ) tunc ti 
viciffiin SPq., A M q. fint in eadS ipfa ratione n ad m , arej 
AMC,SPQmagisgeneraliconllructione$quaIes reiuliahui. 

COROLL. IV. Quocirca,pio.vfliJetatc suTunipcx Curvi 
ABV,I:cebit innumeris modis dato fpatio AMC xqua- 
km rurfus aream SPQ exhibere. 



TBEOREMA VI. 



TRis figar* CASO, 
CMFO, atqtir^ 
OPTS ila referantar. 




D 



ut dnBis uhilibtt caarit. 
vatii priorh figara AB, 
A .V , & firfeidicalari j 
Aii_ai earnss taitgtitttm 
AD, ttmit aattmC,} 
O dtftriptis tireniafihus 
anubui BM, NP, « 
fu«Hsi fahtenfis C M y 
OP,fit'f r mper,Ktfuh- 



u r ,jtt jimpcr,Kt }ub- ,. ;: -«f .. 

mrmdis Q_B *i ohfcifsam. B.C , <M tttgtlut BCM ad **gK 



QP,fitfcmpcr,KtM- 
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Um WO P : erunt arct CSM , ONF pirpttuh tpski. 

SUmptoquippe ipfi 
A infinite proxi- 
mo purtao a , fifta- 
que eade conftruitio- 
necoordi: " 
s»,&arci 
cum fit ai 
ad NP in rarione 
polita es ratione an 
guli BCM ad anguli 
N O P [ hoc eft , ptr 
eontrtS. QB ad BC] 
&exratione radiiBC 
ad tadmmON, vel BA>, erit amis-BM ad N-P , ut QB 
ad B A , five ( ob limihtudinem triangulorum ) ut ai ad 
I A , hoc eft ut N b ad B b ; fafta igitur extremorum , & 
mcdiorum mulnplicatione , ent zona B(»M s zonse 
N nf V , &fic fcmper; propterea etiam integrj aresefupta- 
delignatar a:quabuntur. Quod erar&c 

COUOLL. I, Etiam hinc infinitis modis poterit nova- 
figura O PN ditx CMB arqualis ailignari , prout diverfa 
curva CAS aflumetur, diverfam habens fubnorma!em_j 
QB , ex cuius ad abfciflam CB ratione pendet angulorum 
BCM, NOPrelatio. 

COROLL. II. Quinimd iterum infinicis modis variari 
poteft curvi OPf conftru£tio,pro varia pofitione puncli 
C, quod diftantiam ab oidinata BA diverfam reddere_ 
poteft , adeoque & aicuum B M diverfum radium confti- 
tuere , nrc enim neceffe eft diftorum aicuum centium in_ 
vertice figurar datsc eollocari, fed ehgi poteft , autalibim 
figurje perimetio, aut intra, aut eattra , nec refert , utium 
con^avum , an convexui» taiium arcuum bafiin refpiciat , 
modo 



Di^itizcd b- Ci 
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mod& fint concentrici, ciim mbil horum deroget prcoften- 
xx figurarum mqualitati . 

COROLL. III. Praterca nan eft nece(Te,ut figurx, qux 
compaianiur , in aicus ipfos OI ; , vel ST deGnant, fed 
etiamll figura: OCM bafisexempligratia fuerit refta OFt 
five finita , live infinita .poteft nibilominuscootinuaricon- 
ftiuctio figuiseN OP hoc morJo. Inclinaca ubilibet linea 
CMa, defcriptoque arcu Mi Bi, occurrente bafi prstdi- 
flat in O», jungatur COi , atque ordinata ad figuram.. 
CAS infra continuatam ( vel aliam quamlibct SAi ejus 
loco ibi defcriptam ) recla Bt At, atque edufla ex pun- 
flo Ai reita AiNi ad axem parallda, reda verd AiQ: 
ad curvam perpendiculari, fiat fempcr, justa Theorema- 
tis conftructiouem, ut QtBt ad Bi C itaang.OiCMt 
adang. N1OP1, cui fubtendiuir arcusNtPi. 

THEOREMJ VIL 

OUatuorfigurt CASO, VCSO, 
EMFO , VK PO ita »»- 
miccm refcrantur, ul dtSa 
iua: priore: qualibtt A C axi B t± 
fartUela , ordinatifque ufqut ad 
ftfterttrei rcSi: ABM, GHP, 
faSifque AD ,CT friorum tam- 
gentibm ii>A, & G , jil uiigui 
ut fuiraugem TH adfubtamgem 
tem BD, ita ordinata BM ai 
ordinatam HP ; erunt area KfHP, 
S M B fcTfctubaquaUi. 

FAcla conltiudlione infinite 
prosima per hneas mag f,eik TH ad BD ( nempe 
ex tsnftruS. B M ad H P J in ratione compoGta esTHid 
O 1 HG 
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HG vel AB, & es AB adBD; 
at prior ratio eadem eft, qua: C / 

Hh, five GL,adL^,velI B) fe. // 
cunda vero eadem qux lazd k 
ad AI vel Bfi, ex qmbus re- J 
fultat ratio Hh ad-Si; ergo 
BM.HP: : Hh.Bb , ideoque^ 
fpatium MB(»= PHh/^at^ 
que hoc femper ) unde conftat 
propofitum .. 

COROLL. I. Hinc nedurn^ 
pro variacurvx CAS natur», 
fed 6t pro vana fpecic alteriu* 
curvz S G V,innniti&moclisva- 
riiri poteft conltructio-acc* VK P H daw curdam E M & 
aiqualis. 

COROLL. II. Si pro curva SGV fubrogarctur reaa^ 
ad angulura femireflum inclinata ST , quia fubiangens 
TH fcmper arquaretur ipfi H&, -ve! B A^ raneeonflhiiiio 
huius Theorematis.conveniret cumconftruerione Theore- 
maris primi, quod ptoptere» animT PancuHi fpecialem ca- 
fum hujus fsptimi conftituit,-titm;tfi-genCTaltmmum illud 
videiciur: id lanturo difciiminis intercederet, qu&d fitus. 
figu x K V H Pillam non bafi O S' acfiacentem flatuit ,fed 
fecus axem DO produchim collocat , tatnctfi eadem pior- 
fus & numeto, St fpecie utrobique rcfultet . 

COROLL. lll.Sifigura E M B fuerit eadem cum C A B, 
ad alretam fcilicet axis partem replicata, quoniam tunc 
BM = BA = H'G,erit TH ) B D::G H .H Pi &■ ABi * 
S MB(w 3 PHhfi unde datx cirilibet figurz C A B 
arqualem VKPH ai£gnabimushac:alia conftructione : eli- 
gaiur figura quailibet SG V ,&dufta AG asi BO parallc- 
la,; nrcnon utriufque curvae tangentibus inA,&G, qux 
Bnt AD ...GT , fiat ubilibet T H &U>\ ! A B, vel GH. HP; 
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eritque fpatium CABsVKPH; jdque infinitis modis 
variabitur , pro varietate alTumptar figuri SGV. 

THEOREMA VIU. 

CUruaramCAS ,CPT, , 
EMFca Jit proprtttat,x> -^hxT^-s. 



pkitntc , cttqae tsriinsta ■ ad pojtcriarem \ carvam B M,Jit fcmptr 
rami A 0 quadratttm ed rcfttttgalum fabtangcatit OD, & ra. 
rai OP , it aeiictai raiai Otai ardinatam B M: eraat arta 
C EM B,OFV ftrpttab aaaalei . 

FAila infinite proxima conftruflione,, quam reptefen- 
tat figura ; quoniam quadratum A O ad reftangulum 
DOPeft -iti tatione compofita e* ratione AOad OD, 
ideft o[ ,.Gve Biad At, &es AO ad OP , hoc eft AI 
ad PH-, qua: duirationes componunt tationem Bb ad 
PH, crir ergo B b adPH , urmedietas' ramiO Pad ordi- 
naiam BM , & reftanguliim M B*« = reitangulo ex i : i 
O Pin PH; idelt feQori OPH, veiOPj. . Eiquo con- 
(lat prnpolitum-. 

COROLL. I. Hinc infinitis modis , data alterutra figu- 
ranim CE«M , & V p P, altera inveniiur, pro diverfita- 
ta: Curva aflumpta: CA. 

COROLL. II; Quia quadratum AO =: reftangulo fub- 
tangencis DO in fubnormalem OQ, erit ctiam DOQad 




cxlari A B , ccBtrma 0 ref- 



IC 



DOP, 
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DOP,ideG: QO adOP, . 
utmedietas OP ad BM,& D ^^~-Jfcrz~~~. 
leftangulumcxOQmBM ^/X*\\\ 
= dirciriio quadiati OP; V \ 

Quaie fi etiam iusta hanc v - jtL^ \ | \ ~ | \ c 

rationcm eiptimatur pto- \ /1 jfttl 1 
-oGtarum figuraium rela- Ncf/ ^fi 
tio , fubGflet coitefpondcn- °^>, 
tium areaium zqualitas. -r E 

COROLL 111 SitamiOP 
fint zqualcs fubooimalibus figurz S A C,hocertipfis OQ, 
eric ME= dimidiatOQ; lin vet6 BM - OQ, vcl O P 
erit figura BCEM dupla fecloris OPV, fed curvaEMFr: 
curvx VPTj quia curalit al . I A: : AO, OD ; : OQ ( feu 
PO).OA.:PH. IA, fiecal, feu Bd s PH; cu.m ergo 
& differentia oidinatarum MB in tali cafu zquetur Kf 
diffeientiz tamorum OP, manifeflum eft, elementum cur- 
va: M™ ( potentia zquale tum diffetenciz ordinatarum, 
tum differentiz axis B£) — elemento curvx P^ [ quod 
poieftate zquatur uttique Hp , H P ] , quare & integrse cur- 
vi -quabuntur. 

COROLL. IV. Hinc obiter dat" figura: VPO, in pun- 
ctum eonvenieniibus ramis comprehenfa^poffumuscoinpe- 
teniem figuram CEMB prioris duplam ,fedeadem curvz 
Jongiiudine fcrvaia , per ramos tofdem m totidem or- 
dinatas BM invicem parallelas expanfam aUignare , aut 
"ictffim data hac espanfa illam involutam per ramos ia> 
commune cemrum abeunces enhiberc; hocenim habecur, 
inveniendo calem curvam CAS, cujus fubnormalcs OQ. 
a-quent five ramos, five oidinatas date figuiz ; Pro quo, 
fiat conllans quicdam OB, ad Hbitum affumpta — *, Ei 
atcus BI , tadio OB dcfcriptus = fit autem daia Op , 
vel bm=y; Siexfigura convoiuta O VP queritur expan. 
fa CEM, mtclligancur omnes rami OP,0/ eiigi inpun- 
Sis 
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dis coirefpondentibus A, I arcus BA, & fuperficies hinc 
orta, qua: ethf.yd?, applicetur ad;datam a, prodibit 
in r jotiente longiiudo Oa, vel OA determinans pun£ta 
CurvaiCaA.undeareubus ab s AB defcriptis, ordina. 
tifque ia,BM dabitur espanfa EwW; Sirl vero ex daU 
espanfa <ru;ratur convoluta, ponatur Oi ~ x & fafla- 
ipfi EinM figura reciproca, cujus ordinau =3 aa: y , ap. 
plicetut ejus fpatium, nempc.fumma en aadx :y, ad a; 
prodibit longitndo arcus £ , putaBI^perquemextendendo 
raniumOt,&in hocfumproO(>:=: im^fiet convolutaQ-P; 
Nam difFerentiando in primo-cafu erir yd~Z~ «^iinfe- 
cundo cafu aadx.y = ad^ , aut ut antea a dx SS ydr-, 
ctgo a.y::Jr. dx; fed & a.y.-.d^. PH iergoPHa i* 
=3 Bt; unde ob aqualitatem raraorum OP, & ordinataril 
B M , curvz ipf* V P , E M xquantur. Vide dkenda iafta 
Tteer. 16. tjafy. earall. 

THSOREMA IX. 

Sltit jam AB,*brr- 
fJ« ad ipfam 0 Cper- 
fendicularet , hco arcuum 
figura prtctdetttit ; itent- 
que fuhaagcut O D fit 
eidcm 0 C ad anguloi rt- 
{loi;fitautcm, at priu,, 
qaajratum rami 0 A ad 
rettangulum DOF, «t 
mtdietat OF ad B M; 
erant areaCEMB ,0/P 
ftrpttvh aqualet. 

DUftis infinitS proximisi Oap , ab ™ , & arcubus P L , 
A H, atque al ipfi O C parallela , cric Bf ,five AI, 
ad 
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tAI adAK.&AH ad PL* 
sanguh A0l[velADO] 
;i DAOjqujestrigonometri. 




ad PL in ratione compofita 
fid piima ratioeft eadem,qua 
ad linu anguli AaH,feu DnO, 
tis, eadem eft rationi 
oppofironim laterurnj 
OA,OD;fecundaauce 
ratio eadem ;ft, quz ra- 
morumOA, OP, eic 
quibus duabus r.uiuni- 
bus componitur & " ' 
tio quadrati O Aad 
aangulum DOP.ideft T\ 
per coiiliructionctndi- 
midise O P adBM;er- 
goeritBi.PLv.-OPia 
.BM; & idei reaanj 
ideft — triangulo, au 
conftat propoCtum . 

COROLL. I. Infinitis modis finiiliter variabitur alteru- 
tra figuiarum PVO, MEC,prodiverfacurva CsA ,qua 
uti quis vclit ad alugnandam alteii ex djtis iiguris aliam 
atearo xquaJem, per hujus Theoremacis conflructionem. 

COROLL. II. Si quadrata OA stquentur femper itclan- 
gulis DOP, & ipiis OP Jtquales ponantui B M , tefulta- 
bit areaCEMBptioiisOV P dupla; eritque paiicei cur- 
va V P = curva: EM, & hjc quidero illius involotz ex- 
panfa evadcc; nam cum oftenfa lit ratio quadrati AO ad 
leflangulum DOP squaiis rationi Bi ad P L, ubi ilia^ 
fueiit aqualitacis , etiam hax dabit Bi " P L , unde cflm 
et ditFerentia ramotum OP sequetur differentia oidinata- 
lum BM, iiet altera convoluta, altera espanfa figura, 
ut fupra toroll. frtxed. diftutn fuit. 

COROLL. Xam in hoc, quam in pcxcedenti Theore- 
mate cadeifl fetJuentur,fi fuerit,utquadracum OAadqua. 



lum MBiw = PL in OP r i, 
feaori POL, five- POf, quarc 



Digiiizcd b/Google 



De Trans£ Curv. 113 

dratum O P , iia dirrtidia 0 D ad B M ; cum lit enim qua. 
dratum O A ad teasngulum DO P, ut dimidiaOPad BM. 
& redtangulum DOP sd quadiatum OP.utDO ad OP, 
five ut dimidia DO ad dimidiaro OP ,erit ex icquo per- 
curbace qufldiaciun O A ad quadratum O P,ut dimidia O D 
ad BM. Q_uod eiiam ficalicer demoftratur . Qtiadratu A O ad 
quadratum O P ell , ut triangulQ AOHlfigBt[itjmTltortm.) 
vel A 0 1 {fig.ftq. qutaifrattitm Tbeortma pertiset)id limilc 
OPL , Bf r,mv fbtmmau, five OPH tu fetnnJo, five.utele- 
mentaria fpatia , quz ab his companbditer nondrfferunt, 
AOa, OPjr; fed propcer ODadOA[ ii prmo tafu,&tx 
Jcmonjhatit » bot tbror. ) ut A H ad A I vel B & , fiv* [ i%. 
alttra eafa ] ut A I ad la, vcl pariter£i,erit dimidiaOD 
in Bb — inangulo 0 A H primi , aut O A I fccundi cafus, 
idcft utrobique = area: elemencari OAtfi Si ergo dimidia 
ODad £M ,feureaangulumdii»idia: 0 DinB b ad M B bm, 
*ft ut OA quadratum ad OP qnadraium, nempe utOA/i 
ad OPp, ob antecedentium O D : 1 w B£, &OA<) *c]u>- 
litatem , fient rqualia & confc.cuicniij MBi.ii, &OVy. 

COROLL. IV. Viciflim fi figurx quxlibet O V P T, 
OCEF uacompaiarzfuerincad communemaycm VOC, 
St ipfarum partes VOI',£CBM fcmperxquales refecen- 
tur, conveniant autem teitx PO, M B in ptinfltim A , 
firque ut quadraium O P ad quadratum O A, ita B M ad 
aliam, cujusduplaponatur 
ODipfi MB patalitla.iun- 
dla DA tanget curvam C.-W, 
qua: perommapundta A,< 
difloiu concucftiQ mcedit. 1 

COROLL. V. Idem dico 
in cafo , & figura pstce- 
dentis tlieoiematis , G con- 

radio O S defcripto , ad 




»4 . 

punctiim A, ut '6riatur fi. 
roiliter figura-C«A ,- po- 
nendo ipfi O A pcrpendi- 
cularcm O D parirer du- 
plam di£t;equart« propor- 
tionalis pottquadrata O P, 
OA, Ci re£rim li M , jun- 
£ta enim D A parifer tan- 
g;m uic ipfius CaA : ! ete- 
nim fi non hac O D foret 
in utroque cafuhujus^&praecedentis corollani lubtangens 
di£tx6gucar,fed alia r,foretOAquadratumadquadratuni 
OP ix ceroll. j. ut dimidi* r. ad B M ,f«d etiam ex con- 
ftiuctionecft uc dimidia DO ad B M , ergo D 0:3 r 
" ■ TH£ 0 Jt E M A X. •;■}!-<■•. 
X pmBit fixii 0,Bad f Wt«« p«S»» A \t*rM CA ia- 




C?,CMi» P, 




& M , rfUbfm Mp^ofrt AD,& DR,DQ ti atrumaat ra- 
mnram parallcltit , habcat fcmpcr 0 P aaairatam ad qaadratant 
B M taniim ratknim ■ qaam OAR ai BAQj eriim attA 
OCP, BCM perpctn) aqaahi . - '- . ! 1 * 
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SUmpto infinite proximo pundlo a, jonganrur O», Bt, 
fecantes in f ,& ra curvas CP,CM .dudtifquc « cen- 
tro O arcubus pE, aL, & ex ceniro B arcubus MH , a\ ; 
crit ratio MH ad f E compofita. rationibus MH ad a I , & 
«I ad «L, & uL ad pE; qtiarum ptima eadem eft eum_, 
fatione B» ad Ba, feu BM ad BA j. fecutida .«adenu , 
quc Crusanguli i A.« , velaJrerni ADR.ad finum anguli 
LAa; hoc eft eadem quz laterum A K , K D , aut AR , 
AQi tercia deniqueeadera eft,qiueaOad O/, fivc AO 
ad OP; ergo MH ad/E rationem compofitam haber ex 
BM ad BA, & RA ad AQ, & AO ad OP , Cve efl ut 
reftangulum OAR in BM;ad redtangulum B AQ_in OP; 
cum ergo e_ hypotht-G rectangiilum OAR ad redtangu- 
lum B A OJit, ut quadratum O P ad quadratum £ M , crit 
MH ad pE , utquadratura 0 P in BM ad quadratum_> 
BM in OPv'hoc eft ut ramus ipfeQP ad ramum BMi& 
ideb fectores O; E, SMH, fiv^ ares: ipla; O/P, iMn, 
perperud jequabuntttr; ex quo conltat ptopofitum . - 

COROLL. 1. Oata ergo alierutia en iiis figuris, putl 
OCP, alteram CM£ ipfi aiquaicm conitituemus, elecliL. 
qualibet aha eurva Ca A ', et puncto fixo B, dudbiqm; ra- 
mis OA, B A, necnon tangente AD , completoquei -pa- 
lallelogrammo ARDQ, faciendo , ut OAR i& B AQ, 
ita quadratum daii rami O P ad quadratum B M , cujus 
ullimum pundhim Mad altetam curvamCmM pcrtmebn ; 
Iwfcipiet autem qusfita arra CMB infimtam varietatem, 
lum latione vnnsc pofitionis punfli B; tutri ratione divet. 
x cuivx Ca A , qux ad confttuclioncm afiumpra fueiit. 

CORGLL. II. Idem fequitor , fi quadratum O P adqua. 
dratum M B firerit , ut irdtangulum ORA ad quadratum 
RD, h_c enim ratio eadem.eft rationi redtanguli OAR 
ad B AQ j ob lationes coruponentes xquaics O A . A B : : 
OR.RD, quibus addita eadem latione R A ad RD , vcl 
A Q, fit ratio O A R. B A Q::OR A .R D quadratuui . . 
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COROIX. III. Viciffim ex d«i*areis «CF , OCT K 
xquala portioncs abfcindancux CMB , CPO , & nmi 
BM.Of coweoiaBt ia A.corv* h*nc refolcaotK CAS 
tingetis A O invemetuc ,fumpta «d Iihitum ram» O A pof- 
tione A R , tum- facwndo, nt qoadratum O P"ad quadra. 
tum B M , u* teaj«i&il»im.OAR «t reaang»Aim B AQ, 
compkcoque parallelogrammo Q.A R D, jungatut diame- 
ur ALk, quc etit ur.genj 



COROLL. IV. Si foeTit-CASconica fcftio, cujus foer 
O , B : quoniam tangens D A bifariam feeat angulnm j 
OAB(»«r4B. Cmic. ) erit anguhn. DAff, five atcer- 
nus RDA a R A D , unde R D =; R A ; iraque curru 
#r Carcll. t. fir quadratum ipfins rami O-P ad quatfra- 
tum B M , ut re&angiilum ORA ad : quadratum RD, 
eri(primtunquadta.tum ad fecundum , ut OR ad R D, vel 
R A, aut ut O A ad A S, vet ucOD ad DB. 

COKOLL. V. quaes hujus Theorematis , aotProble- 
mam. conlt ruftionc erit quacf r jtum PO m B A Q_ reil tm 
gulum = quadrato BM in rcftangulum OAR, fi BM' 
fuppomtur — BA (hoceft fi mma CwMconveniaccum 
Ca A. ut ipfainetarea RCAxqoalb-evadat arcx OCP> 
loeo BM, poneodoBA , erit quadratum PO in &AQ_ 
sqiwdrato BAlin OAR,hoc eftquadratunv PO in- AQ 
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= OAR irt BA f & quadratum PO.OAR :: B A . AQ: ■ 
OA.OR; uude quadratum PO ia OR — OAR in OA 
=: quadrato OA in AR i iterumque quadratum PO ad 
quadcatum OA::AR.OR::BD.DOi tdeoque 6 Eat ut 
OD ad DB,!taquadratum O Aad quadratum OP, etic 
punftum P ad Cwvam CfP, cujusarea OC P=: ipfi A C B, 
abftjue intermedia ali» curvaconftiu&icBenT »gulaOTs,Se 
prodiverfa poCrione puaai O, divtrfig aiodis curw CP 
conftruetur, St in alterius generis arcas trinsformabrcur: 
non tamen pcr idem punftum C tranfibit , per quod ii». 
cedit curva CA, niA (Am fuerint polarum dittantixQC 
JfCiqualcs; icmptrcninj dillajitia venicis curvz TPpl 
puneto O debet cffi: media prapOi-t-ioialis i«er C O, C B, 
e^no<ipimctoAtWMmfewcadG,ipfuBteti»«i panaum 
D congruil etdcm G* unde tamOAquatnOD fit — Oc, 
&BDe*adiiBC:propteieaqucanalogia OD. DB::OAq. 
OPq. vertitor in hane,OD ad CB ut OCq. ad quadta- 
tum difhntii vetticis curve TP/ 1 punfio f>. 

COROLL. VI. Eadcm conlhuiUo ptxcedentis corolla- 
rii fic poterat dcmonllran . Tam' nianEuia OA D,D AB, 
quirr/OaD, D*B funt in ratione bauum QD, DB.qaa- 
tbtt reliquoram triangulorun* tatio- eadcnv erit f igitur 
AOa. A Ba: :0 D.D B ; fi ergo OD.DB::OAq. OPq. 
boo efl : : 0 *q. Ofq. vel t>* L . Of E, aut AO* . PO ?I fiet AOa . - 
A B* : : AOfl. POp; quare AB«~ POp.& fie.fcmpBr. 

COROLL. Vli. PoGris ufdem ,. & fuent CA conica fe- 
fHo, cujusfoci O, 5,eritOP mtdia proportionalis inter 
0 A , A^i fic enim OA quadrarumad OP quadratutrferit 
D( OA ad AS, five ( ob angulum OA! ktangente AQ 
bifariam ffdum ) UC ODad D B. 

COROLL. Vlfl. Quodfi C' « fgm ft&udf) foeus 
lt*d infimram diflantiam recedat, velhoc fiec jum ipfam 
lineawCa', ve! junta aliam huic pMpendicuIaiemv quo- 
modo rami parallcli inviccm evadent, ipfique CB in pii- 
mo 
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mocafuzquidiftabunt, 
velut AM, *w, in fe- 
cundoilii perpendicu- 
larcseiunr, quemad- 
modum A B , ei; Et 
in primo cafu figura_, 
A C G M dupla ent 
arei OCP , C ftierit 
femper OD ad AM, ° 
ut quadratum AO ad 

quadiatura OP; in fecunilo autem figura ACB ejufdera 
area. OCP dupla fiet , cilm fuerit OD ad DB m eadem 
ratione quadrati AO ad quadratum OPi Nimfpntei- 

Juam id colligirur ex przcedentibu_ confiderationibw in- 
nite parvoruin ad hos cafus applicatis ) dufia OH tan- 
genti A D, & D N ipfi a B parallela , fiet H A = O D ;er- 
go paralielogiammum HAih ad parallelogrammfi Al«M 
eft in ratione OD ad AM, ad parallelograrrmum vcrd 
NhI A , aut K AEl, eft ut O D ad DS, qiiia ergo utia- 
que haec ratio eadem fupponitur rationi quadrati A O ad 
quadratum OP, feu trianguli AOa ad triangulum OPp, 
erit parallclogrammum H A a h ad parallelogmmmum_> 
Ali» M,aut A JHK, ut ttiangulum A Oa ad triangulum 
P.O»j fed primum eft duplum tertii , nempe HAah du- 
plum eft eft trianguli A Oa , etgo & fecundum duplum 
eft quaiti , ideoque tura AlwM,Ium ABiKinutra- 
que hypothefi duplum probatur trianguli POj>, & fic 
femper , uude £i area A M G C , vcl A C S dupla erit fp». 
tiioCP. 

THEOREMA X/. 

1NJ!gr:ri S CAS0,CEM(O,f,facrit , wt fnbtasgtm BD. 
nd tangmcm D A , ita fempcr erdinata A B ad orJtnatam: 
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SM, erit area CEMFO 
ad ™» {MfrfUUm ex 
tirctCAS circa axcn CO 
rrvolnto gcnitam , at radint 
ad circdarcm peripberiam . 



^D.DA.-.AB. 
BM;ergo rec1angulum_i j 
e_tremorumMB*i»=: re- J^^f 
ctangulo mediorum ,ideft F 
frcto e_ oidmata A B in T v 
arcum Aa ; Sed hoe ad 

zonam cucv» fupetficiei ab atcu A« circa COgemtanu 
( que; =3 rectangulo ipfius A * in pcriphetiam _ radio 
A B dcfctiptam ) eft ut tadius ad ciccularem periphe- 
liam; ergo & MB*ra ad ejulmodi zonam eft in eadcm_> 
rationc; & hoc femper ; quare ut unum ad iinum, itX-> 
omnes ad omncs, ideoque integca figura C E M F O ad fu- 
perficiem 1 curva CAS defctiptam eft in eadem ratione , 
radii circuli ad ejus petiphetiam , Quod crat&c. 

COROLL.I. Patet, aream CEMFOs lingulz cylin- 
dricz fuper arcu C A S eteAx , & abfciflje plano per asem 
C O tianfcunte , atque ad planum C O S pet angulum fc- 
mireftum inclinato , quippequz Ungula nthil aliud eft, 
qulim fattum cx ipfis ordinatis A B fuper atcu CAS ete- 
£tis; cilm oftenfumlit, ubiquc BA in a A s tABbm. 

COROLL. II. Cilm veti in decem prctcedentibut Theo- 
tematibui oftenfum fit , potTe aieam CEMFO infinicis 
tnodis in alias O V P TS tranformari, inveniti poteiunt 
innumerz aiez planz,quz ad cutvam fuperficiem conoU 
dis ,e„ figura C A SO geuiti, fint indata ratione radii ad 
circumferentiam . i 

COROI.L. III. Eadem fequentur, (i A B ad BM fit in_ 
alia 



I 
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alia zquivalenti ratione, 
ut AB ad AQ, vel AN 
ad AR,aut NG adGA. 

COROLL. IV. Mani- 
f )tum elt , ordmatas B M 
fSguix CE/Ozquariper- g, 
P« u 6 nor mal ibus AQ,q ue_ 
peipendicutariter cucvam 
CAS fecantinA,propter 
DB . Da :: A«. A.Q.-i 
. £Mj Quodfi arez 
CE/O zquahs OVTS, T 
ju s ta con ft ruit i onem The- 

oiematis pnmi ,deicri6ittir ,cruiit N Ps tangentibui A D, 
propter DB.B A::DA. AQ::NP.J M. 

COROLL. V. St C A S fit arcus circuli , cujus ceotrum 
Q, fict E M/linea reSa diametro CO paraJlcla , proptcr 
normalcs AQ fempet rqualcs eidem radio: itaquerecian- 
gulum en radio in finum vcrfurn CB xquabnur Ungulr 
ex finibus rectis fuptr arcu C A elevatis ( ut .tlibi oftendi- 
rnus ) eritBDc idem reataiigulum ad portioncm sphericjc 
fuperficiei ab arcu Ca genitam, ut ladius ad cir<umfe- 
renciam , li ve ut idem rectangulum ad cy lindricam fuper- 
ficicm ab ipfo circa Cfi revoluto defctiptam jundc zqua* 
litas portionum superftcici sphericz cum poitioaibus zque 
aitis fuperficici cylindricz circnmfcriptas , ex muh6 ma- 
gis generali principio , quim unde idipfum Arcbimedes 
dedumr , dcmonftra tur . 

COROLL. VI. Si tuertt CaS parabola, eiiam CEM/o 
ex nonnalibus AQin EM oidinatis lefultans, erit por- 
tio paiabolica ( tx Vinc, Vin. is Lat.fiJ. 1. i. fr. 38. )unde 
Ungulz fuper arcn parabcJico ere6iz quadratura , & lu- 
petfitiei conoidalis dimcnuo innotefcit. 

COROIX. V.U. Si Curvz CGH fubuotmiles iJR Gnt 
zqua- 
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sequales noirnalibus AQ_ j> 
curvx CAS , erit cujuf- 

vis oidinatae BG cireulus x/c \ B 

zquatis conoidali fuperfi- A/^" ■ ^~**^^.G \ ^ 



ciciei ex corrcfpondentej 8 
arcuCA,cucaCBrevo- / 




luto, defcripts; nam cx$fa - 
CeroU. 6. Tbcor. i. area.. \ 



itnu. o. lBcor. i. areaj \ />ay 
CEMB, cujus ordinatx . jr^ / 
BM = AQ= BR,eft jqua- «pff R 

li* nimiHin nnafirati BB.TfP* 



hs diraidio quadratj £G,T'^ P ■ ■ ; 

adeoque eft ad circuluiru> 

iadii BG [ OQCommunem altitiidinem BG , qua dnfla in 
dimidium BG , refultatdimidium ejusquadrati , ducta ve- 
16 in dimidiam suara peripheiiam , refultat circulos ] ut 
diraidia BG ad dimidiam peripheriam 1 BG defcriptam , 
vel ut iotegra B G ad fuam peripheriam ; aut ( tx bsi 
Tbcar. ) ut aiea CEMS ad fupeificiero conoidalem abar- 
cu C A progcnitam ,■ maniftftum eft igitur, dictum circu- 
lum tadii BG arquari prjefcriptj conoidicj fupcrficiei. 
Exeroplum illuftre habemus in circulo radii QC , cujus 
normalcs Q A funt femper ejufdcm quantitaiis , Siided fub- 
normales BRcorrefpondentis curvfcCG item arquantur; 
quod indicat , hanc cuivam fore paraboiam iatere redlo 
=3 iQC, five diametro ipfius circuli, ptoptereaque BG 
quadratum s icftangulo difise diametii in finum veifum 
CB, sa quadraio fubtenfa; CA , ideoquc re&a coniungens 
puncta C, & A = BG, & idt6 fpheiica fupeificies abar. 
cu C A pioduQa = circulo , qOetn cjus fubrenfa C A def- 
criberet , ut Archimedes oftendit. 

COROLL. VI. I. Simihter 13 fignf* OPN fuonornralis 
NS fuerit xqualis tangemi AD, erit ciiculus radii NP 
aqualis eidem tonoidice fuperficiei ab arcu CA circa CB 
produfti , ut «x fecunda parre quarti Corollarii, & ex 
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ctiam hoc modo ; p Z ad 
Lg racionem haber cora- 
politanex pZ ai ZP vel 
<jI,eisaIadlAvelGL, 
& ex G L ad Lg ; fed pri- 
miracioas^uarur S N, vel s\ 
ADad NP: fecunda ra- 
iio osquatur AB ad BD, 
aut Q.A vel BR ad AD: 5 
te tia ratio arquatur BG T--p e 
ad BR; ergo fL ad Lg 

cft in rarione compofita ex B G ad B R , ex B R , ad A D-, 
& ei A D ad N P j hoc cft zquatur BGadNP, autperi- 
phetiar radio BC ad peripheriam radio N P defcriptam , 
& faflum eitiemoruin.ideft fZ in peuphrriam radiiNP, 
zquatur fafto roediorum , ideft Lg in peripheriam radii 
' BG; quare Zona circularis, qu» drculus radii ttf mat\ 
dit circulutn radii N P , xquacur circulari Zonx ,qua cir- 
culus radii ig fuperat citculum radii BGi unde & ipu 
circuli af , ig , aur NP , BG zquabuntur, ob xqitales 
femper differencias infiniie; parvas ipforum ; citm igitur 
ex frtced, CaraU. citculus radii B G iqucc fuperficiem co- 
noidicam ab arcu C A , etiam citculu^ radii N P eideiru 
eonoidicse fuperficieiaiquabLiur. 

THEOREMA XU, 

INfigarir OPp,SAC,EMF,fifMtrit, ut tangcm FT 
ad fuitatgentem B D , ittt ordiaatt BMai ardiaatam N P, 
erit areaCEM ad conoiiicam fuferficiem ai artnOPtitta ON 
gctcraiam , ut raiias ad cirtnmferentum . 

FAdta cnim.confueta conftructionc infinitfe parvorum, 
eitt I 1 / ad N«velal,uc PYad N O vel A3,ipfa«I 
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ad IA vel Bb, ut AE ad BD,&e* iquo P/.Ei ;: P Y. 
BD:: B M . N Pcx hyporhefi : quate faaum ex ?f in N V- 
[ideft elemcntum Unguls:, ei fuperficie cylindrka fuper 
atcu OPp refefli plano pct ON rranfeunte^acper gia- 
dUs bafi NO P mclinato ] stquabitur rcctangulo M B Zm • 
unde & tota Ungula toti aiesc CEMB sequalis etit; & 
quia es difiis in prxciiTbtnr. i!la Ungula eft ad fuperfici£ 
conoidicam ab arcu OPe circa ON,ut radius ad ciicum- 
ferentiam , etiam areaCEjWB ad ejufmodi fuperficierro 
conoidicam in eadem rarione erit. Quodcrar&c. 

COROLL. I. Hac methodo innumeras divctfas areas 
planas eidem curvx fuperfkiej conoidictc in difta ratione 
refpondenres alEgnabimus , tot nimirum diverfis modis, 
quot varix curve CAS ad conltru&ioncm alfumi poffunr, 
imo & in vario Gtu collocaii.- 

COROLL. II. O_uodfi liat curva CG H , cujus fubnor- 
malei fint ipfis BM xqualcs, probabitur, ut in fuperiori- 
bus [ Corall. 7. & 8. Tbter XL ] circulum tadii BG sequa- 
ri fuperficiei conoidicse ab O P N circa O N generata: . 

THEOREMA XIII 

I Ifitm fofith ; fit fablaagm S D ai tangentem PT , nt r«*- 
J fiant qnsiam Uttia , pttti O H , ai aritaatam B M i tttt 
ffattam C E MBaaaalt nOaagaU iot* reBa OHtn carvam OP . 

ERitenim, ut fupra piobavimDJ (Tbtcr. prfcei. ) Bb. 
P/::BD.PY::OH.BM,ergo reftangulum M B6 » 
a OH in Pf ,adeoque & aretCEMB =OH in arcum 
O P . Quod eiat &c. 

COROLL. I. Pro varietate affiimptx curvse CAS, di- 
vcrfa fpatia C E M B oiientur , fempcr xqualia rcftangulo 
ejufdem O H in diflam curvatn OP, adeoque & sequalia 
inter fe. r 

Qi CO. 
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COROLL. II. Vicis. 
fim dato fpatio OVPN 
iiqualeiecianguluin re- 
periemus,fub dataOC, 
& arcu. C M curve. ali- 
cujusconeentum ,cujus 
ope piopterea fpatium 
O V PN quadrabitur , 
idtjue aliter , quai 




rerge Appcnd. i. Si nemp: ,alTumpta curva. ad libicuni C A S 
quam tangant C H , A H , fiat feroper O C . PN : : B A — 
HG..ME, Sl defcribatur talis curva C M , cufut tangen- 
tes Gnt ejufmodi. ME. ; Id quod tamen generatku abfrjue 
quadraturis obtineri nequit , nifiin fpecUlibus catibuj, 
pro vam fpecie affumptx curvz C AS, fubtangens cojus 
ad tangentem: quxfitx' curvx debet nocatn habete- latio» 
nera. confontiiOCadordinararaPN. ; 

THSOB.EMA XttT. 



INfcriptt fitcurwiCAS 
rtaaagmloCOSD ,tx- 
pofslit a*ttm trii-m rcHit 

X,L,Ki* auaiiict ra- 
tionc proporl ionaliter dc- 
crlftcntiiut,fiat KfX. 
iL::SO.OT ::SD. 
DF^frfiaatamjaCtT* 
C M F ,.lla ad axemCO, 
bdc ai CD Tttm, ipfi- 
aur CAS frotefiiasali- 
ttr aaaloga; lltm fiu JTtX.X- 
jsnCItfaiic C Q^CFfeeaatiits ttordi 




::C0Oa.'.'CD.5r, 
•tis AB, Abi vi K ,.£, 
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in&a FGfarallela Cfi, ordinelHr G H zi SMi crit f**»™ 
H ad tMTOMm 2 H tqnaico. carva C A . ■ • . 

SUmpta minima ftpro unitate , & -fk.c".a media Ls», 
erit tertia proportionalis X™ »»,fit quoquc CB — j , 
BA ~ y, QG =a f,Gfta »; erit ergg »»t r. i«::SO. 
OT ;: AB. BP::j. y»i(.»ti) ;i SD. DF:: AN. 
N M : : x.xxn: (»«t i Ji quaic BP 55 i»n: (««t O& 
NM= _,*»;(B»tO> &quia CB . BR :: CO.QQ:: 
«nti.oi- 1 ::CD.DV::CN.NE, fictNJ-- [»x~ i]j 
.•[wti] r (tBR.s (b»~ i) x: (»»t.Oi ira-jueRP, 
feu QO^ideft C = (*^»tfo«- 0*J ;(wti)i&ME, 
fea GRid-ft *=) (>[«»- 1 ].- ***-);£ »#t 1 ]t «go-/c 
-(a«*>tf"*- 0¥Vf):f«tOi &-*■-■<->(««- 1) ^. 
i»«Ir):(««tO UPde^'- [Wiftfl 4» (»r- I) 
#V«>tr»- 1 ? «V ]. [««t ■ ]' i »*' - [A' (*-»-r)» 

- 4» ( »»- O *T(jrt4***-Jl t»« 1 1 ]' iideoque t 

(4»» t (b»-i)', [«Vt^]:.[wt ij- quod 

- [.«V t A l ] , C4"» t **— *«■ t i.i r f 0 1 * «#■ t r )■ M 



— «y t </*' i & radix u lus =: radici tdteriusj fed' pii- 
ma eft difTtremialis curvi QH, altera v-r6 diffcreiTrialis 
curvx C A , ut notum eft, quare.tpf.-met ctirvr CA. 

QH,qiiarum di Fcrentn: pcipcmo :cquantur, inviccm pa- 
nter aquatcs ficnt . Qnod erat fctc. .-_■■ 1 ■ ■ . ; H i Vi - 

COROLL. t Pro varia wtione lincarum X,L, autL, 
K r maniftftum cft diserfarn ipeerem curvz QH proditu. ■ 
ram eidem dat-c CA Ibngitudine xqualem. .■■-., W. 

COROLL. II. Si curva CAfit geemie-rica , Gw.ut lo- 
quiamant recentiores, algebratrca , etiam, QH gcomctri- 
ca , aut algebratica erit ; Nam ejus coordirtatse f, & » da- 
tam rationcmh.ibcntdcpendcntcm ex rationc ipfarum x. 
y, ua ut fi harc gcomctrici;, aut algcbraticc esprimi po£ 



seqtnl 



tur* 7«* j j t 4»» T «* — j.mt ' >>: . 
i qu e, ob coeficiente uumeratori s ; (4 «» 
aiem denominatori {» 4 't 1B «t OV' 
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fx independenrer alo- 
gan thmis , aut quadra- X, 
turis , aut icftificatio- 
tie cutvarum, en»m_) 
illa parifottnitet cspo- 
ni queat aquationo, 
tiullam quadratuiamjj 
nullum logarithi 



COROLL.III. Etcuni 
hec ipfa cuiva QH rurftis in alias pari methodo transfbr- 
mari poflit, hoc etian) es capite vatia fcgcscurvarumfcm- 
pet longitudinc xqualium ', ied rpecieduTerentium,, & qui- 
dem femper geometricarum , fuboiitut. 

THEOREMA W. 

SOliAm txfigaraALF, 
circa axem A F nta~ 
tl ,yroM'.um fecitur pta- 
no HNM,tamai fUmm 
fer axem ALF , tam ai 
ia/tm eireali FLO ferfcn- 
dicalari ,& (eSio fiat car. 
■vaHIM; fist anttm re- 
(taBgula GCD , MFE 
tqmilia ftrtioarbat HIG, 
HMN (radifls feSioaii : 
iici,reSa*galam excttirm 

H B n eansa fortioaem E D s fignr» K HBC . 

SEcetur enim rurfus plano ad bafim parallelo CKI, 
eritque IC quadratum ctim quadrato GC secjuale-. 

qua- 
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quadrato CI , feu CK, ob ciiculum , idcoque fi ponatur 
HB — « , CK= t, CB =.'*- , CD=_y, erii GI =3 
^(tt^* ««Jicum ergo ubiquearea HGI, feu f. v"( — «Oir, 
arquetur redangulo GCD, ideft «j, crit diflerentian- 
do V[££ — «flj «\r=3 *aj, & quadrando , ~ 
*« dx l s fla ijr 1 , ac per antichcJim sf^rf* 1 =; «« t 
«o rfy , ergo extrahendoradiccm I £« , .r;=: « V(a>' t )> 
hoc eft elemcntum arex HBCK — rectangulo ex HB in 
elementum curvit. B D ; undc integrando, aica KHBCs 
HB in curvaro BD. Quoderat &c. 

COROLL. I. Quotics ergo ordinata tn elemencum ab- 
fciflc iquatur conftanci in elemencum alteriils curvj, pu- 
ta %4x~ a V[«\r l t *y* ] feroper habetur v"(££ -«*)*> 
~aiy , & fumms cx dietis radicibu» V(^ — ««) in 
dx , divifa per « , dat ordinataro y curvx rectificabihs 
per arcam cujus primuro elcmentura eral ^Jx , ut alias 
mPwergo Afpcnd. 1. innuimus. 

COROLL. II. Eodem mado , fumpta qnavis alia con- 
flanti i , fi V[ *^ — tb] Jx zquetur b in elementum or- 
dinata: *,. rurfus habebicur fJisf in clemeutum ciuve. 
V(dx* t^»' )i adeoque fi fiat primo V(£ £~ **)ix -=* 
in elementum oidinatse *jt, tutnfeeundo V[ ££ — *£] Jjf 
s i in elementum oidinatc dn, lam curva prima in «, 
quara curva fccunda in t , eruat inviccm, Sl eidem arer 
f. ^3.v zqunlcs , proprereaque tiabebitur fecunda curva ( 
cujus ordinatz *,adcurvampriorem,cujusordinatscjr,in, 
dataiatione,conliantis a ptiusaflumpta^ad alteram con- 
flanttm t. 

COROLL. HI. Si LHAfit finea refta , folidum exipfa cir- 
ca A F evadit Conus, & fectio H M N hyperbola, excujus. 
ideo quadratura pendet conftructio curvx BDE qux du- 
dta in B H a-quetur are* trapizit rectiiinei HLFB. 

COROLL. IV. Similttei in plano (* infig-» ftptHti) 
sxpofila quapiam figura CTVOcum adicfipto lectangu- 
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A S 




W T 



¥ 

v 



V 



loCNVO.fi differentne qtiadt 



P B , £F ponatttt 



atqualc quadtatum B L, ut oriatur curva N L O ,& fpario 
CN LB fcmper fiat scquale reciangulum 1 ; J3 M ,habcbitur 
cur»a CMS,quz dufla in N C aquabir ipatium CTVO, 
ut eodera calculoconltatiueut viciiri[n,datofpatio CNLO, 
cujus portiones quclibet CN Lfi scqttales -fianc reftangulo 
CN in BM, & polito qusdrato BP =t aggregato rjuadra- 
i;orumCN,BL,refultar fpatium CT V O = reflangulo 
tt.CN in ctirvam CMS. ,1 , 
CGKGLL. V. Cutti «utem fpatium CTV Oinfinitisrno. 

dis (ptr jkcim priora tbcortaata , tcnmqMt eeroilarit )in aiias 
■mt crarrsfortnari poflfic, ejufque ordiuatarum quadrata- 



ceflibus Jtquaiia puni Q^adtataanarumcrdinataruin,arquc 
abfolvi conltruftio Coroltarii praccedentis,manifcftum eft, 
alias Si ahas curvas in vicem , aut eidem dacz CMS(« 
cujus tangtntibus D A in EP ordinatis, tx tonflrutl fra- 
fof. Afttnd. t. onum fit foathim CT.VO ) xquales inmi- 
meris modis conltttri poflc , imo tt fier: in daca ratione , 
fi pro conuanti CN latere itSanguli CN V O, alia ma- 
jor aur miaor in data ratione adhibcreiut , juata cilcu- 
ium Coiollaiii II. 



C N , didtilqi 



THEQ- 
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THEOREMA XPX 

SI rnrni AE , A b bfanti in 
cnrvta EBb frodncantnr tn, 
D,d adttrtnm tircnlartm £Dd 

ctntro A jtjcrifam , & fnftrfcitt 
cylindrica , q«i fredirtc tx j». 
liitt ramo AB ad corrtffonitni fnn- 
Snrn D fnptr toJtm arcn frrptnJi- 
tnltrittr trtBo , tfflictcmr ad iffnmmtt raiinm A E , JtCqut-, 
iacicndintm EG , nd qnam ordintcnr Gf s rama. AB , rrit 
tnrta bcnc ■ trta HF[= cnrva frimi pop^/iu EAht. 

DUcatur eodem centro A accu» BC , occunens in G 
ramo infinite proximo Ai d,t'nque gf paiiter infini. 
ti proxima F G , atque /N asi E G parallela ; Cujn eigo 
fumma tx omnibus ramis £ A , B A , 4 A normalner fuper 
arcum EDd ereftis fcquetui tectangulo A E in Eg, erton. 
firnti. eiit pomo coirefpondens ramis AB, Ab iufiniii 
proiimis fupei arcu DrfetEctis , hoc ett ( ob infinite- csi- 
guam differentiam ) rectangulum A B m = AE in.. 
Gg ; ideoque A E . A B :: D d. G^;fed ctiam.-.D^. BC, 
ergo Cg , vel/N x: BC; fed & ordinatarum differeiwwu 
FN 1= ramoruro diffeienn^; iC , ergo F/ potentia arqua- 
lis ipfis FN, N/, xquabitu* Bi paiiier potenna a:ouali 
ipfisiC, BC; quare & tota curva HF/toti EBtsqua- 
bitur. Quod erat&c. 

COROLl. I. Datx curva: EBA infinitis modis nliam di- 
verfam iqualem affgnarc licebit, prout «litid , aiqut> 
aliud put.iium A , five imtA, five eisrra curvam eligemuj 
cio centro artus EDi. 

COUOLL.IL Suntamcroarea-AEBi, Ejf/FH, ilU 
quidem inwluta ,h«ver6 eitparifa (qualcsTifor.a.capo- 
R -fuimusj 





1^0 Appendix II. 

iuimus), unde poftenor fcmper 
eftdupla priorit, nara parallclo- "jfc 
grammum G N/g , & triangu- 
lum BAfl habenc bafes fg , Ab 
arquaies , ex hypothefi , necnoa. 
pares altLtudines / N , EC, ut 
jam piobavimus, unde illud hu- 
jus eft duplum . CoBfer difta Thtor. 8. Caroll. 4. 

THEORBMA XVII. 

Flgnrt CEPM, ea\ut 
tooriinat* PB ,PN, 
fiat recifroca CEPF fiim- 
ptii ftmfer P F , p F t er- 
tiit proportioitalibitt pofl ip- 
/«Pitf.pn, & cotflaa- 
ttm CE , qaa »1 raiio itfcri- 
hatnr arcns crcularii EDd, 
fitqm area PECF - CE D 
rtilaaguhim , itemqae ates 
p£Cf = CEd reBa^,,. 
I*m t &ficfemp.-r J*uBif. 
ateraitisCD, Cdeoiim 
etHtro C isfribaiiui arwt 
BM, bm. Er,t tur-jj EPp cnrv 

ESto EC ~ *,CIi - j',ED= £,P B - 1 DJsir 
Up = iytiix PF Xaa:x, es cor.(lmfl,one;fedq U ia 
feroper area PECF- rcfla-iguio CED, feu dupla . efi 
fecloris CDE , fit «iatn , ut zona PpfB (it fempet ™ re- 
cianguloCD^, feu dupJa talis fedloris; quare««iiW =3 
«Jf, GvcaJy.x- i^ ideoquea.x::i Z .dy::Di.lm, 
KgoI« = ^ = fHiled&MlK Bb-^Prl, crg o P^ 
[potcn- 




saualii. 
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1 potentia «qualis utrique /H, PH ] atquatur Mra ( pa- 
liter potentia xquali ipfis 1« , M I ) unde & tota curva . 
EP/ toti EMmxquabitur. Ojiod erat &C. 

COROLL. I. Hinc infinitis modis eadem curva E Pf in 
aliam EM» zqualem traosformari poterit , prant pun- 
ctum C remotiils , aut propius ail punctum E acceptum 
fucrit, unde varia magnttudo figurae PECN , & diverfa 
area E PFC priuri reciproca cx hac confiructione reful- 
tat , proindeque Bi divcrlacurva EMm, nunc cootractior, 
nunc amplior evadit. 

COROLL. II. Si linea EPffit quadrans circuli habert- 
tis ccntrum C, adeoque fit concinuatio quadrantif ED, 
erit EMji femicirculus fubdupli radii , nam arcus ED 
evadets EP , propter reftangulum CEDs arex qua- 
dranris reciprocx PECF = duplo fectoris C E P ( ftr 
taf. 8. Hagtn. «*«. 6. ) — reSangulo C E P ; undc C M cs 
C B ~ finui compiementi arcus E D, aut E P. 




2jA 
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CVrvfCXM, AID,TQF, 
AHN ita ttfcratttar , us 
iaBaabiUbct oriiaata £> G X H , 
& ai carvam A H fcrfcniitaVari J 
HK ,& orj.nota H F Ktarrcntc 
ia 1 cttcvt A ID , qiiam leiigat 
OB faralUii CN,AB icfiaita , 
fit ftnifer qaairatnm K F ai qtitt- } 
iretam F H, at qaairatam EO 
ai aggrcgatnm qnadratornm iata p*~> 
A B , & oriinata G Q. , fpath 
aMUMCTGfk.fi nqnalc rcBaa , X 
galtim cx iata AB m GX. Erit carva MXC adcarvtm AID, 
& qiilifot artat C X tJ trtam carrtffeidtatcm Al,ia iata ra- - 
tttait ACaiAB. R 2 po- 
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POn&nir etvim AC i «, A*t 
s B; AFa*., FI m.ij 

FK ts-f- ,<iQ — ?i ereo, w 
byfathtS',ff .yy::tt. : bb.fqg; 
nn<4e H t qq- yyt : ff; 
& qitoniam ipjtjucn CTGQ,, 
feu futntna ex otnmbui fdy zs 
b £ , erit ditFerenciando $dy 
i , & quadrato j q dy* 

tione 5 f ziyy:" ■ ff -* fri, 
tlgo-tt yydy : /7 - ** Jj™ 3J ifi^ pftr BnfitlttffW 
ttyydy' : ff=: bb d%* f 'W<y.' i. quare «ittrahehclet radi- 
cem,tjii/j:^= £ VCd^' t aj" J ifed quonianvp.Jy: :-4y^tx, 
{euydy :f =- dx,*i\i tydy.fzz t dx =s - 1 )t 

at fer Afftnd. i. Oii apphcata in, F, feu trfjc facit elc- 
mentum fpalii sroualis icSangiilo dati A C in. cnrvara_> 
AID, adeoque td* = a V(aV' t,**"* ) , crgo habtbitur 
a vV*' t ]« WUf t <*J l ii&ideft £[_>' Vdy' \ 
. V[oV t «'«' ] : : » ■ <N n^pe ck-mcrlca t-urvi CXMad 
clemenia curvx A I D funr rmiper in eadett) conftanti ta- 
tione C A ad A B. Quod erat &c. 

COROLL, J. Hmc patet, poffe infi_itis-monisd;)t_ ciir- 
VI A I D aliam CX M in daca ratione aflignari , protit 
diverfa cucva AHM aiTiuflettir ( cujus t-men oTtHnitT 
H I' ad torrefponden-c. -tojs datat carV^ A. 1 (iht 1ft ttfi- 
noti raeione ,qu_m (ie ratio propofita flCjdA») flrjfe- 
fta deinde conftcu^ioiie , quxin TbeoreiMte njppohitur, 
diverfx fpeci-i curva C X M quxlitS fatisfeciens habe. 
bitur . 

COROLL. II. Si ruppumtur kB±? AC, fafla ea-en_> 
Conftruaionc,!iabebitnr cuna CX M=s darc AID. 

CO. 
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COROLL. III. Simiii- anificio, '& parum mutata cob> 
ftiudtione , refotvendo aieam date^vetatTumptj cnrvj iu 
arcus concentricos , aiii & ali j cutVx conftrui porlent vel 
arquates vet justa rationenj prxfcriptam correfpandentes 
datx curvxi nec quidpiam facilius , quijm ad esemplum 
pixcedeniium Theorematutn alia , & alia innumera (imilis 
commatis inveniie, ac demonfttarej duo tamen adhue 
fubjungete non gravabor. 



THEOREMA im. 

GUrma EBbyEFdta ,: ■ 

imfiin itncU A rJnilis 

ttcaittibnvrcSm fottriolK!, 
Jntm ENivN, n , atfef 
hac fmctn ordiitatii RNH, 
r li \\,^filttaixitmos BA, 
bA, ut qnadrntam A B ad 
qindrelKn , •Ocl jfftj 
fit frmperfpatium KAEH 
s.AEGrcBnHgnhy&frt- 
t,*n tAEh = «ff«g*& AEg; ttntr 
circkUri ED6,fi*t drUMhi G F , g f ^ 
Dico- cam. enrvat £ B , £ F flrWtr» rokf 

SUppohwiturE 2 ,Ei , & rcliquf hinr pendenres tirie* r 
fierr irifinire. prosirmt ; eritque fpatium elementare^ 
RH-fir AEin G^i undeRH. A E :: G£ . fJi^fed, 
cx-hypothifi, B A . RH :: HAqi AEq; five-f nt aKbi pro. 
batam eft.far: i. diCttc. 'fref: g. ]_ :: N* . 1>i/; ergo ex 
irquo pemirbate,BA . AE :: Cg. D<(i. fed & B A . AE 
BS . Drfi etgo BS = Gg — VOi ipfi autem Sfrdiffis. 
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rcntix interceptarum BD, 
xouatur O / differenlix 
ordinatarum G F j ergo 8i 
)U=3F/,cum Gnt hy- 
pothenufx fimilium , 8t 

At,PQf;aumBito. 
ta curva EBt s cur — 
EFAQuodcrat&c. 

COROLL. I. Hiuc da- 
ta curva qualibet EBi,po- 
terit infiuitiS modis slia 1 
EF/ huic xquatis reperiri, fumpto ad atbitriurn quolibet 
punclo A, cx innnitis quz aflignati poffnnt , & factacon- 
flnictionc , qur in Thcotematc fupponitur doncc oriatur 
prxdicto modo curva EF/, quz rurfus mfiflitis modis in* 
alias transformabitur, duftis ex quolibet punclo , vclut:*, 
raniis *F., ac.repetita fitnili: conftruflipne . . 

COROLL. II. Sifuerint continui proportionales AE, 
A N j A B,fiet AEq. ad ANq. ( five RH ad AB)ut AE, 
vd RNad ABiergoRN = R H, & curva H Econgrnit 
refUfTE/fii fpatium R AE H ( quod = A EG reGao- 
gulo) congruit rectangulo RAENi itaque. E N E G 
S FL; quia veriin hoccafu B A D ( feu BDA + DAq.J 
^3 N Acj, d NEq. t AEa-i ablatis DAq. AEq. zquali- 
bus, Gt BDA = NEq. uude.& G F, feu EL in E A s= 
F Lq. Eigo E F/ parabola efi [ concavitate tnmen ad axem 
EL obveda j cu;us parameter AE. Qood ipfum jam in- 
diciver»nj'<s Htigtaimuis $*g. i^.curvam fcihcer ,in quarn 
dcfinunt rami teitio loco proportionales poft radium, & 
fecantem 3 poffe cum parabolica curva comparari. 

COROLL. III. PrOpofito fpatio quadrabili H E N , liee- 
bfl infiniias curvat aquales dctcrminare ; fumpto quippe 
puncloquohbti A, Sf completo rectangulo adjacente eidem 
fpa- 
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De Trinsf. Ourv. 

fpatio NEAR, junftaque NA, fiat ut AEq. ad ANq. 
ita RHad aliatn R 3 , & fpatio quadrabiri RAEK 
applicato ad A E, fiat latitudo EG, fitque drdinata GF 
=3 B D , idcft e_ccfJ-i rami A B fupra A E ; fic t curva E F 
3 cutv(£3. v. ■ ■**■■.» 

T H S OR E M A XX. 

merit autlinettK,L, K — 
X triavgalam reBangiduru 

tonjiituentibut , cujni altt- F 1 ■ ■ 

rmn lalnt K poimtitr ss r p.*-, t fcjf- 

=3 gi iataqttt turtiaCASl o ' 

^tabft^aCB^^cJil * & S ■& S 

»«« BArsy,Jti„ e altr- 

ratur-va £Hh tta rtfptnJeat, at aSftifa 2 G acttfta __ 
z = y : g - n_ ; g, orJimua GH ernlat =, m = n v • c 
T* : «; SnmtMfof CA;£BimfccM 6 

ERit enim qnadratmn tpfius G^, five HD differetitie 
& audrat-m differcntii ofdinat* /d ^51^ 
"*V*, f K t i «djJxrgg f J^-.gg; ergo Wuadrs- 
tum ciementi c.rvz HA, ideft fWta fJtO 
J ™ ♦ ; r } ■'"*" fcd er h yP° tneC «*t * = « ,-nde 
(™T i):gg=: <,ergo fiet ___*' + i* 1 s= 

quadratisAI, 8e I _ , feu quadrato elemcnti A _ curve 
A : t!„ quo liquet propofitum. 

COROLL. I. Pio varietate trium propofitorumK,! X 
numcrorum aut Kncarum , infinitis modis variabitur cur. 
vse Q H priori squalis conftruclio. 

CO. 




C O N C L V S , 



INnumerac itaque habentur folutioncs EtMtmtlit Btrm- 
uliia>:< , quod ab initio hujus iVppendjcis propofm; & 
quidem, tum generatim mvcmcndo Cuivara datfc »)ua- 
km, five algebratica lit, five non ; tumvero euaia deter.ro ina- 
teitaut,udatacurvaGia]gebrattca',.ew,m ajiatalis refulttt-. 
Hocquidem poiiiernuro fpeciatim d.oce.tufcTVw»- "4- &'*o. 
ut in eorum.Cqrollariis noiavimus; lUud vecd ptimuro in 
omnibns teliquis. poft duodecimum occuricntibus Theo- 
fcmatibuY, epiumque corollariis preftari, pofle inqumeiis 
modis, qui es do&rina precedentium omnium piopnfitio- 
num , ad, ttinsforrruitione,m fuperficieruro fpeflantiuro , 
ihfinitaro rurfus varietacem fufcipiunc, abunde docuimusj 
Qua.mquam & nonnnIU alia huc perrinentia jam fuerant 
i npbis ante vulgata in Efift. Giamitr. ad_ Tb. Cramn ubi 
nim. lg. moduro attuh , quo data qualibet fijura, \ cur- 
va Iinca . & reQa illam fubtedente comptchenfa , cylin- 
drus, inyentaiur, cui illa ita circuravplv] pollk , ut ni- 
tiilpminus, talis cum linea. in uno plapo jaceat, fitqire 
ejufdem cyhndti tranfvetfa feftio: quempdmodutn ex cy- 
lindipfuper Cy.clpide.ereQofectjQ tianfveifa|habetur equa- 
. hs dat; patabp!e ( , que eidem cylindro .adwoiuitur, ut ibi 
demonitraviniusj Et ex.cylindio fuper Traetoria ercfto 
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fetatur Logarithmica ; ae generatim , fi relacio oid;- 
nataiutn ad aXtfli, mutefur ifi telatiwicm ordinatarUf.i 
ad turvam , e* eylindro fupef pofterioii curva cacita- 
to fccabitut ungulatia fupetficies , delifrcns in tiirvarru 
pribteWi , cjuc diveifa parliurfi fuatum pofitiooe jaccUt ifc 
plano fecanti : idque ex methodo tangentiuffi fnveifi ta< 
ei!£ dcdodtur, cantu.ni enim cuiva determioaada eft , cu. 
jus «fjgens t! fubtangenti pnocis curvf datf, ut hat et 
illius cylindro abfcindi qUeau idque infinitis modis ha- 
beri Bottfl , pio varin asis afTumbti IbhgitudiiV.* , R poft- 
tione ejufqlie proporuonali fcftioni cum a*e cufvt; da- 
te. Similiter.tianslata figltf* data tn qudfnltbet cylirtdri.. 
cam fnperficiem ( vel etiam ih Gonicam reclarn , ut slias 
docui in tttitm Efifl. Gtam. n. 7, ) ac peifienditUlaribus e* 
quolibet ejus turvg fic comphcate punao ih ahquod plk* 
rium [pera«ro,auidiametrum, aut ordinatatn quamlibet 
bafiscjlindricj, aut eomce. qua Jibtltti! incliliatiolle, tfatfu* 
aum,»elaliudhuicpflralleluo]jdemtliis,generabiturtyiiB» 
drica quedam fuperficies , qu* M pianum ixpalifa cutvam 
e»hibebit diverfxnaturi,fed prioriadamuflim sqUoltfh . 

Sed cilm non femper hoc modo fes gcorhctiltC CJpe* 
diri qUeat, binis dutntasac modis infinitas hujus Btrflo* 
ulliani Piobletnatis folutionts dictis Theoiematibus 14, 5f 
10 propofuitTe, ac demonliialfe contentns ero , qu* Ctif- 
giatwc , & Bernoulhan^ folutioni , ia Ac!u Lyffi* I7S5. 
Mcvf.k Aprtlii, & ji*g^i',duduni publicafss aciiungi for* 
taiTe merentut, fi qu* illi pollulatit, vei aflumurlt, turiu 
noflris conftructionibus conferantur. 

Nimirum in foluttone Ciaigii monetur, alr pro da tHii 
.-rjfi.tSater Wcr tx U, du, & dtltrrr.»:atii ttnfififlt»! -, »f "Httt- 
iotts ainmtittttm d x , dy/«t J«mmabilts i qUam cnnditlo- 
nem D. Ecrnoullius arque difficilem , aut forte diffitilifcji 
rcm ipfo Prcblcmate pronunciit , unde fuam ipfe fiibdil, 
i ffictri qucdam obrtftiatii: , & jabrsvtimii ,o;uetn itiem Vit 
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Cl. ingeniose cxcogitavit,pendentcm ,cui &duo P 
ta premittit, quoium fecundum eft,Cnwtm algtbra 
pariei aaatamqut ±qitc amplai fccari fajfe, eo fenfu, ut es- 
tremc fccraruin partium normales angulos zquales conti- 
neaot :.id quod fatis difficilis indagims non nemini vide- 
bnur, tilm pijtei ftciiones conicas, in quibus ex frt/f. jo. 
Ub. i. Afalltmi conrtit modus id exequendi , in aliis cur- 
vis non llatim fefe obviam proponat praxis, & metho- 
dus difii feftionis, ut non poltulandara , fed indicandam, 
ac d. mnnlirandam quis prefumere polTeti unde & aliquans 
in praxi moleftiam id quandoque aliaturum fatetur ipfo 
Ik-rnoullius dtQornm AUormtn fag. 

Quidfi ergo indcpendentcr ab ejufmodi motibus obre-. 
ptoriis , aut jubrcptoriis , quos veteres Mathematici ad 
gcometricam Problematum folutionem aigre admiulTenc, 
& abfque przdiito Poftulato fecundo , pei folam inven- 
tionem verticis dat* curvi ( qui habetur ex maxima ,aut 
minima ordinata ad reftam pofitione datam, pcr metho- 
dos jam vulgatas ) doceat quis modum geometrice detcc- 
niinandi puncta fingula Cuivaru 



fubrepto 
turum cflct ? Id n 
confidimus 



>ulli» 



n Prublen 



Efto igitur 
vadataAMD,cu- 
jus escrems tan- 
gentesAC, DGin 
punaum C con- 
veniant. Pofitaip- 
fi DCsCOJim- 
gaturDO,fel 
cuivam in P 
pottionis P M D £ 



t jod.pietium fu- 
jenti cooftruaione pr*ftitilTc 
litt rnodi atj folvendum Bec- 
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vertex fit Q ( in quem fcilicct inctderet masima ordinata 
cutvz ad poficinnc datam DP )' eritqtie cangcns G Q'B ipfi 
D P parallela , adeoquc ad priores tangentes zqualiter io- 
clinata : ordinetur jamBEparalleta AC, longiiudmezqua- 
lis ipfi BD: mos rurfus dufla quavisalia curvj tangente MR, 
ad punftu M ipfis A,&Q incerpofitum.ponatur fimiliter DR. 
== RH.&junctnDH fecet curvam inK; tum poctionis DQK 
det«mineturvertejil,GtqueILtangenscucvzinI, quz ad 
utramquc tangentem Dfl , M R stque inclinabitur , & fa- 
fla rangentis alterius portione MS =3 1 L, ordinetur pa.- 
rallela eidem ACrcda SF- LD; eadc.nquc meihodo aiia 
iimiliapunfta Fdeterminentur. Perlpiciiunie(t,curvam A1 : E 
per hsecpuncUinccdentcni,eandemipfam cfle, acquiper 
motura obreptionis curv; Q D fuper eque amplam AMQ; 
aD. Bcrnoullio defcribitur; itaque ecit illaalgebraica ,pe- 
rinde ac daca A.MD , atquehuic prorfus jqualis . Quodfi 
ad contcarias partes conftcuftio fieret , ncmpc a Q vcrsils 
G fecarecur = QB,&ab M versus N fijmeretat — MS vel 
I L, atque ad inferiocespartesibidemocdinarenturB E ,SE 
zquales ipfis B D , L D , orirctur curva zqualis difFerenti; 
curvarura AMQ.& QID.quam motu fubteptionis Vic 
Cl.defignati unde fi fuppbnatur data QJ D.pofitaQMA 
ejus dupla [ per duplicationem ramorura ab codena puri. 
£lo,velutB, eneuntium , & ad cutvatn pertingentium ] , 
oriccur hac artc nova cutva — eidem datx QI D ; Quod 
eracinvcnienduni . 

F I N I S. 
DEO VERITATIS GLORIA. 



Qjiii lcgtt bic ? Min t» iftui ait ? Nrmo Htrcalc . Ntm ? 
Vcl Jko, nct ncmo: frpc, & nifcrabilt. Qftare? 
A. Petfius Sat. 1. 

AP- 
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APPROB ATIONES. 

NOS D. DAMASCENUS DE MUTUS 

Jttes SS. Hippolyti , & La*rentH ie Fanettia ,& 
tttiut CanaUulinfu Otiinis Gentraits. 

*— UM opus infcriptum Qgadrttuta Circnli , & Hyptrb* 
\_j Ix&c. P. D. Guidonis Graodi in Pifano Atheneo Le* 
"tx Congregationis Mohachi , jtlicjiiot es es- 
u itionc S. Th. Magiftri, qnibus id commifium 
jgnoverint , & in lutero edi pufie piobavetint , 
i.icujiaifnVfaciBiuff, -ut Typis mandetut, fi iis, ad quos 
fpcaat, ■ videbiRii-. Datum Faveuti» ei noftro Monzdo 
«o 1 SS-Hippol.8t'taar. die S. Aprilis 1703. ■ ■ - .... 

£>. Dnmefcttitts tie M»tnt Aii*s Gtner. Camali. 

toco 88 Sigiifc. 

- p. Marius fdtX Ttrrari Camell. 

ImfrmttHt . Atinibal de UnftatJchis Chicehuli 
Canen. U Vicaf. Gtner. 

S. Off. Pifarum . 



-. Ant. Franc. Palmerini Vic. Gcn. 
teiafrmatiiT. Ihqiiifit. Gen. S. Off. Pifatum . 
Additiones Impimaat. Ant. Franc. Palmerini V. Gen. 
Adiiltiones brpimsut. Vic. Gcn. S. Off. Pif, 



